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PRiEFATIO. 

I i^i'^ «^ pracipuas SeSiamM Conicarum pro^ 
^ priitate/i auim poffim breviter d dilueuie^ de^ 

Cui prepofito me • aliguA ex parte. fatufeciffe 

tham excogitata, parttmque propofitiones baudpau^ 
cas iquarum pr^cipuiu ufui baaenus in eo fietU 
qubaaiiarum demonfirationibus infervierim) reje^' 
candoypartim qutejeorjm demonjtrari fblent gene^ 
raJHbue tbeormatis imludendo^ aut atias ex aUisj 
coroUariorum vicCy levi operA deducendo^ ex utilio-' 
ribus plerafyue baud mafpo propofitionum numera^ 
csmpUoQtis fum. Ordine verb naturali eafdem dif 
^ponendo ^ ^eci^ ut minori molimiw^ & fimpliciori 
apparatu dsmm^entur^ tS d pracedenttbus fubfe^^ 
qmentes quafijponte emanent , non vi aut coaSi 
eruantur. 

l^orrb ptoprietatum Jpeciedrverfarum affinitates^ 
mutuafquead inmtem relationes^ fiquemadmodum^ 
pro certis quibufdam punSorum reaarumve po^ifh 
ftibus^ infe mutuo tranfeant^ paffim {additis fcboliis) 
annotavi: ^t ciim de earum veritate rntn una moda 
CQ^iterity fipenitiiu perJ^eUse fint ^ & .memori^ 

aUius isnprimantyr^ 

• ' Nequid 



Neqmd autem abfjue cmusS idmie& innwafie vi- 
dereryqmties infHtuti ratio alittdmln fx^|P«dc la 
Hire denun^ationes int^as adhihu i Ex bujus 
enim Firi u. opere maximo materies nofira nu^d 
ex parte defumpta efl. Non pauca tamenpnfrio 
marte inventay qweaue aUbi {quod fciam) haud 
extanty Mc iUic interjperfafuntj qua eruditus leSor 
facile dignojcet y ut iis recenfendis immorandum 
nonft* 

Hiec breviter de opere bocin ^enere diBa funto. 

In bdc verb fecundd ediiione prtoris menda Plpo-' 

grapbica ( nimis crebra ) toUenda curavij qme otfcu- 

riora erantj aut leSorem quotnfmodo morari poffent^ 

elucidavi i demptis quibufdam generakora fubttitui $ 

pbirimaque^ qua ad iperis cofnplementum dejmerari 

vifajunty locis congruis infetrn. Ex tdtimo boc ge^ 

nere fpeciatimfunt quie continentur in propofitimi'- 

bus is.& l6. partis I^ (i earum coroBarii^^i^^u^ux 

{uti & prdp. ^:par. f. qua hinc pendet) materiam 

fuppeditavit incomparaoilis viri D. Ifl Newton 

Prmcipioram Ltber I. qud etiam in prop. nltimd 

part. 2. cujus demonflrationem elegantidrem quam 

ahbi facile reperies^ mecum pridem communicavit 

Vir CVjo. Keill. A. M. nunc Savilianas J0rono»' 

mia Profeffor dignifjimus i qwe demque in propoji^ 

tionusn f.6.& ^.part. ^. coroBariis^ & ejufdempar^ 

tis prop. 7.&it. cum earum corofiariisy ^totdfere 

partequint&j quam quajiab inteffro recudi i ut aUa 

multa taceam qwefit^ula enumerando proUxus effem^ 

' §^uhd fecunda hac editio tam correSa produrit^ 
cura debetur doSi ac irtgenui Juvenis^ ^ matbefeos 
admodum Jiudioji^ Mardni Benfbn mdiis Chrifti 
Alamniy qui Ubenter typotbetarum j^babnats eor^ 

rigendi 



r^endi fmams i^ Jejufcipity cdqui^ eo mmine^ fSk 
me^ & ikSmiusy ffratia meritd habenda efi. 

%)t USares caniSji mentem meam intertretari^ 
SJtjmd kviui admffum^^ n^te fiqmd {JatvA veri^ 
tate) mims cmmadi emmcuUum^ aut tncencimms 
demon/lratum fierityid^ mibi iffiqfcere vetint^ a5« 
nixe arui querum conmuH&s fique pa8o infirvie^ 
rimyfindii d laboris mei mercedem fatis amplam 
me riporu^ enifiimak. 
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P A R S I. 

S E C T I O I. 

I 

*Definitiones. 

I re£la linea A E per pun£lun] quodvis A extra Ftg^iyii 
circuli B D E C planum poGtum ntrinque in- 
finite extenfa , manente pundto A, per totam 
circuli peripheriam circumagatur ; Binx huiufmodf • 
mota genitae fuperficies figillatim Omicde Juperfkies ap- 
pellantur. 

II. Conjunflim yero Superficics ad vertkem oppofita \ 
Ycl fimpliciter Suterfkies i>ppofita. 

III. Pundum A Fertex dicitun 

IV. Circulus B D E C Bt^fix. 

V. Rc6la ^A C per verciceiti A & baGs centrum G 
utrinque infiniteprodu^ Axis. , 

VI. Solidum iuperficie conic4 & bafi contentumO- 
iriyj dicitur. 

VII. Et quidem> fi axis ad bafim refi^s fuerit» Cih t« 
nus Re&m. '^ 

VIII. Si inclinatus, Conus ScaUnus. . a. 
IX* Communis plani alicujus cum fuperficie conici 

' inter(e<5lio, SeSfio Conica dicicur. 

Orolbrium def. i. Reda per pun6lum quodvis in 
utrft vis fuperficie & verticem duaa, cota eft in e^dem ^ 
iuperficie ; Produ£laque ultra verticem eft in fuperficie 
oppofita. 

Propofitiol. Theoremal. 

JReffu Snea AE per vertkem AJuBa ad ^uodvis pkn^ 5* 
Stum E intra utramvis fuptificierum oppofitarumf 

A fuantumvis 



quantumvis utrinqueproduSta^ intrafuperfkies cm- 
. cas continetur. Keaaque per verticem A duEia ad 
quodlthet punStum G extra utramque Juperficiem^ 
fuantumvis produffa^ extra utramque Juperficiem 
manet* 

Hxc propb^tio ckriof e{( quam i|t defnonftratione 
egeat. 

Prop. 11. Theor.II. 

4. Siper Coni verticem A tranfeat piamm ABC , fecans 
utctinque Cmkas Juperfictes | flafdem tn duabus re- 
Bis ABy ACJecabit, 

Sit interiefiio plani fecantifi & plaoi ba£u le^ B Q 
& ^ pun6lis By C, in quibua harc occurrit h^fis pen* 
pherix, ad v^rMcera A du^^e intelligantur re^ B A^ 
CA; Erunt hae tum in plano fecante, tum (perCS^ 
vo^. praeced.) ift fMperSciehus CoQicis, hoc eft| fiint 
j^Iani & fup^rficieruQi mteriefSibnes. Porro ah A ad 
pundum quodvis F ia baGs peripberia,i^ B & Cdi.^erib^ 
ducatur re£ta AF; Erit noec ubiaue extra pl^iiom 
A BC \\v^ efti plamnn A B C rupernciebu&Comcisib- 
lummodo in redtis A B, B C .occurrit* . 

Pfop • III. Theor. III. 

^\ ReGta lin^a £2) conjungens hina qwecunqut ptjinSa 

jEyDy in eadem conica Jupej[ficie fumpta^ modb n^ 

Jint ineadem reffa per verticem^ tota cadit M^afu- 

' perficiem conicamy j>roduffa vero utrinque extrd. ean^ 

dem ; ^ neutri {uperficicrum oppojitarum ampbus 

6. occmrit. Contra, ReBa E7) ponjungens hina qtue- 

\ cunque punBa Ey 2), iH oppojitisfuperjkiehusy moJb 

non ineadem reila per verttcem^ cadit extra litTam^ 

que fuperjiciem , produHaque utrinque intra utram" 

que tranjfity ^nftUrique earum ampujus accurrit. 

Namdu^re^is A.E, AI>, & produ^is (fiopus^ 
iiiiC,B^ Planum per A£C, ADB^ in ^uo ]>£ £t« 

eft; 



efi, non occurrit fuperficiei vel fliperHciebus oppofi* 
tis nili in re6lis AEQADB; un^ reda DE non 
occurric ipfis nifi in punftis D^ E. In pnore vero cafu s 
planuoi anguli D A E, proindeque redta D E, eft intra 
iiiperficiem conicam ; produdlaque utrinque extra ean- 
dero cadet. In pofteriore plahum anguli D A E eft ex- 6 
tra utramque fuperficierura o^pofitarum , proindeque 
& tcStd D E ; produ<9a vero utrinque intra utramque 
tranfibit. 

Si pun£bi D, E Gnt in eadem rtStz per verticem, erit 
teStsL iplas conjungetis (per Ctto/I prxced.) in ipfis fix« 
perficiebus conicis. 

Prop. IV. Theor. IV. 

Si circulum fui hafis eft Coni contingat nHa DRinH^ 
J Coni autem vertice Aadcontaffum 2) agatur relia 7, 
yi2) ; Tknum A7)E per utramque reaam produ-^ 
ffum fuperficiet conic^e folummodo in reSta A^D oc- 

cwrrii. Hujufmodi vero occurfus Contadus dicitur. 

* 

Re£b A D tum fuperficiei conicae, tum plano A D B 
communis efl: ; Ciim vero^ praeter D, quodvis pundlum 
F in bafeo^ peripheria fit extra redam D E, Erit etiam, 
prxter D A, qustvis alia re^ta F A in fuperficie Conica 
extra planum A D E ; unde hquet propofitum. 

CorolL I. Hinc & ex def. i. liquet planum ADE 
produ£tum fuperficiem oppofitam in D A produ£tacoa- 
tingere. 

Coroff. 2. Hinc ^tiam patet methcdus Ducendi pla« 
num quod fuperficiem Conicara in data re6ta A D con- 
tingat. Du6la nempe in plano baleos redl^ D E peri- 
pheriam ejus in D contingcnte, Ad6que per A D» DE 
pianoADE, propofico iatisfiet. 

CoroU. i, Praeter ADE, aliud planum fecundum 
A D fuperficiem coflicam non contingit. Nam inter- 
fcdlio ejus cum bafi hujus pehpheriani (ecabit ; unde & 
pUnum ipfiim fuper(iciem conicam fecabit^ hoc eft| 
non coot^igei» 

A a Prop* 



\ 
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Prop. V. Problema I. 

8. Per reffam jiC, per coni verticern A extra fuperpciem 
ejus utcunque duSfam^ Tlanum ducere quodjuperfi" 
ciem conicamcontingat, 

Per AC agatur utcunque planum, iecaos baGin in 
G H| Cui recta AC (cum in eodem fit plano ) occur- 
ret^ vel erit parallela. 

i''. pccurratinE; A pun£b E bafeos peripheriam 
contingat ex utravis parte re^ E D ; Coonexi A D, 
Erit A D E planum quxGturo. 

Tranfit enim per AC^ & (per przced. ) fijperficiem 
conicam contingit. 
p. 2**, Sii A C parallela G H ; Bifeai GH in M, ere- 
flSque, ex utravis parte, ad GH perpendiculari MDj 
faa^que DE parallel& GH, & connexi AD; Erit 
iterum A D E planum quxfitum. \ 

Nam(obACiiGH||DE)eritACinplanoADE; 
Continget vero D E bafeos peripheriam in D ; unde 
( per prasced.) planum A D £ Comcam fiiperficiem coa- 
tinget. 

Coroll Liquet bina tantum plana per A C fiiperfi- 
ciem conicam contingere; Ex utraque fcilicec p:yrte 
plani A G H unum. 

Prop.VL Thcor.V. 

10. Keffa fuavis EjD^ reff^ cmws AB ter veriicem A 
in ipfa fuperficie conicd duff^, para/lela^ ( modi non 
fit in plano fuperficies in AB contingente ) Uni taft- 
tnm /uperficierum oppofitarum^ id^ue in unicopunffo 
Ey occurrit; I/oc eff^ ex una parte^ tota efr extra 
utramfue fuperfktcm ; E^ altera^ tota intra tUam 
continetur in quapunffum EJitum eft. 

Planum per parallelas A Bj^ED» fecet^uperJBcies ia 
c A C ; Hoc pianum B A C, in quo rcAa E D fiu eft^ 
non occurrit fiiperficiebus , nifi in AB^c AC; Re^U- 

que 
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que E D ( ob parallelirmam ) noa occarrit TtEtx A B ; 
Occurrit umen neceflarib reibc c A C alicubi in E, ma« 
netque ex una parte pun£li £ intra angulum B A C, ex 
altera intra angulutp qui eft huic deinceps ; Unde &c 
Corol/. Liquet planum per DE, plano iccundum 
A B fuperficiem conicam tangenti| paralldumi fuperfi* 
dei oppofitse non occurrece* 

PropTVIL Theor.VI. 

Omnh reffa EF, reffa cutvis A7> per verticem A 
JuSa^ Atque intrajupetfkies cmicascaJentiypinraU ii. 
/f /4, utrique juperficiei oppofita occurrit alicubi iu 
£j K Ommjque reSa EF^ per punSum quodvis 
E in utravisjuperficie duHa^ reff^ cmvister vcrti- 
cem yf Z> extra Juperficies cadentiy paralktay EiJem 
Juperficiei occurrit denub in F\ Excem duntaxal 
caju ubi punStum Efuertt in una reciarum fecum- 
dum quas plana per A^fuperficies contingunt. 

Per A D & redlam E F tranfeat planum, iecans co- 
jucas faperficies in B A b, c A C| quod lemper fieri 
pofle, nifi in cafii memoratOi plus fatis mantfeuum eft ; 
Cum A D ca<kt intra angulum A C, vel B A c, Re^ 
E F qna? eft ipfi A D parallela» & in eodem cum ipfii 
plano , occurrec neceflarib utrique A B^ A C ahcubi in 
£, F ; Eritque in priori quidem cafix occurfuum alter 
F in A B produdla» hoc eit^ erunt E^F, in fiiperficiebus 
oppofitis. 

Sin punftum E, in pofteriori cafu, fic in re^ (e- 
condum quam planum per AD fiiperficies conicas con- 13. 
tingit^ manifefium eft planum per A D & punAum £ 
Conicas fiiperficies non iecare» & ireAam EF |l AD 
efle in plano fuperficies conicas iecundum re^bun 
A £ C comingente. 

Corolli. Hmc & per prop. 3. ulterius liquet Re£tam ii. 
E F^, nifi in pandtis E, F, neutri fuperficierum oppofi- 12. 
tarum amplius occurrere. 

Oroll. %. Omne pknum^ per hujufmodi re£lam EF, xi. 

in 



^ 
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II. iii priori cafa, iecab» atramque (tTperficiem ; Etin 
poUcriori, fi per A D traiUeac pj^num quodviS| extta 
utramque fuperficiera cadeDs^ planum per E F huic pa* 
rallelum ^ iuperficiem conicam , \n qaa pun£lum & 
fumptum eft, iecabit ex omni parte ; fuperficiei tamea 
oppofitse non occurret. 

Prop.VIIL Theor.VII. 

14. Si alterutra faperficierum oppofitarum plano fecetur pU" 
m b$J'eos paralklo^ EritfaaaJeaioEGFL Circ§i& 
circumferentia* 

Secetuf Conus utcunque per axem duobus planis^ fa- 
cientibus triangula ABD, AIK, quas (fi opus pro- 
dudalf dcctirrant plano Seiftionis in GHL, EHF; 
Ob pLina parallela, erunt triangula A H F^^^A C K^ uti 
etiam A H L, A C D fimilia : Quare 
AH:AC::HL:CD 
&AH:AC::HF:CK; unde 
HL:HF::CD:CK. Eft vcrd C bafeos 
centrum,UndeCD±2CK,ergo&HL==HF, Pari 
modo oltendetur 6 H :^ H F ; & fimiliter in quiivis 
alia interie£tione plani b^GFL cum plano per axem» 
Eilergo iktiio EGFL circuli circumferentia, cujus 
centrum H. .' 

Prop. IX. Theor. VliL 

j^, Si Conus fcalenus ABCL fecetur planoper axem^ ^ 
' ad bajim reSto^ faciente triangulum ABL\ Kefe- 
Stoque utcunque ab angulo BAL triangub ATil^ 
triangub AL BJimili^ JeJ fubcontrarie pojifo^ ( /. e^ 
ut fit Ang. AL B = A2>I) fecetur iterum Vonus 
planoper 7>T^ ad tftanguk A B Lphnum reffo ^ 
Erit faSia in fupetficie conica feffio 2) KIF^ circuli 
circumferentia. jDicituraute^2)jK/FSeStioSi3h^ 
contraria. ^ 

Per ipfius D I pundum quqiiRrii G ^tur re^ 
. . £ G H, ipfi B L paraikla^ Per quam tranieat planum 

ad 
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ad pknuai trianguli reftun}» proiadeqiie tiafi paralle- 
luiD, facieos (per pr^oed.) in fuperficie cooica circuli 
circumferemiam FEK H, planuniQue per D I lecans 
in re£la FGK; Erit (pippter planuin per axem) 
re^ . E H circuli F £ K H diameter ; Et ( propter 
utriufque ie^lionis planuni ad phnoni triax^ttli reftum) 
erit eorom interleaio K G F ad utramque D G, £ G 
perpendigolar^ ; Eft itaque ( propter circulum ) 
EGxGH=GFq=:GKq; Sunt vero ( propter 
Ang. AID = AEH, & DGE = HGI ) trungula 
DGE, HGI iimilia; Unde DG:GH::EG: 61; 
ErgoDGxGl = EGxGJH=(prius)GFq = GKq; 
Sunt ergo punAa F, K ad circuli peripHenam, cujus 
diameter D I. Idemque erit de quovis alio puiido in 
reftaDL Eftigitur DKIF Circuli-circumferentia. 



Prop.X. Thcbr.IX. 

Si in fMerficie conici^ apknoqmvis haji mn pandlehy^ if 
fiat feSio 7) FIK^ fua fif circuH circumferentia^ 
&it eadem feSfio fuhcontrairia. 

Planiai bs£ p«raUfslum factac circulum EKHF^ 
lecam pknum cttcuJi OFIKinKGF; fitque circuli 
EKHF diameter EGEL ad KGP perpendicnlaris ; 
Tranfibit hxc per axem, eritqne K Gss Q F. ^Ber re- 
fiam EGH, & coni axem tranieat planum, fecans 
planum circuli D F 1 KJtfi D G I A bafim in B L 1| E H; 
Erit (ob circulos) E GxGH = GKq = GFq = 
DGxGI;ErgoEG:DG::GI:GH; UndeTrian- 
gnla DGE, HGIfimaia. & ang. DEG=HiG. 
Si jam dflnente plano per axem A B L. prius dufto» 
inteU^smtur quotcunque circuli £ K HE ^pknis bafi 
piralieiis fadi; Erunt borum planorum cum phno per 
axem interfeaiones EGH, drculorum EKHF dia* 
metri ; & (ob planorum parallelirmum,& re£lam E G H, 
ad F G K prius perpendiculaoem) ad refpe^htras eorum 
interle&iQnes. F G K cum plano ctrculi DF I K per- 
pendiettlaccs^ eafque: idea bifbcaibttnt; Hoc.efi^ reda- 
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D I (quse eft ia eodem plano per axetn) eas omnes bi- 
jecabit» & propterea elt diameter, & ad eafclem perpen- 
diculark Reaaitaque FGK ad mramque DI, HE 
perpendiculariseft; pfoindeque planum per aicem tam 
ad planum circuli E F H K, (hoc eft ad bafim^) quam 
adplanum circuli DFIK redlumeft. Unde hquec 
propofitum. 

Corolt. Hinc nifi Se6lio conica vei fit fe^lio fubcon- 
tiaria, vel fiat k plano b^ifi parallelo, non erit circuli 
circumferentia. 

Lemma t* 

Si Juorum pkncrum ABE^ BCF^ cum pkno aliouo 
i(J. tertio^interfeSliones AD^ C F fintjparaUele i Erit 
etiam mutua ipforum, interfeStio BE ipfis ATi^QF 
paralleh. 

Secentur utcunque haeo tria piana \ duobus planis 
inter ie parallelis, quorum interiedliones conflituant 
triangula AC B, D E F ; Erunt (ob piana patallela) 
trianguli A B C latera A C, A B, 6 C, trianguii D E F 
' hteribus DF. DE, EF, refpe£live paraltela; Unde 
aneuli paralielis lateribus contenti eruqt >aequales : Sed 
( 00 paralielas re£las) A C = D F ; addoque ipfa trir 
angula aeqaalia, & fimilia. Ergo C B ss F E, ac pro- 
ptereaBE |i CF (| AD. 

St}efinitiones. 

j^ X. SiConus ABC plano A D E utcuoque per ver- 
ticem itdLxxSj rurfus plano fecetur plano ADE paral- 
lelo ; Erit fadta in illius fuperficie fe£lio F G H H Y« 
PERBOLA; cujus planum produdtum^y fuperBciei 
oppofits occurrens, faciet ejufdem noininis ieaionem 
f g ^ ; Has vero binae conjun£tim Seiiiones opfofita vo- 
cantur. 

xg, 2. Si per Coni verticem A, extraque illius fuperfi- 
ciem, (hoceil illam nec iecans nectangens) tranieat 

utcunque planum D A E ; Seceturque iterum conus 

plano 
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plaoo, pi^no DAE parallclo; Fa^in illiu$.(tiper« 
ficiefeaiq FHG EL4LJPSIS dicitur. 

3. Quod fi planqm M>E coni fuperficicni contin* iff^ 
gat, leeeairque conus^lanp, plano A D E paralielo^ , 
Fa£la in illius fuperficic fe^io F H G dicicur P A R A« 
BOLA. ^ 

Cbroll, I. HyperWa, & Parabola (cam conum ia 
circuitu non lecent) fpatium non claudunt| & conti* 
nuato Conoj fimul m infinitum continuantur. Ellipfis 
vero Conum ambit, & in fe revoluta fpatium undjque 
claudit; * • . 

CfroU. .a* Liquet(C!irculi circumferentiam Ellipfibua 
efle ;an]:\umerandam.. Nam li planum D^E per ver-^ 
(icepi fit; plano baiis^. vel. fe&ionis fMbcpntrarjx paral* 
l^hmif JPIanum huic parallelum fapiet in fuperficie co- 
fjca Circuli circumferentiam. Ideoque fub nomine 
yel ie^ionis conic? Ju), genere, vel Ellipleos in fpecie^ 
ftiara Circuli cirqumferentiam comprcnenfam intelli^ 
gat le&or. Qupd Temel moni^um fafiiciat. ^ , 

Cor0i/«,3. Re^coiijungeas bina quxcunque puQ^ 
inie£lione Conic&j tota cadit intra feiSionemj prpditp 
daque utrinque extra eandem cadit^ neque ei auc ie-^ 
Aioni oppofitae amplius occurrit. i^atet per prop. ]• 

Coroff. 4. Conjungeni bina punila, in oppqfitis ie« 
Aionibu^^fumpta^ cadit e:^;^ra fe6tiontit; produAaquQ 
utrinque intra utrami||ie deinpeps contmetur, Neutri- 
que^earum amplius occor/it. Patet per pr^p* $* 

. CsrpS. S' Unde Re^Ulinea fedlioni jconicx^ vel kik^ 
oppiin pluribus quam duobuspun<^isnon occuirit. 

Prop.XL Theor.X. 

Cbmmums inteffeffio I lupjani alicujus A MN, fuper- aoi 
fi:iem conicam tangentiSy cum plano feSiionis conl* 
. f^ F I G, m unico punffo I feffioni occurritf totajue 

extra fe&ionem cadit. Hujufmodi autem occurfus 

ContaituSx^/f//»r. 

Nam planum A MN nifi in re£^& A IM fuperficiei 

B Conic* 



Omicm notk occarrit ; Unde reda 1 L, qm eft in pla* 

no A M N, nifi in pim^ l, dti it6bim A IM iQter* 

' fecaty lcdtioni non occurrit ; PhnniD vero A I M cadic 

exf ra faperficieni conicaoi) pioiQde<^e & refta I L 

extra ie^ionem. 

20. Cifrott. I. Praeter I L alia re£la in nun^o I leftioneni 

Hon contingit. Nam erit hnjufmodi re^ neOeflario 

in alio plano per A M» ab A M N diverfo ; <]uod (per 

C&rcU }. prop. 4.) G^num non contingitt ie. fecap^ 

proindeque baec re£U ledionem iecabit. 

ii. %i. Corolt. 2. Dux quaelibet I L, M N Hyperbolata vdi 

* parabolam contingentesi necei&rio coacorrunt. Nam 

(iiidem manentibus qux in definicionibus) fi dicantur 

gnraUelir, erit planorum A I L, A M N coQtuigentet 
rmantium imerfefiio A B ( per Lemma i.) ipfia I L» 
M N parallcla, ideoque in ipfo plano A D E, ottoA 
&£lionis plano eft paralldnm. Sed in hyperboh (per 
Orott. prop. ;^} abud adhuc plannqi per A B fn^biptt 
ex altera jparte plani A D E) potcft conum contin- 
;e)re; Et m Parabola ipfum A D E conum eontingit ; 
^ria igitor plana per onam eandemque redam A B 
Gonam contingunt^ qnod (per Cmtt. prop. s) ^^ 
neqoit. . 

23. OnroB. 3. In EUipC vefOy & oppofitis leAic^ibuSy 
H* Cbmiageott coivis I L, erit alia ah^a contingeas i l 
parallela. Sit A B refta (ecundum quam planuai A I L 
fecat planam D A E ; fi per A B agatur aliud |^bq 
( per prop. s- ) tangens conicas fuperficies, fofaaibic 
hoc comingentem i /; Eftque ( ob pkm pmlleU ) 
AB II IL^unde (per Z>i». r .) I L H /7. 

Corott. 4. Contii^ens Hyperbolam I L quantumYis 
produ£U ie^oni oppofitae non occurrit* Nam planum 
A I L in quo tc&sl I L fita efli^non occurrit fupernciebus 
nifi in A 1; nec reda I L revftas AI nifi in t 

Corott, j. Re6be parallels duabus pIureS| EHIipfin 
vel SeSiiones opp. non contingunt. Secus pLana per 
eandem re£tam per yerticem^ duobus plura^ conum con* 
tingerent 

Pwp. j 
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Prop. XIL Thcor. XL 

rtfJm pofitis qua in d^fimtimbus pr^ntientihus ; In ^f* 
tUrivis feSiaimm oppofitarumj rtSA puevis I K 
faSa spJauopcrutramvis A D, w/ A £, fypmSum 

fuoJws I iu feffiouey duHo^ pUmumque ficiumis iu 
Kfccaute^ iu uuico bocpuuffo I feffiom occurrit ; fy 
ex uua parte tota intra fe&ionem coutinetur; exal- 
. tera vero manet tota extra utramque feiiiomum oppa- 
Jitmrum. Smifiter^ tn Faraboli^ reOa I K faOa a ^^- 
plam per KK ^ pun&um mtodvis I iufeStione 
duBoy feffioni in umcobocpunffo I occwnrit ; manet* 
pm ex unifa^te intra^ ex altera extra feffionem. 
%. At pneter rftiufmoJi reSfas I K| S^Q^vis aSa Ih per ZS* 
pmiSfum quodvi^ IfeffioniSy inplauofeSfionis, JuSa^ aC[* 
SeSimiy velfe&ion^ o^fitis in Jnuis pmBis I, L 
eccuntity vel falte^ feSimem coutif^t. 

Obplana.paralleUient XK () AD vel A£; imde 
paietpan i perprop.^^ 

a» Cam (ob plana parallela) re^ omnes I K finc 
re6fac ABj vel AD» « fibi iavicem paralielae; rcAa 
I L non eitt i{]£ A Dy vel A E paralleh ; Proindeqae 
plannai per I L & coni veruceoi non iecabic planum 
ADE m AD vel AE| icdali&sin AB, qux inhy- . 
perfaoli qddem potefi cadere vd intra Ang« l> k% 
id ^ intra faperocks Clonicas ; quo in cafu (^r prop. 
^ ) redh I L huic paiallelai occurret (iipcrticiei op« 
pofitae, hoc cfi^ occurrec Se^ioni oppofitx : Vel cx« 
tca; quo ia cafii ( per e^ndeiQ prop. ) occurret detrao 
eidcm lc6lioai| vcl eric in plano raperficiem concia* 
^t^ u c. $efi;ui|ie)n coatipget. 

In PiraboI& eric ABieoiper exifafupcrficiesconi- 
cas; Unde I L (^per (Nrop. 7») vcl lcdlioni^ dcono occur- 
ret, vd «mdem oootipgcti 

In Eliipfiy maaif^m eft(es prop. >^ I L per pun« ^m 
^mii ^opdTis in l^ionc { doOaoi ciacm denuo cc- 

B z currcrc. 
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currere,vel falcem fcdlionen] in codem punfto I conria- 

gcre. 
28. Coroll Hincfi per ptin£lurp auodvis B in (e£lione 
a^. conic^ vel utr^vis (e6lionum oppofitarum, ducatWr re£ta 

30. BC, quae fit reSx cuivis IL quat fcftiorti Velftlftio- 

31. nibus oppoGtis' in duobus pnndlis •occurrit;* vel quae 
^H^f/etfffMmieflionem, vel alterutram fe£lionum oppoficarum coa« 

cafum p-tingit, parallela; Eadem vel fe£Honi denuo, veHeftio- 

/('Ju^^ni oppofitse occurrct in C^ vcJ faltem feftionem contin- 

get. Naln eoipfo, quod paraUcfa fit re6l« IL, li<juct 

kion e(!e eK^rectarum I K mimero ; cademque erit^ ip- 

fius, «tque FL ratio. 

Prop. Xin. Theor. XII. 

*32. Pqfifis ih quie in Hyperhola ©» oppojitarum ftSHmum 
definttioHe ; -5? duo pknd A D I, A E K fuperficies 
conicas fecundum recfas D A d, **E A e tangentiaipJa-- 
fium feStionum jprodu(lum fetent in reSiis IMi, 
K M k ; Dico reaas I M t, K M k fuantumvis prth 
fiuStas neutri feffionum Qppofiti^m occufrere: ' 

Nam fuperficies conicat, (in qbibus fe6iiones fitx 
funt) & plana tangentia ( in quibtrs fiint re&ge I M i 
K Mk) fibi mutuo non occurrunt nifi in re%| D A ct, 
E Ae, quae ( ob plana jparallela ) ^unc' extra planum 
ie6lionum; Igitur re£las IMi^ K Mk^fe£tionibus noh 
occurrunt. * " ^ '- ^ j ' 

Z>i^Petito exre nomine/ hujuffinodi re^vocan- 
txxx Afymptotu ' ' •-- ' 

32. Coroil X. Omnisre&a A B in plkno ie£ti6tium op- 

33. poficarum utrivis afymptoto parallela^ uni (^dlioBum 
oppoficarum idque in unicopfunilo- B occuririt) n)anec- 
giie^^ una parte intra, exaliera extifa fe£lioneni. Nam 
ih conohujufmodi reoa utrivis 1 M, vel K M paralle-* 
la, erit (obplana parallda) etiam re£tae D A vel E A pa- 
rallela ; Unde liquet per prop. <f. 

32* (^r^//. 2. Omnis re£lii M C per aiymptotdli oi^eur- 
^ fum 
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fum M intfa anguhim I M K in(h, Atque omnM re£la 33« 
DE| que ad plagas {kSttonum oppoutarom (ecat u- 
tramqoe alymptotoo, produ6la utrjque feAionum op- 
pofitarum ocGurret. Nam in cono erunt necellano 
parallelas reAis aliquibus in plano DAE, imra Aog. 
D A E cadeotibus^ unde patet per prop. 7. 

Orol/. j, RedU OHN hyperbolam utcunque in H J4« 
comingens produda utriqueafymptotooccurret in 0> 
N extra earum occurfum M, & ad eafdem partes cum 
iedione» - Nam (i dicator tnmfire per M> vel eas ad 
plagas bpptofit^ lecareV.^j earthttalt^ parallelam 
cSt^ per jim oftenfa iM^bic fedionem ; Reilatque fo- 
Iu.mmodo cafus propoftus; ^ • 

Oro/l 4» Ufldc quae* biHa^ H N^ ABC eandem ^^' 
byperbolamcontingunr, concuri^unc neceilario inD, 
intra ' anguiuib O M N afymptotit contentum. Que 
vero O H N, a bc oppofitas ie£tiones contingunt, pro- 
du^ concurnmt intra Angulum a M N> vel c M O 

S[ui eftangulo OM N deinceps ; Vel faltem funt inter 
e parallelae. • 

Coro//» f. Reih J^G cotijungens bina pun£la in hy- 3^* 
perbola B, C, utrique afymptoto occurrit ad eafdem par- 
tes cum f^ione ; Namfi earum uni paraliela fit, oo^ 
curret ieftioni in unicopiin^lo (per Cbro//. i.} contra 
hypothefin. Sin utrique occurrat., ied ad paries oppo- 
.fitas^ fe£tto6i oppofitse oocurret (per Coro//. 2.) unde 
•ie£li6nibas ^^oppofitis in tribus pun£lis occurret quod 
{pcr Cmihs^i^def, pr«cedf)]fieri nequit, 

Cfar9//. '6«Hyperboia & afymptoti quantumvis pro^- 37* 
dudat non conlcurrunt, fiiropius tamen ad fe invicem 
aqcedunt quam pro datq\ quoi^is intervalJo. Dato> ab 
utravB aiympcoto M A, .intervallo A B, duS^ue BD j 

eidem aj^mmoto parallel^, ' jfecabi( hasc (per Cavo/l i.) j 

Se&oneinafi^ubi in G ;' Unde liquet propofitum. jj 

CvrcU* 7. £x j^oftenfis hbe quoque mailifeftum t% ^^ 
Pro vario fitu punfii H (iniOr^//. j*) refped:«i pun£ti 
M^ pttn£torom N, O aiterum ad punttuin M accedere 
rccedente altero, prout ad has vel illAs partcs pun- 

clum 
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6lam H aliiertc ; At veio CDnuD neutruts prios pimfto 
M coincidere, quatn pandaoi QonttuEk&s H ad diftao- 
tiam infioitam niigraverit ; ' Quo in cafu comingeiis 
O H N in arymptoton degenerat ; Vel quod Jdem eft, 
Afymptotos ad pun^um ab M infinite dilfams ie^tia* 
nem contingit. 

ftop.XIV* TheonXIIL 

fyperhU^ velj§8mimiiff^etti^ in$eitfiffh€mt$ 
pm$ iafisf oemrfns ^Afm^Ui m I, K^/effiom "dero 
in F, 6 ; ^t^pcr ptmSstm piodvisw uiravis feffio^ 
mm oppefimm H^ ^wrreSta O H N^ reSt^g I K 
p^nlkk^ 4(ympMis oecmrem in O, N^ fy feffiam 
^nn^ in R, vel emJemfarti in H continjgem ; 2)ko 
IFxFK = KGxGI=OHxHN = NRxRO. 

«PlaQtom |)aGs in quo efl; re^ I K, pknum^ue per 
O N huic parallelumi £iciem in fuperncie conici cjr- 
culoruqn circumferentias DFGE, PHRQ^ quas 
eorundeiii planorum interie^iones cum ^aois» a* 
fymptotos formantibus, viz, DI, EK, PQ^ QN 
concingcnt in D^ E, P| Q; & ob plana parallda 
eutDIsPO&EK^QN; Si cwingentes coe- 
ant in L, I, erit (ob circulum) L £.= L D» 1 Q^=I P, 
unde (ob fim. triang.) L I =LK, & 10= I N> ie* 
EK = DI=(priu5)PO=QN; criiei»>EKq= 
(obcirculum)KGxKF = DIq=IFxfG=POq 
=OHxOR = QJMg = NRxNH: CumGtautem 
IFxIG ^_f GKxKF 

IFxIK~IFxGKr~laKxIK~IFxGK 
eritIF»IK = eKxIK,ic. 1F = GK; PariMC 
modoerit OHsRNjUnde iFxIG = IFjiFfo 
KGxGI=OHxOR:;cOHxHN=NRxRO- 

$i contiogentes fint paiallelari crit (pb jual^ 
reSas) DI = E K = QJM =P0. eodevqiie proriiis 
modo procedic demonQnitio. 

Si 



Si O H N contJhgat hyperbolam, coniiiigeC & circu* 
lom; Uodc PO=OH «aN = NH, & POq = 

OHq=:QJ^q=iNHq=0HxNH=aDIq = {ttt 
prias)lFxPK = KGx6I. 

Sciolmm.Olltndi poOet I F=G K,duai per L diame- 
uo L S T| Tel (fi contingentes (int parallelx) diametro 
his paralleU^ bifecante D £ in S, proindeque I K & F G 
inT; ondelF=QK; panquemodo OH=RN; 
vel (in cafu contadAs) O H = H N Et^ quoad caete* 
Uy dcmoniliatio cflec eadem. 

Projp. XV. Thcor. XIV. 

/h Ifypcrhoh vel ftSlionihus 6ppofitiSy fi bin^ pkeUhet 
reat^ imterfe jmraUeUy fy vetutrapic ad eanJem 
SeRimem^ vel utraque ad oppofitds^ vel finguU ad 
fiuguks^ uttiufue im puuSis B, C^ F| G^ termitua^ ; 
vet quasrum una vel utraque feSumem^ vel JeSHones 
offofitas contingit ut imCf G, fi opus produff^^utri-' 
que afymptoto occurrant in A, D> E, H ; Dico reSfan* 
^&ABxBD, £FxFH> CDxCA^GHxGE^y^ 
fibi mvicem aquaHa. 

Si hse ro&B parallelae fint mterieftioni plani ieaio- 
nis cum plano bafis^ haec propofitio non diSen \ 
prxcedenti ; Sin minus, per pundorum B, C;, G, F bi* 
naquaelibet ex. gr« C» G agantur ad afymptotos uf^ 
Quere£be ICK, LGQ^, ouae interie6liom pUni ie« 
aionis cum plano bafis parallehe inteliigantor ; Eruns 
itaque (obrei^ parallelas) triangula DCK, HGQ^ 
fimilia; utietiamlCA, LG£Unde 

IC:CA::LG:GE& 

CK:CD::GQ:GHduai{queinreardioar 

tim amecedentibus & confequentibus, erit I C « CK r 
CAxCD::LGxGQ:GExGH. fcdICxCK:?= 
(per Prop. pracccd.) LGxGQ; Ei^oCAxCD = 
G Ex GH. Pafi omnino modo (A£lis per reUqua pun- 
Oa B, F reais, ipfis I C K, LG Q parallelis) demon- 
ftrabiturABxBD=CbxCA = EFxFH,&fc 

CbroA i.Hinc CDs B A, nam 

ABxBD 
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,«, ABxBD o_fCDxCA 

fo. ABxBC+ABxCDr-ICDxBC+DCxAB^ 
demptoque coromuni, erit A fi x B C = C D x B C, /'. a> 
AB = CD. Eodem modo E F = G H. . : 

CoreiK 2. Unde ABxAC = ABx B D= E FxF H 
= EFxEG.&c. 

^x. Coroll. 3. Re^a A C D fedionem in C contingens, & 

ad arympcotos in A,D terminaca ^eontadlu C biiecatur. 

Nam AB ubiqiie=CD^; & in hoc cafu coincidant 

Ax^ . pundla B, C. Similiter fi B C ad fediones oppofitas ter* 
minata pcr afymptotdn occurfum tranfeat, ibidembiie- 
cabitur. Nam CD ubique = AB^ i.e. CA =:DB; 
& in hoc cafu coincidunc A, D. 

^i. Cmll 4. Unde in cafibus CoroUarii j" erit E F x F H 

^5fc, = A C q = B D q &c. 

43. CsroU. y.. Coroll. 3"^. valet converfim. Nempe fire- 
£la ACD ad arymptotos in A,D terminata & fe6lioni 
occurrens in C ibidem bifecetdr) eadem fe&ionem in 
C continget. Namfi fe£lioni denuo octurrat in .B| erit 

^. AC = BD = CD, hoc eft, pund:um B non erit ^ 
pundlo C diverfum. Similit^r fi C B ad afymptoton in 
D bifecetur, Erit Dlcommunis afymptot6a occurf us. 

M. CoroU. 6. Binae reclae fedbnes oppofitascontingente^ 
inter fe parailelx & ad afymptotos terminatae d c a, 
DCA^ funt sequaks. Nam dcxca = DCxCA& 
dc = ca,DC=CA. 

^ ^ Corol/. 7* Conjungens ta£lus contingeiitium panUc- 
larum Cc per afymptot6n occurfum M trarifit. Nant 
per M du6ia C M & produaa ; Haec, ob.A D in C bi- 
iedlam, biiecabit huic parallelam 4^1^, hoc efi, tranfibit 
per ^, unde non eric ^ C ^ div^rfa. 

Lemma 2. 

^^,^ /n reffi A DfaSfa utcunque A B = C D, fumptoaue m 
jig^ eaJem qmyisfuniio E; 4S! £ cadat inter % ^ 
A/ Qydico 
^' BExEC = AExED-ACxCD:t;r/ 

BEx 
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fiExEC+ACxCP = AExED. vel^. 

2. S E eadai htter C, fyDj vel {ijMod eidemreiSi^. 
mter A, (^ Bj erit 

BExEC=:ACxCD-^AExED; vel 

BExEG+AExED=ACxCD. 6^. 

3 . Si E>r M A D prodnSik, erit 

BExECrittAExED+ACxCD; vel 
BExEC — AExED=:AC«CD. ^c. 
Nam in {Hrimo cafii 

AExED=:ABxEC+ABxCD+BEx£C+BExCD 4^ 

ACxCD = ABxCD+BExCD+{ 1^*55 

Uode AExED— ACxCD=BExEC 
In lecundo caTu, 

ACx CD=AB xED+BC xED+{ JJ^}+BCxCE, 4<J- 

AExED=ABxED+BCxED+{g|;;Eg_^., 

Unde 
ACJcCD~A£xED±=BCxCE+CEq==BBxECL 
In tertio cafq, 

BExEC^^^^^^+^^DEf-H^Eq+CDxDEJ 4/. 
/AExED > 






+5i&D}+BCxCD> 
AACxCD. 5 

^iia/. Coincidentibas pundli^ B, C, iti primo cat^ 
coincidit his panftain £, & evanelcit BExEC. 

Coincidentibus vero B^ Q .tranfit cafus fecundus in ^. 
illain s% El- 3.. tqrtius in 6, El. z. ot cuivis obviaoL ^^^ 

6 Prop; 
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Prop.XVl. theor.XV- 

SO.fi. InHjperhoh ^feStmibus oppofitiSj Ji iwie fUfUhet 
yx. fj. riatie KN, ST, vel utrMjue €ui eandem Je&memj 
S^ SS' ^^ ufrafue ad oppofitas^ velfinguLe adfinffdasj vel 
5^. abera Meandem^ ahera adoppqfitas /« K,N ; S,T, 

utrinque termtnata^ (b^ Ji epus produffa^ jf^i mutuo 
occurrant in E^Mrique e^mpmo in R,V^M,L \2)ico 

^^^^^^}^:RTxTV::KExEN:SK|iET. 

57. y8. a. Idem erit de maikatis bujufmodi reBeirwn^ quoties 
S<f. 60. iar$m$ uua veJutrafue feffionem^ vel es^amque fe- 

Stimum oppoj^arum^ contingit^ vei 6arufi$ una per 

afympt^tm occutfum franfit. 

SO.s^' Per utriafWs itdariiao NK tttrunil&ec ocDarfum 

S^- &c. cum (e£lione N, agacur reda X N Y, f e^ alt^ri S T 

parallela, afympnnis occurreos in X,Y ; erunt triangula 

LNY,L£Rfi«ilia,uiietianiMNX,MEV; ifxide 

LE:LN::ER:NY 

ME:MN::EV:NX. Dnairquc&c. 
LExME:LNxMN::ERxEV:NYxNX ideft 
( per leouna preoed ) prp vario fitu pun£li E, & per 
prop. ly.cum CoroU. 2.^ 

KExEN+KMxMN \ fLNxMNN rSExET+RTxTVx fNYxNX 
KMxMN-KExENX Id dft ): i/ RTxT V-SExET V.( id eft 
KE><EN-KMxMN/\KMxMN/ l«ExET-RTxTVi \RTkTV 

Onde in primo & fecundo cafu div. in tAtio comp. 
KExEN:KMrt<MN::SExET:RTxTV,inde 
• alternando liquet propofituin. 

2. Oflenfum m in pme prima KM x |4K : RT x 
TV::KExEN:SExET: uade coeuntibus puoAis 
K&N,T&SvdM&L&c. erit 

i5i.c7.58.KMq:RTxTV::KExi:SExET. 
/%.tfo.KMq:RTxTV::KExlLN:SExET. 
/r(f.f9.KMq;RTq;:KEq:TEq. Et flc in 
cxteris calibus. 
Scholittm. Coeantibos pun^ K, N ; S, T &c. Lem* 
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m praBcedem in hac demoDftrationc adhibitum non 
differt ^' s^ vel 5, El. a» nt fupra adnotavimus. 

CoroU. Si angulus afymptot6n re£lus inteliigatur, ic j 6. 
redlaruffl una K N, parallela fic, vel coincidat re^ 
alicui ACB per afymptot6n oocurfiUQ Qtranfeunti^ 
altera vero S T parallela redae D B in occurfu re^ 
AB nnam fe£lionum oppolicarum contingenti; Eric 
KExEN — SExET. Nam ob ang.rea.& DB = 
B I, erit per 3 1. El. 2 "'. C B q = D B q, & (per CbroiK^. 
proj).i^)RTxTV=DBq,&KMxMN=CBq. 
& (ic in cxtcris caGbus. 

Prop.XVIL ITicor.XVI. 

/n Hypethla ^ SeRmihus oppofitis fiMeffa ^[tuevif(St. 6%:^ 
AB aJ eanJem^ vel ad oppofitas feSHoms ufrinfue ^^^ a^ 
terminatay ^ fi opus jproduffa , /^/ hina jmeBbet 6f. 
reSa A B, C D interfe paratkl^, ^ vel utrafue an/SMffh fipt' 
eandem feffionem, vel utraque ad oppofitas^ '^^ fi^^^Zm^^. 
lube adfis^ulas utrinjue terminata^ (y fi opusprih 
duSa^ &nis quibufcunque ^ Qyl¥i inter [e peraBe-^ 
Usy ^ vel utrifjue ad eandem feSionem^ vel utrif^ 
que ad oppojitas^ velfimtlis adfingulas utrinpte ter» 
minatisy ^ fi opus produSis utcunque occfrrant, ut 
in E, T, ve/EiT^-B^ypinffisi Erunt reffofiula 
ex fegmentis ejufdem reStie^ vefbinarum interje pOf^ 
raUefwtum^ proportionalia reffanguBs e:i conterrmnis 
fegtnentis binarum reUqumum^ boc eft 

AExEB:GExEF::ATxTB:ITxTM, & 
AExEfi:GExEF::CV^VD:HVxVL ^ 
fic de binis quibufvispunffis^ 
z. Sin reffa qtuevis A E T utrwis a^mptoto paraJlela^66. 6y 
feffiom in tmicopunffo A occurrens^ binis tflinffmdi^^^ 
paraaeJis IHT, FGEoccurratin T,E ; erit Z^T"^ 

HTk7I:GExEF::TA:EA. 
Ea^m de reffarum contingentium puidi^atis iateU 

C 2 Reaar 




fitStx ofnnes ( fi opus produfbs ) occorrant afyin- 
, ptotis in 0| P, Cb R &c. ut in figoris. Erit tyi prxce- 

qenti 

AE)(EB:(SExEF::AOxOB:GKxKF 

&ATxTB:ITxTH::AOxOB^^]^j5Jj|y]. 

Unde AExEB;GExEF::ATxTB:lTxTH. 
Farinipdo pb AOxOB=:CQ^xQJ)&GK xKF 
== H M X M I probabitur 

AExEB:GExEF::CVxVD:HVxyL 
Nec alicer ratiocinabere de caeteris pundlis ; & in ca& 
bus contingentium. 
^6. 67. 2. Sit afymptot^n occurfus B, & conne£latur B A» 
^•fl^^^^Per punaa T, E ipfi BA paralldx, agantur DT S, 
Wf^' I^ E N ; qus6 occurrent neceflarid utrique afymptoto 
in D, S ; K^N» adeoque (per CoroU. a. prop. 13.) utri- 
que fedionum oppofitarum in O, P ; L, M ; finc vero 
K, D pun^ in afymptoto ipfi A E T parallela. 

£rit(obparaUelasrea;as)AB^DT = KE&BK 
:;?AE,BD = AT. 

Pprro ( ex priore parte, & ex lemmate z. ) erit in 
cafi^ Figurae 66^ 

rOTjtTP -) rLExEM 7 

HTxTI:QExEF: : < DTxTStOSxSP > : < KExEN^^LNxNM S^ 

CABxX?+ABq i CABxEN+ABq i 

..ftS+ABl fEN+ABi ,ur .- xXDBi.cKB 

-1 PS ri NK |-(obfim.triang.){TA>iEA 

Nec aliter in cafu contaAAs. 

Eodem modo, per Lemma 1. (pro vario fitu punfiq* 

xpm 7,fl, i^utatis nfuundis) pateoi t in omnibus cafibu$.> 

?rop.XVai. Theor.XVn. 

' '• . . > 

68. 69. ^a in fiyp^hpk^ <^ feffitmibus oppqfitis Juteri^i 

l^: H. propojitime ofteniinm.y propofitum JU in Etupjify 

l^' l^arahok ofienJfre. Si^i£cet^(pofitore^as RQyLMt 

fSf Jf ■ paraUe/as, feffionifue in R, O, L, M , occurrmtes, 

V •* re(iis\:iV,l^%para^le6s/fyfe&tom inH^^ 

occurrentibus^ 



accurrentibus^ iu puuSfis Gy E, X» V, occunrere^ erii 
G0xGR:LExEM::HGx6F:HExEP 
GOxGR:HGxGF::LXxXM:ZXxXY 
fyjk Je hinis mdbujw punSis. 
a. Sifi Re3u F H occunens PareMa in umicopunRo ne^ 
Fj wxunrdt pmraUeUs R G O, LE M» m 6, E ; critM^^ ^ 
F G : F E : : G X G R : L E X E M. ^-i ^t. 

JEaJem de contin^entium jiuu&atis iniellige. 

In ElIipG) vel Parabola in Conica faperficie fii^li,^^. 74. 
fint redae ckdetn quae in figuris 68> 69. &a negleftft %?/« «»/«< 
umum in pracfens reaa Z Y. ''^'^'' 

Per redarum R 0| L M altemtram R O, & coni ver- 
ticem I tranfeat planum R 1 0> iecans fuperficies coni- 
cas in reftis IR, 10; Secundum quas.plana IRK, 
I O N fuperficics contingant, ie mutuo (ecamtia in I T^ 
& planum fedionis in K K» O R 

Per L M tranieat planum, plano R I O parallelam, 
£iciens ieftiones oppofitas L D M A S» iecanique plana 
tang^ntia in redis T K, T N quae erunt propcerea 
a/ympioti. 

Per H F & coni verticem I tranieat planum, iecans 
fuperficies conicas in redlis H I A, l D F, pLanudi R I O 
in IG9 planum ieAionum in ABCDE| planaque /»/^.74..r«- 
afymptotos formantia in 1 B, I C^ ^*^ '^?^ 

Reoa A D eft ad alteram , mc utramque lecbonam/E,M, ^ 
(mpofitaium in A» D terminata, occurritque ai^mptdtis *» **r^ 
iii B,G , . "'"' 

Per panftam D, in plano (e&ionum oppoCtarum 
agttur, a(que ad afymptotos, re6la P D Q,paraUda 
KLEHN. 

Qb piana parallela ^ & re^ parallelas P D Q., 
KLEMN. fimilia eruQt triangula R G I, & PDB; 
GIO, &DCQ:. Pariter HIG & HAE; FDE^ 
& FIG, Unde 

IG:DE::GF:FE & 

IG : AE : : HG : : H£ Duaifque &c. 

IGq:AExDE::HGxGF:HExFE. RHrfum 



IG:GOr:CD:DQ. 
IG:GR::BD:DP Doaifque &c. 

IGq:GOxGR::CD^D:{g^«°Pj}. 

::(per jxop.x6.) AE xED: LE xEM & altern. 
IGq : A B xED : : GO X GR :L E X E M : : (prias) 
HGxGF:HExFK 
Probandum reftat 
6i,69: RGxGO:HGxGF::LXxXI4:ZXxXY 

no <7i, Jani vero oflendimus . 

^ RGxGO:HGxGF::LExEM:HExEF 

s$ff^ f^ 6c pari ratione erit 

r"^' LExEM:HExEF::LXxXM:ZXxXY 
unde 
RGxGO:HGxGF;:LXxXM:ZXxXY 
Pariter de punftis E, V. Nec aliter in re6lis contia- 
gentibus 
^f. 2. Fadis ut in priore parte. Com reda F H re« 
&P$g.7£. fpondeat reStic I K in fig. prop. lo, (mto Parabola, reda 
fifr^' . I A quae fit k plano per rdSbim F H & venicem I re- 
t^Ln^ fpondebit reflae A D in eftdem figura : hoc e& , erit 
^^ • FHparaUclaIAundeIG = AE. . 
Efigue ob fim. triang. 

FG:FE::IG:DE::IGq:IGxDE=A£xDE 
oftendetur ver5 ut fiipra 

IGq:A£xDE::GOxGR: LExEM unde 
FG:FE: :G0 xGR: L£ xEM. Paqterque ia 
cafibus contaSAs. 

ScAokum. Theorema hoc cum pi%eedenti licuiflec 
fimul un& propoficione compkEtif eademque operi^ 
cono demonftrafle : Cum tamen in hyperboia je lc&io- 
nihnf opp. hasc proprietas ettam in plano fc proderet, 
[uoTyronibus aliqnavnus confultum eflet^lioiiitleor- 
im demonfinrc. 



i 



SECTIO 



[^sl 



S E C T I O IL 

Prop.XIX- Thcon XVIII. 

In mni Seffione conica^^^ SeSiomlms epp^s^ Ji bi- 76. 77. 
iue YtSta B I, C I cmiif^mtes JeSionem^ vel fe&iih 78. 
nes oppoJUas in txtremis reffa cujufm B C , feSio- ^ ^^^ 
nif vei Jeff. ppp. in Innis tunSlis B^ C ocmtentisy mi^^^ 
cmcunMt in I, {vel in Euipfi ^feSt. opp.J%ntfeti€V^^ ""««^ 
mer Je paralleUe ) ^ ex utrivis parte taStus cm- ^f *^ ' 
jwigentis B C ducatur reSta E F, tpJiHC parallekyS^^' 
qua {Jio]^spraduSta)occuirratfeStiomy vel jeStimi^^^^^^* 
oppojita^ vel utrique JeStionum omfitarum in bims ^^J^ 
punffis £, F, ^ reffis contingenmus inU^Qi SXcof^fif* 
DE = FG. 

FAfti in {uperficie conica; ic6lione, vel ledionibus 79. 
q>pofitiSy pofidfque ut in prioribus figuris. Fex^^ 
coni veirticcni A ducantur A B, A C ; Plana per rc^ kS^. ^ 
AByBI &AC, CI fuperficieni contingent ^»^^^ fp^ 

PcrDEFG tranfeat planum, plano.ABC parallc''^^*^'^* 
lam, &ckm iefiioneni.vel fedliones £KF. & iecans 
plana tai^ntia in DH, HG; Erit EKF hyperbolay 
vd ie6liones oppofite ; eruntque H D| H G alymptoci^ 
ac promdc DE =FG. 

hk BfptAoh &ieftiontbQS opp^fitis, bsc propofi^ 
tio in plano demonflirari potdt in faonc nwdum. 

S^nt A y, A T ifymptoti, occurrchtes contingenti' ,^^^ 
bus ( fi opus produdis ) in T, V, re6te B C ( fi opus «g] 
produax) iii X, Y, * rcaiB DG in R, S ; bifcaAque 
fiCifiM,>naa lM[vel 11 BI,Ct] fecetEFinL. 

Per prop. 16, IBq rlC^: :BTq: VCq ; crgp 
BC& TV parsAkk fuiit, unde (ob6M=MC) 
rtfta I M bifecabk ^nnexMi T V in Z. 

ROTfiis<^BX = YC&BM = MC) e^itXM 

= MY 
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cM Y ; fi trgo per afytnptotdn otcurrum A ducatut 
refta A M , hxc (propter parallelas X Y, T V &hU 
ie£bs in M| Z ) tranfibit per Z, hoceft non dii&ret ab 
IMprimodual 

lamque (ob BM=5MQ) erit DL = LG; & 
(obXM = MY)eritRL=LS; undeDR=SG; 
fcd&RE = SF, undeDE=GF. 

Ofroll. I. DF = G£. 

CbroU. 2. Si ( coeuntibus punAis E, F, ) re5la D G 
ie£tionem contingat, i, tadlu biiecabitur. Si vero pun* 
^ E, F fint ad le^liones oppofitas, re£la DG in con- 
tingentem abire non poteft, ut ex fiipra di&is mani- 
feftum. 

Prop.XX. Theor.XIX. 

7<f. T^. ftfJem pofitis^ Si per contingentium occmfum I, (§• 
78. mediumpunBum M taffHs conjungentis BC^ dm(k- 
Buf^u A*- tut reffa I M; vel fi cmingentesfint paralkU^ per 
'^!ntu!^f4r' M Jucatur I M ipfis contingentihus paraUela^ Hm 
TMBeUrum. rcffas omncs E F ip/i BC paralklaSj ^ aJfirffionem 

veifeffiones oppofitas utrinjue terminatasy bifariam 

fecabit. 

Nam ob fimilia triang.IBC, IDG & 6M =MC, 
erit etiam DL = LG; eftque (per prxced. ) DE =ts 
F G9 & D F = G E, unde additis vel demptis aquali* 
buscritLE = LF. 

Si contingentes fint paraUelae, erit BM =s DL = 
M C = LG &c. ut priust 

7)ef. Re£be I M hoc modo genitae^ atque infiniti 
^Xicnfk 2>iametri appeUantun 

Ipfie vero M C, vel MB, atque omnes his paraUelae 
L F, vel L Ey intra feAionem, vel inter fedliones op- 
poGtas, dicuntur OrJinata ad diametrum I M. 

CoroU. i. Ob ordinatas fic biie6bs in Hyperbola, & 
Parabdbi, ( quarum curvae poft B C infinite fe utrin* 
que extendont ) diameter in unico tanium pnn^o H 

\ fcfltioni 



fc<3:ioni occnrrit ; In hyperbola cameti occurret, eldem 
de caaia, fe£lioni oppofitas in K./ Ellipfi occurrec in 
biais puni^is H^ K. Inter feiSliones oppoGtas neutri 
earum omsinb occurrit. 

2^ef. In Hyperbola, vel Se£l. opp. & EUipfi^ Dia- /tf, 77. 
roetri infinite exteniae pars H K U)iameier /raftfverfd 
dicitur. 

£t in oanibos ic6lionibus pundlnm H, vel K ^Tr* 
tex dicitufr ; & in opp» Se£l. & Ellipfi dicitur vertex K 
Yertici H Oppofims^ & viciffim. 

In oppofitis ^ionibus Diametri H K utrique fe- 77» 
&ioni occurremes vocantur Diametri 2)eMmimt^\ 78* 
Diametri vero inter fe£Uones Induernunata:. UtriuP 
que nominis ratio in aperto efi 

In omnibus ie^iionibus partes H Mj H L, vel K M, 7<$. 
K L vocantur 2)iametri fntercept^e vel Ahfcijf^. 77. 

Coroa.7.. In Hyperbola & Ellipfi'; cum fic B M x M C 
=rMCq, ELxLF = LFq erit ( per prop. 17. & 
18.) KMxMH:KLxLH::MCq;LFq. Et fic 
ubique. ^ 

CmlU ^. Tn Parabola, cum Diamecri in unico tan- '^;^. 6* 
tum puoao H ie^lioni occurrant^liquet (per prop.ix.) ^^Jf;J^'l:{ 
eas non diverfiis eflc ^ reftis tK f^is ^ plano per r<f^«/I! ** 
contadum*AD, planutnque ledlionis in I K iecante ; 
adeoque (ob planumADE plano fedioois paralle- 
lum^ ) efle omnes inter ie parallelas \ Et porro idem 
praeftare, quod exdem redtae I K in prop. 18. 

CcToU. 4. Et propter ordinatas bifeoas, ( per prop. 75. 
18.) Erit in Parabola 

HM:HL::MCq: LFq; Et fic ubique. 

Coroll. s^ ^txjCoroU* z. liquet ordinatas ad quamli* 71?. 
bet diametrum in EUipfi^quo magis ab utroque vertice 
diftant, eo majores efle, donec ad medium diametri 
pun^um deventum fit; Eritque ordinataper hoc pun- 
dum maxima. Et qux binae aequaliter ab utroque 
vertice diflant fisnt xquales ; Et c6nverlim« Ita enim 
ie res habet in redangulis ex fegmentis diametri, qui- 
bus ordinatarum conterminarum quadrata proportio- 
nalia funt' . D CcroU 



7(J. '77. Coroll. 6. Similiter in Hyperbola & Parabolai quo 

longius ordinatz k diametri vertice diftanc, eo fanc 

majores. £t in oppofitis fedionibus^ quae bins aequa* 

Ijter ab utroque ejus vertice diftant, funt a^oales; £t 

' converfim. , 

76. 77. Coroll^ 7. In Hyperbola & Parabola, quarom curvae 
infini^e le extendunr, fiunt tandem ordinatae dat& qu4« 
vis redft // majorcs. Nam fi in Hyperbola ita fuma- 
tur pun6lum^ ut fit K L « L H : KM x M H cr //q 
: M C q erit {^ propter ciJ^olL 2. ) h¥zr If. Eodein 
tnodo ( mutatis mutandis ) liquet in ParaKper CoroU.^ 
Unde porrb re£bi diametro cuivis parallela, UStvom^ 
vel utrtque fedionum oppofitarum neceOarib occorret. 

7S:77» Corolh 8. In omni feaione, Quac H N, vel K P per 
verticem H, vel K ducitur ordinatis paraUela, Sedio- 
nem contingit ; Et converfim. Nam fi aliqua ejus 
para fit intra feftionem, ^ diametro biiecabitur, quae 
tamen huic non occurrit nifi in ipfa fe&ione. a. Quas 
in H vel K contingit, erit ordinatis parallela. Nam 
binx re£las diverfie in eodem pun£i:o non contingam. 

8a8r. Cbro// p. In EUipfi & Sedlionibus oppoficis, Re^ 
H K conjuncens ta&ss contingentium paralklarum eft 
diameter reaarum BC|EF hilce contingentibas pa- 
rallelarum* Nam fi quxvis alia V R diqatiir earum dia- 
meter, re6be in ejufuem extremis V^ R, reftis B C, F £ 
parallels, ( per prxced. CbroU) iedionem concingent, 
unde aut plures duabus re£lis parallelis fedionem , vel 
fe6l. opp. cofitingent , contra CbrolL f. prop. 11, aut 
non cric V R ab H K diverla. 

Ao. 8[. Coroil, 16. In omni fei^ione conic^, & in ieft: opp. 

82.83. & inter fcd. opp. Quae binas reftas inter ie paralie- 
la^, vel utrafque ad eandem fe£lionem| vd utrafque 
ad oppofitas, vel fingutas ad fingulas utrinqoe ter« 
minatas» bifecat| Erit harum, atque omniumlfis paral- 
lelairum diameter. . Nam propria diameter bas bifecat*, 
&. binae re£lae a fe invicem diverfas has bifecare non 
pofTunt. 

80. gx. CoroU. II* Et in omnibus ie£lionibus, & in fe£l. 

8i. . ' opp. 
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opp. ii re6la H in quovis pundlo H le6lionen]^ vel 
mranivis fe£tionuni oppoGtarum contiogac, atque huic 
pai^ailela quaevis BC reftioni, vel utrivis feflionuni' 
oppofitaruni in pundlis B, C occurrat, Re£la H M, qux 
taictum H, & mediuni pundlum M reitae B C conjungit^ 
erit hujus atque huic parailelarum diameter/ Patet ut 
CoroS. p. 

Cmllii. In Parabola^ Si in punfloquolibet H con- 8a. 
tingat H O, fitque h\xk paraiiela quxlibet B C utrin- 
qot ad ieilionem terminata ; Qiiae H M per taftnm H 
ducitur diametro cnivis ST paraileia , erit reitx BC» 
atque huic paralieiarum, diameter. Nam hVum dia- 
meter (per CoroO. prseced) per H tranfit, & ( per 
CbroS. 3. ) eit paralieia S T, ideoque non eit ab H M 
diverfa. 

O^pll 13. Parabolac diameter^ practer ordinatas fiias, 
nuiiam re£tam utrinque ad fedionem terminatam bife- 
cat. Nam propria diameter lianc bifecat, Et ^ dua- 
bos-rc&is paralielisi^ fe invicem diverfis, bifecari neauit. 

0>ro//. 14« Ideoque in Parabol^^ du^ rcStx ad (ectio- 
nem utrinque terminatse ie mutuo non bifecant. 

CmH. ij. Contingens paraboiam omnibus diametris 8a. 
produAis occorrit. Et ^juxiibftt re£ta utrinque ad pa- 
raboiam fermifiata & fi opus produ£ta, omnibus dia- 
loetris fi opus produdtis occurriu Nam quJs uni paral- 
Idaram Qocurrit) occnrrit dmoibus. 

Cor^i 16L Si in Paraboii re£la quaevis HM| diame- 82. 
ao cuirit&T paraliela, re£tam quamvis BC utrinque 
ad fedlionem terminatam hifecer» Eric hujus^itquebuic 
paraileiarum diameter. , Nam omnes diametri funt pa- 
ndfeic (jper C^oll 3. ) £t ( per 1 3. ) praeter ordinatas 
fuas Qidlam omoinp ttStm ad (c^tionem utrinque ter- 
minatam bifecanc. 

CorolLiT^ la omnibus fe&ionibus^ & £e^onibus ^^^^^, 
oppoficis , ex diametrorum genefi liquet Comingient^s «^g^ 
in extremis reSae cujufvis B C, ad diaipetrum quamii- ' 
hetHh ordihats, luper tiid^m diametro coiiein aliqao 
iplSndb I : aut cfle eiidem paralleias. 
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Prop. XXI. Theor. XX. 

*4' ^S^ Tn Elhpfiyisf feflionibus oppofittSy ^a DUEper fne- 
dium punStutn H Jiametri cujujvis A B {qua tn opp. 
jeR.jit determintUa) utcunque Jttcitur^ SeSfionivel 
ftSlionibus oppofitis inpunliis E,D occutrens^ ipun- 
ffo H bifariam dividitur. 

Si DHE fit ad diametrum AB ordinata, jam liquet 

propofitum. Sin roinus; ^ pun£li$ E,D intelligantur 

ordinats ad diaroetrum AB, redae EG^DF ; Qiiae 

parallebe cum finCy erunt triangula H £ G, H D F fimi- 

^ firailia; 

Per CcToll 2. prseced. crit 
BFxFA:BGxGA::DFq:GEq::( propter , 
fim. triang.) F H q : G H q unde alternando, & com- 
K>nendo in Ellipfi, dividendo in oppofitis (e£lionibus^ 
IFxFA + FHcTi rBGxGA-hGHq^ 

FHq— BFxFAC:FHq::^GHq — BGxGAS^:GHq 
, /. ^. HAq 3 • C /.^. HAq 3 

Undc F H = G H & ob fim.triang. inde D H = H E. 

Prop. XXIL Thcor. XXI. 

8tf* 87. In HyperMa^ veloppqfitisje&ionibus^ omnes diametri 
coeunt in occurfu a/ymptotin H, fuarum determiteata 
ibidemje mutuh btjecant. Et iu EUipJi omnes dia^ 
metri coeunt^ ^ fe mutuh bifecant^ in com$mmi qtoh 
dam intra JeStionem punffo H. 

8(f . Gum diamctri dctcrminatae in hypcrbola vcl opp. 
kSt. jungant taftus contingentium parallclarQm, tranl^ 
cunt omnes ( per OnroU. 7. prop. xj.) per pum^um H, 
& ( per CmJl. 3. ejuidem prop. if .) ibidcm biiccantur. 
Indetcrminatx vero bifccant omncs ordinaus fiias in- 
tcr icftioncs, quarum una neceflarib pcr H tranfit, & 
ibidem bilccatur ; Omnes itaquc diamctri indctcrmt- 
nat« pariter pcr H tranlcunt» 

In 
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In EUipfi, fi per duarum quarumlibet diametrorum 8/. 
A B; £ D media punaa Q H ducatur F CH G, le£lio- 
ni ucrinque occurrenSj hasc (per prsced. ) tamiir C, 
qoamin H biiecabitur; Coeum itaque pundaC^H; 
unde liquet propofitum. 

Tfef, Punftum H Centrum^^izviQX. . 8tf. 87* 

CorolUrU adbanc^pr^ceJentesalijmtprop^fiiitmes. 

CorolL I. Omnis redta £ H per pundlum quodvis E 88. 89. 
Ellipfeos, vel utriufvis le&ioniiro oppofitarum, &ccn- 
trora H duda, efl diameter redtarum contingenti in 
pan£lo E paralJelarum. 

OrolL 2. Et omnis re6la HM^ percentrum H, & mc- ^^- ^^* 
dium pun£lum M reflae cojufvis fi C ad EUipudi, vel 
hyperbolam, vel fe^liones oppofius utrioque termina* 
tx^ du£bi, ell hujus atque huic parallelarum Dtameter. 

Nam bifecabit ad cehtrum (per prop. praeced.) re- ^ 
&im re£be B C parallelam ; unde (per Carott. 10. prop. 
20.) erit harum diameter. . 

CmH. 3. In EUipfi, & Hyperbol^, & inter ic^iones 
oppofitas; Diameter, pnecerjordinatas fua^ nuUam re- 
aam ad ^dionem, vel ie^liones oppofitas terminatam 
(nifi in ccntro) bifecat^ Nam omnis hujufinodi reda 
^ propria diametro biiecatur, & ^ binis re£lis ^ le in* 
vicem diverfis (nifi in commimi earom occurfu) bife* 
carinequit, 

Caroll: 4. Atqoehinc binxieAaead ]^IItpfio, Hyper* 
bolam, vel Seftiones oppofitasi terminatae (nifi in Cen« 
tro) le mQto6 non biiecant. 

CoroU» y. In oppofitis Se^onibus^ & io Ellipfi, par- 
tes oppofitas ^ quavis diametro A B abfciiix foprapo^ 
iitx congrount. Namdod&ali^qu&visdiametro EH D, 8(^ 8/, 
& fuprapofitis figuris^ congruent (ob aequales reftas & 
aoguium commonem) pun£laH,A|D, pon£tisH>B|E 
re^divi ; & fic de caeteris pondtis. * « 

Ofroil. 6. Unde ipix ie^ionct oppofitae fupra pofitx o<^. 
congruent. 

Prop. 
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Prop. XXIII. Theor. XXIL 

S^* 9^' /nJeStiombus oppofitis^ ^ m Etttnfij Si per centrum 
C ag^tm reSa E D Jiametri atkujus A B {ffue in opp. 
Seff.Jit determinata) orJinatis G I paralU/a^ Bi/eca- 
ht hiee reStas emnes F G Jiametro A B parallehs^ 
aJfeSHimemf velfeSiones oppofitas^ utrinque in F^ G 
termiuatas. Et amverfim. 

A pun£lis F, G imellmntar ad diametram A B or« 
dinatft F H> Gl; Ob re&s parallelas eric F H =:GI, 
unde (perconverCCaroff. ;. &6.prop. 20.) AH = 
BI»&(obAC=CB)HG=CI= (ob reclas pa- 
ralL)GM = MF- 

2. Si FG bifecetur \ leOa ED in M, eric parallela 
A B. Nam faaisut fupra^ Erit (obF H parall» G I) F M: 
HC::MG:CI/.if.(obFM = exhyP-MG)HC 
=CI, Qnde & AH = B V&(per Ceroll. s^ & 6. prop. 
2o.)FH::;rGI: Ergo cum fu HF \\ GleritFG 
po. pi. li AB. 

Or^ff. I. Hinc re&i F G eft ad diametrom £D or- 
dinata. . ^ ^ 

2>ef. Diameter E D infinitfe extenla didtur diametro 
pi/ ABCon/tfgata. 

j^o. In EUipfi eadem iitrini|ue in E, D lul Seftionem 

terminata, Velinoppofitis feftionibus, abfcil&utrin* 
queCD, CE, utfint exdem condngentis in utrovis 
vertice B, ad afymptotos utrinque termtnatar, partibus 
B K, B L xquales, (prqind^uc acqcnles inter le} Dici- 
tur D E SeeuuJa ^bameter diametro A B comjugiaa^ & 
viciflim. 

Cbrc^l 2. Conjugatamm diametrorom ordkiatse (unt 
diametris fuis reciproce parallete, Conjugatas diametri 
funt ad ie mutub brdinatac, £t cujufvis (uametri oaica 
efi: conjugata. 
'^* Corol/. 3. Ordinatarum ad diametrum quamvis ED 
inter fediones oppofitas (/• r. indetenpinatam) minima 



cft quc per ceDtrum txmfit^& k ceotro remoifores fuot 
propioribus inajorcs» fiuno^ue tandem dat^ qu&vis re* 
6U S T nnjores.Nam quo major eft.C M k c. I G,eo ma* 
jor B I, & proinde eo major C I =: M G. SumpUqoe 
CIc-STdua^ueIGpaaraUelft£D,&GMparaUelft 
ICeritordinaiaGMsCI^r.e. c- ST. , 

CaroU. 4. In oppoficiii femonibus j conjugatarum 9^* 
diametrorum una eft detecminata» altera indeierminau. 
Nam ordinau ad diametrum determinaum occurric 
utrique afymptoto in P, Q^ ad ealdem partes cum fe» 
dlbne^ unde nuic parallela extra angulum alymptot6n 
adet Ecvicever£i. 

OtroS. f. Cum omnts refla per quodvis punaum 9^- 
in mrftvis ieftionom oppofitarum (modo afymptot^ 
flon pandlela, nec ieaicmi oppofitae oocurrcns) eideni 
ieftioni denob occttrrat, ficque ad.diametrnm aliqnam 
determinatam drdinau, habeatqoe refiam aUqoam per 
oentrtua exira angulum a(ymptot6n cadentem fibi pa« 
nllelam; Atque omnis reda intra angulum afympto- 
t&n cadens fic diameter determinau : Liquet omnes 
re&s per centrum dudas efle diametros ; Exceptis un» 
tummodd Afymptotis, quae ouafi limices fiim» qoi de« 
lerminatas ditmetros ab indeterminatis diflerminanty 
& in quas diametri (ut de contingentibus jam olim 
di&um eft) ttltimb degenerant. Nam abennte pundo 
B in infinitum, Contingens K B L (accedente punflo 
L ad C») comqiic hdc huic parallela E D, atque has 
conjungens CB, afymptoto CKomnescoincident, uc 
advenenti fiicil^ patebit. 

In Ellipfi omnes omnino tt&di per centrum ( per 
Caroff. I. prop. ai.) erunt diametri. 

Ciro/l 6. In HyperboU» vel oppofitis fed:ionibus, 
& EUipfi, Contingens in vertice cujuflibet diametri oc- 
CQrrit omnibus diameiris, fi opus produ£tis, excepti 
dunuxat huic conjugatl Idem de ordinatis ad quam- 
libet diametrum (fi opus produ&is) incellige. 

Carol/. 7« In HyperboU^ & Ellipfi, C Bq : CDq :: 90. gv, 
AlxIBtlGq. Namin hyperbota, CQq = BL^ 
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&OIxIG=IGqy unde pacec per prop. i6. In Ellipfi 
CBq = ACxCB, unde patet per Qftoff. 2. prop. 20. 

QQ, 'Cin^$ii. 8. Si angulas afymptot&n fit xeStuSy eruubi- 
queC B =C D, fi acuius CBcr CD, fiobtunis C B -a 
C D. Nam iemicirculus diametro K L ==: £ D in primo 
cafu tranfibit per C» in iecundo citr^ intertio ultta C, 

pi^ unde C B refpea;iv^ =, cr, -3 B L /* ^. C Di fi Elliplis 
fic circulus erit ubique G B = C D. 

Prop. XXIV- Theor. XXIH. 

^ tamen in fyperbolajit Jetermimta) cujus vertex D, 
vertex oppofitus F, fecunda diameter buic conjagata 
6 B, 6* tfi/D F qualibet ordinata. K N ; /?4/ ififis 
F D :' G B : tertia proportionaSs L R, in qua {u/tra 
Rproditffaih HyperboU) fitmatur punffum M, utfit 
FD:DK::LR;MR; Dico NKq=FKxMR 

= DKxLM. 

Ob F D ,: D K : : L R : iy[ R erit componendo in Hy» 
perb. dividendo in Ellipfi 

UndeFKxMR=DKxLM. RurfiimobFD: 
GB:LR-rrerit 

F D : L R : : F D q : GB q : : (horum fiibquadrupla) 
CDq : CBq:: (per Cbrc?//. 7. praecedO DKx FK: 
NKq::(cxhyp.)DK:MR::DKxFK:MRxFK, 
ErgoNKq = MRxFK=DKxLM. 

Def.Kt&di LR dicitur Latus reSium fi ve Tarameter. 

Rd^ngttlum ex diametro qu&vis & fui paramttro 
F D X L R vocatur Figura iftius diametri. 

Cbre»//. t. Inbyperbol^, fi angulus afymptoton fit 
redus, erit omnis diameter fiias parametro asqualis &c. 
patet ex CGrotl. 8. praeced. 

Def. Hti jufinodi vero hypcrbola, ob tranfverlam dia- 
metrum (qi}ae & Latus tranfverfum quandoque dicitur) 

parametro 



panunetro five lateri teSto aeqaalem, dicicur Hyper* 
bola tyEjmktera. 

Coroll* 2. Si EUipGs fit Circalai» erunt omnes para* 
metri diatnetris fuis & fibi ipfis araaales. 

CoroU. 3. £t ifi quftlibet Ellipfi, binae quadibet dia* 
metri conjugaoe fiinc duae mediae propordonales iater 
earurn paraoietros. Idem in Hyperboll inteOige. 

Oi^ 4. G Bqsfigurae dianaetri FD; & CBq=:i 
ejuidem fig. 

r0r0^^DF:^R::DKxFK:NKq.Fitetfiipni« 991.9}. 

CcroJl. 6. Quadratum ordinatae NK in Hyperbol^ 93. 
etcedit re^ngulum ex prametro L R & diametro iuh 
tercejpti DK, /.r. LRxDK,reaanguIoDKxMR| 
qood fimile eft figurae diametri F D x L R. Nam N K q 
=:DKxLM = LRxDK+MRxDK. EtFD: 
DK::LR:MR,i:r.FDxLRfimileDKxMR. 
^ CcroU. 7* In Eliipfi vero, Quadratum ex NK deficit pj. 
^ re^ngulo L R x D K^ re^ngulo D K x M R> quod 
fimile eft figurx diametri ; Et k redlaogulo L R x F K, 
refitangulo F Kx L M^ quod eidem figurae etiam fimile 
cft. NamNKq=DKxLM = RLxDK — MR 
xDK; EtNKq=FKxMR = FKxLR— FK 
xLM. Eftque (utprius in Hyt^erboll) FDxLR fi* 
mUe DKx M R, fimileFK x LM. 

Scbol Ex hoc exceflu & Defe£lu quadratorum ex 
Ordinatis, in HYPERBOLA, & ELLIPSI, Magnus 
iUe ^ veteribus Geometra APOLLONIUS Tcrg$eus haec 
nomina fe^onibus impofait,qaibus ufa efi omnis poftf* 

ritas* 

Prop.XXV. Theor.XXiy- 

In Tarahh^ fit quaUhct itatruter DC, j^ ai bAm ^4, 
ykdlibet (frJimta l^ C \fiintercepta Jiamtro D C ^ 
contermina orJinata C fi^ fiat tertia froportionatis 
L R ; 2)ico fuadratum prSnat^ cmnfvis a4 emdem 
diametrum KN nequak ^ejfe reaanguh ^ex eadem 
reffa L ft j^ intercepti diametro D K, vtz, N K q 
=LRxDK. 

E Ob 
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ObDCtCB: LR — «« CBq ss D C x L R.Et(per 
CaroO, 4., prop. 20.) 

j^j^}.:NKq::DC:DK::DCT<LR:DKxLR. 

UndeNKq = DKx Lft; &flc ubique. 
3kf.^JtSiz LR (fjcac in Hyper boll & EUipG) didtor 
iMut reBtm ieu 'Pwtmettr, 

S(i»L Ex ^ qtiod quadntuiii oniinAtx C^ow/iitrAM»» 
flve ipplktttum r^dangulo ex abfdfs^ & parametro, et« 
• denf zqoale Gt , Hxc ieftio ApoUm» PARABOLA 
di^bett. 

Prop. XXVI. Theor. XXV. 

PX* P^* f^ TwrMa^Jihifue quahiet Aametri C D, G E [/jua- 
rum vertices Cy G) Jiofms fr^H&^efe&ie cuivis 1 H 
utrmfw ad SeSionem in I, H terminatay f^Ji opus 
produ&ie^ ac€urra$tt m Imis fun&is D^E^ veilfinis 
fuikufvis rellis interfe faratteHs I H, O P, adfeSHfi' 
nem ut.firim terminatis occurrant in D, Q, £, R ; 
Si reffa /it uuica, Eritj 
IDxDH:H£)(£l::CD:GE. Sm bina Jint reff^, 
IDxDH:ORxRP;:CD:GR; 6"^^ ^tr^/^ 
risfunSis. 
n(J. i^^^ ^^^^ ^ quadratis cctitingentium^fi coeuntihus ex^ 
ffr. pun&is H, I reffa unica^ vel i^inarum reffarum 
alterutra fiat ccntin^ens^ viz. HDq:I£q::CD: 
GE& ' 

HDq:0RxRP:jCD:GR(^A^c^^«/»iw5if* 

Bifeais I H, O P itt S, T, Coanej^a S T occurrat fc- 
£lipni in A, erit hxc re£larum I H, O P diameter ; du- 
£l&que L A K his paralleJ& occurrente diaibetris in L^ 
K, eadem ftiSlionem in A continget ; \ pun^is C, G 
intelligantuc ordinatx ad diametrum A S T re^ C M, 
G N; quae erunt propterea re^is L A K, I H, O P pa* 
rallelae ; Erit per prop i8. 

1 Il>^DH;^^^^}. : : CD : CL & pcr 6ir^^4. prop- ao. 

»-N6q: 



a. NQq: CMq : •.{e^}:{cL } "8° <* *?«> ^ ^ 

IDxDH: NGq::CD:GvK; &perprop. iS. 

3. flE X E I : -{{^S{ ::G E : GK ; ergo tx «quo 

4.IDxDH:HExEr::CD:Gl 
Rurrus, per prop. 18. 

f.ORxRP:HExEI:GR:GE; erg6p4rpro- 
port. 4. & f. ex ax)uo • 

lDxDH:ORxRP::CD:Gtl. &ficclec3eie. 
ris pun^iis. 

Si teSki D I H E fit flontit^nsj eoednfto» pun^is 
H,I fit I Dx DH =spHq& E l X £H=r I Eq&c. 

CbroS, Si V X fit parameter dianietri A S T, <lrtt G E $1$. pd. 
xVX = IEx£H, &ficdepunai8.D^Q,R. Nam 
( per hanc prop. atf . ) ISxSH = SHq:IE xEH: : 
AS:GE::VXxAS:V^xQE;ScdVXxAS(per 
prop. pr«ced) = SHq; Erg.o&VXxGE = IEx 
EH/.(r. VX:IE::EH:GE Hoc eft, ut jmYame- 
ter diametri cujufvis in ParaboIS, ad fumdiaw duarum 
qdaromlibet ordinatantm ad eandem di^tdetriiM ; fic ea> 
rum differentia» ad differentiam abfcitfarum. Nam V X 9f. 
tSt Piirameter,! E (ob I S=S H & S E =£ N G) ed fum- 
ma ordinatatum S H, N G ; £ H e(t earum difierentia, 
Et E G = N S eft abfciOarum A S, A N difierentia. 

Prop.XXVIL Tkor.XXVI. 

Si dfkc reffie L A, A E, qttamlibet ifeSHtmiSkUs comcis, y7. 98. 
velfeffiones oppojitas ifi L, E cin^f^etitti^ vel qua- ^p^ t. 
rum nna aL in bpfkffhla^ vel /effibnitus opp.Jit 2. 3. 
forte afymptotos^ concUrrdnt i;n A, Sefia veto yu^evis 
N D earum alteri E A pardUeia {fi opks proJuffa) al^ 
teri hk (fi opiM produSta\ dccinrrat in B» ^Jeffioni^ 
vel ntrivis feffimrin otjmttdrufn m N, D, o^ tt^us 
coniungpnti L E «r/ {fih t^fit djymptotos) reffa per 
taffrnn E oAmpMa L AparaMe/a^n R ; Dico B K q 
s^rBDxBN. 

E z ^J^^ 
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57. p8. TJem erit Je jmJrato ex BD vcl BU^Jl c^etmtibus 
p9. i. punStis N^ D, rcBa RBDN cUipfin^ vcl unam i 
fcSieuibus ofpofitis cwtingat. 

p7. 98. Nain(per prop. 17. vel 18.) BDxBN:BLq:: 
9p. i.2.AEq:ALq: : (ob fim. triang.) BRq:BLq. Ergo 
3. BDxBN = BRq. 

3. Si (tado L in infiaituito abeunte) refta AL tikt 

afyniptotosy erit ( ob pun&om L infinite diftans ) E L. 

parallela A L unde BRq = AEq=(per CmU. prop. 

iy.)BDxBN- 
p^. p8. a. Coeontibos punAis D^NifitBDxBN^BNq 
00.1. velBDq=(prius) BRq. 

amU. Si RBDNfitcontingenS|ObBRq = BNq9 

EritBR=BNvelBD. 

Prop.XXVIIL Theor. XXVII. 

^S* Tn HypcrloU vcl SeSmibus oppofitis^ fi a binis pun^ 
(fis A^ D agantur Jua rcSfa A G, D F intcrfe paral" 
leUCy utrivis a^mptoto (fi opus proJuSi^) in G, F, 
cccurrcntes , ^ ab iifdem punSfis totidcm aba A H, 
D I, intcrfc fuofue paralkUe^ alteri afymptoto [fi 
cpus produSla) occurrcntes /» H^ I ; 7)ico A G x A H 
=DFxDL 

Connexa A D,(& fi opus produ&a) fecet afymptotos 
inB, E; Erit ob AB = DE, & BD = EA, & ob. 
iiQi. uiangula 

ED:EA::DI:AH Ergo 
AG:DF::DI:AH 
r,f.AGxAH=DFxDL 
6* CoroH. i. Hinc fi AG, DF fint afymptpto CH, & 
A H, D I afymptoto C G parallelx, erunt conftituta pa« 
raUelograroma C G A H^ C F D I aequalia. Nam pantl- 
lelogramtna sequiangula proportionalia funtjre^ngulis 
^ IgteribiiS; quae ( prius ) aequalia fuQt» 

- CoroU. 
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€broll%. Uocle Rt&x BA£, KDL fayperbolm 
Ttl ie£lioDes oppofitas utconque contingentes, ab an- 
gulo afymptot^n abfcindunt triangula LCK, BCE 
aequalia. Nam aequalia paralldognuDmalDFC^GAMC 
( 6b K L, B E, in D & A biicdas ) funt eoruni dimidia 

CoroB. 3 . Ob aequalia triangula £ C B| L K Q & an< 
gulum ad C communero, vel aequalem ; Erit 

IV LC : G£ : : CB: CK. Et componendo vel di- 
videndo. ^ 

Coroll. 4. Si contingentes ( G opus produ£fa: ) con* 
cnrrant in O; addito vel dempto commnni Ipatia 
CEok, aequalia etiam' erunt triangula 0KB, OLE, 
& angulus ad O communis vel xqualis ; Idepaue 

I, BO:OE::LO:OK; unde comp. vtl di v; 

cBO±OE^ rOE-) CLOiOK^ rOK) 

C BE 3 CB05 ^ LK 3 CL03 

£t dimidiatis antecedentibus, erit 
3, BA:OEveIBO::LD:OK velLO. 
Etdividendo 

^ . rBO— BA7 . -T^.jLO— LDj «L^ 
P«>p.XXIX. Theor..XXVin. 

* • 

SS re&a L T ffyferhckm m T WHtk^enstatiw ^^jm^ 8. p. 
ptoto occarrat in Ly ahh vfro Jueatur reffa LO P, 
q$ue feSimt vel feStiwuJnu oppofitist eecmrat in 
Juokus pm$&is 0,?j Etd pmiais O, T, P, Jacan' 
tt$r reff* O Q, T V, P R ajymtptoto QX.in qna efi 
pmSum L pare^ke, alteri o^nMeto CM (jSopujr 
produBla^ vccwrrentes in Q>V,R ; Sipun&aO, P 
Jint ad eandem fe&ionemt ReBarum O Q, P R >«- 
0M, Sin adoMofitaSt earumkm d^erewtia, *fua6s 

Proda^ 
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. ProduS» li opoB L T^ L O P occurrmt afymiicoto 
VR ia A. M^ & ab utrovis 0, P, (ex. gr. 6) ducatur 
O B paralkla V C, occurfens L C in B. 

Obtrian|ulaMPR, OLBiiniiIia,&MP±=OL, 
critPR=:LB.£(tqiieBC=OQ,undeCL=:OQ± 

PR = (obAT=rL)xTV. 

OroU. I. Hinc fi per idem pun^um L ducancur 
quotlibet L O P, erit duarum quarumvis O Q, P & ab 
ejuOem re£ia? LOP punftis duftarum Cimma^ vel 
difierencia, duarum OQ^PR ab akerius cujufvis re- 
43x L O P piinftis du^rum (tnumx vel di&etentiai X" 
qualisr Nraipe ubique aequalis dupke T V. 
10; Cori^ 2« Si Re^ per L iic alteri afymptAton paral- 
leLi, in uaice pun£lQ O ledioni occurrec ; EritquCy in 
hoccafii, (blaOQsaXV. Nam OQ^=CL = 
2 T V. tJnde in Clorollario prncedenti eadem efl; ra- 
tio iblius hujufmodi O 9^ qux duarum aliarum O Q, 
P R fyanaxp viel dififeranciae. 
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Prop^ XXX. Probl. 11. 

2)a/^ reff^e Une^e^ D £r aifiSmem qwimuls emkam^ 
vel adfeSimes oppofitas utrinque in D,E terminat^j 
gSametrum invenire ; Et centrum in Hyperhoh vel 
^.feR;^ ElHpfi. 

Ducacur quaelibet H I ipG D E parallela , ieftioni» 
vel feflioni 0{^finr, ydi le^^iotiibvs opp^Iicis ucrin- 
que in H^ I, occurrens. Bifecentur D E, H I in F, G ; 
Eric coaMxa F G le&e D E di^cer, per O>roil. lo. 
prop. lo. 
II. 12. lAveiii4 hoe modo qu^libei. diametro eHi(»feo% vel 
determiimcl ^hYperboIs^ baBC produda oceurras feoio- 
fli vel fe£kioniDu0 op{N»fitis in A^ B# Bifetecar A B in 
G ; Eric C ceucnim per prop^xz. Vel invenfis hbc aaodo 
duabus qutbirrvis diamecris^ Hoe (per eand^tm' prop« 
a%. ) in Centro £: interfecant. PpAetiori m^thodoy 
dar^ uuiufVis h iei^n^bus oppoficisy vel Eilipfeos 
^li^uS uncum porcione, cencrum iavcuicuF. 
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Prop. XXXL ProU. IIL 




*ffrJii$4i0m DO; Et dmmetrmn kik ctmj^f^ '* 
iMiiuffyperboUvelfcB. i^.^EiGpJi. 

In Hyperboli^i ioter SoSioiics oppofita^ & in EI* > f • i<^* 
lipfi, Invento centro C| conncxa D C & produda oc- ^l* 
curret feftionii yel (eftioni oppofitae in E ; Per E du- 
& E F parallela A B occurret ieftionii vel fedioni - 
opndBts in F|,vel fon^ ft^oneoi| vel (eftionem oppofi* 
tam in E continget tantt^o. Si occurrat ia F, con« 
neza D F occui^rct diametro A B in O ; Eritqoe D O 
ordinaca qu«fica. Nam DC s CE unde ob paraUelas 
refibis erit DO=:OF. Liqoet ergo propofinun per 
Qnroll. 2^ prop* ax 

Si tcSU per E diametro A B parallela fit contingenVj ^« fp^ 
eric ^ D E ordinata quasJSta. Nam ( per OfrQil. t. ^J^'^ 
prop t2.) eric in hoc cafo refta E F paralleh ordina- 
tis ad dia^ietrum DC ^, unde (per prop. 25. & de£ 
ieq.) ECD^ BCA funt diametn conjugatae, ideoque 
(per ejufiiem prop. 22« Ciiroff. 2.) ad le mutqo ordioa» 
tx. Invedti vero quilibet ordinat^i re£b pcr centruQi 
huic parallela erit diameter huic conjugata. 

In Paraboli^ Dudl utcunque D A diametrum A B i8# 
iaA iecante;iQDA produd^ fiat A B = D A ; Duda 
vero E F ipti A B parallela occurret ieftioni in P, 
jon&aque F D occurret A B in O^ Eritque D O ordi« 
mu quaefita. Nam ob redlas parallela^ & ob D A = 
AE, erit DO=OF; unck Iiquet propofitum per 

Ckoff. i^. prpp, 2o. 

» • ■« ♦ • 

Prop. XXXIL Prok IV. . 

In omm feSme conki reBam DT ^cere^ f$kef>t9* 20. 
Qionem' in d^topunSo D conting$t. xu 

In 
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xp. ao. ' In Hyperbola & EllipG, Invento centro C, du£Ulque 
diametro D Q fiac ad hanc ordinata quxlibet A. O ; 
deinde per D du6U redi D T parallelft A O, Propo- 
fito fiitisfit Patet per C(^olL 8. prop* 20. 
xu InParabola, Invencd quilibet diametroBQ per D 
agatur DEipfi BC paraUelai qu» propterea enc dia- 
meter ; Ad hanc fiat quaelibet ordinata A O, & per D ' 
ducacur D T ipfi A O parallela ; Haec (per idem OnroU^ 
%,) iedlionem in D continget. 

Prop.XXxilL Prol)Ly. 

21. 2>at4e HyperhU velScdvmim ofpofitartm aj/mpto* 
ios hruenirc. 

m 

Invent4 qu4Ubec diametro determinat& C B, & cen- 
tro C^ ducacur utcunque F G parallela C B, uaam (e* 
&tonum in G fecans atque huic oppoficam in F [ vel 
fi non detur iedio oppofitSj dud4 diametro C M ipfi 
C B conjugati, fecante G F in H fiac M F = MGf ] 
Diamecroque F G defcribatur femicirculus FPQ^G; 
Ereddque ubicunque ad F G perpendiculari N O, ae« 
' quali ieinidiameuro CB, per O agacur P O Q^ipfi FG 
parallela^ fecans circuli peripheriam in P, Q^ punAis ; 
Ab his, dimiflis ad diametrum F G perpendicularibus 
QR, P S, Erunt jun£bt C R^ C S afymptoci. 

Nam C B q = ( ex conftrua ) N O q = (ob parall.) 
QRq=: (proptercirc^GRxRF; Unde (^Corott. 
4. prop, 16.) erit pundcum R ad alteram afympcocon. 
Parique rauone erit pun£lum S ad alteram. 

Prop. XXXIV. Probl. VL 

2j. 24. /h omui fefftone conki^ Data diatnetri AB Tiwame' 
truminvcnire. 

In HyperboI&, re£bi E B D in vertice B concingens & 
ad afymptotos in E» D terminaU| aequalis efi (per defj 

fecundac 



C 41 3 

iccundse diametro ipfi A B con jugatae. In ^llipR dia- 
mecer E D diametro A B conjujgau, & ad feitionem 
ia E^ D terminata, efl iecunda diameter. Inven('& ei^o 
in Hyperbola & Ellipfi hujufinodi re^ E D » nat 
ipfis A B : £ D tenia proportionalis L R ; Haec ( per 
dc£) erit ipfios A B fMirameter. 

In Paraboll, Ordinat& ad diametrum AB qu4vis 2f. 
re6l4 G I, IpGs A I, I G, fiat tertia proportionalis L R ; 
Erit L R ( per def. ) diametri A B pararocter. 

2kf. Duae fedliones Conicae kmutub: ta^gere dU 26. 
cuntuf;» Si in communi pundto B eadem redta AB 
tttramgue fedlionem conungat. 

Prop. XXXV. Thcor. XXIX. : 

1 
• » t * 

Tnfeffimis cujujvis c$nica velJ^SHmum opp^^rum^^j. i8. 
juaitMr qtuhufvis punBis A , 6, C, D, concurrant jua-- 29. 
tuor reaa inpnitiC A B, A C, B D, C D, fcHcet in 
unofuofue dua ; Ter quintum verh fUodvis fcffio^ 
nis vel utriujvis feS.opp^ punffum £ tranjeant dua 
reSia infinita E N, E H> priorum (^btis quibujvis 
ABfhCin aSfuo fuatuor punfforum . A concurrenti- 
hus reJpeSHve paralleU^ fuarum E N occurrat A C 
inQ,DB in N; E H vero occurrat AB /ii R, CD 
tn rl. w" '». . • ■ 

His pofitis ; Siy manentihus punStis A, B, C, D, pUn-' 
fftm E, cum reSis E N, £ Hpriorem parallebfmum 
fervanttbuSj per totam feStionem vel Jeff. opp. fttc-- 
cejfive transjerri inteUigatUTy Erunt in omni ejuf^ 
dempunm E fitu reStansula ERxEH,ENxEQ^ 
ad invicem in eddem ratione. : 

Mmenttbtu vero punStis A, B, C, (^ E , puHStoque 
D [hoc eji reStarum B D, C D interJeSfme) per to* 
tam JeStionem velfeSi. opp. tranfiato^ Erunt in omni 
ejtisfitu partes E H, E Hadinvicem in eadem ratione. 

* * ' 

Per D & utrumvis C, B, ex. gr. B, s^antur redae 
F D G, B i^ 1/ ipfi A C parallek, quarum B d occurrat 

F denu5 



dmub leiSioKii) vel ftft. opp. ia ^> re^ vei^d l^ N ia 
«, & F D G oocurnit ieSioni, vel kd. opp. in F^ & 
reAs A B ia G ; coiinexaqiie C ^ occucrat D G in S, 
EH itLk 

?Qttb re^a HEK occorraiC denuo iedioni. vel 
feSt. opp. inT; dud^que redarum AQ B </ diaoietro 
M K, (^ biiecante fcilicec A C, B i/, in M, K^ ) bifecabit 
baec tiuii D F, T E, ad fef^ionem, vel &^ opp. qo^ai 
SG,dR ad reAas AB,C4^ terminatas; unae SD s 
F Gy & /$i T 3= E R ; Idemque conieqoetiir^. ii fottft re- 
^rum D G, E H uc^ vel utf aque fit concingens. 

Ob (im. triang. & re6bis parailclaSy eric 
H ^ : S D : : i6 C : S C : : A R : A G, u nde 

• Hi6: {g q}: : S D : A G. RurfDs 

I J V : N « : : D G : G B. Efg6 dnStis &c. 
ERkE6:N«xEQ::{2|^|^}-:GBxAG::(p« 

div. pro vario iku puadlof om Hji; N, #% eric 
ERxHi6±ERxE^7 rNi^xEQiEvxEQA 
£RxE^±ERxH6S^:^EffKEQ±Ni;ixEQ>::ERx£d 

ERxEH 3 C EQxEN 3 
:EQxEif :: (priiks) DGxFG^GBxAG. 

Ac manencibus punras A^ B» Q D, racio D A x F G, 
: 6 3 X A G ( panao E utcunque fitum mutance ) ma- 
fiec eadem, ergo&ratio ERx.EH:EQxEN. 

a.0bERxEH:EQxEN::ERxEi6:EQxEir, 
erit EH:EN::E^:Eif; Manentibus vero pun&is 
A^ B, C, & E, (pimAi D fitu utcunque mucato) maaet 
iempet t^iio 1£.Jk:En9 pi^ibddque & E H : E N eadem. 
^o. Si pun^m A pun^o B vel C coincidat^ hoc c(ky fi 
utravis A C vel A B^ ex^gr. AB, lit contingens^ inci* 
det pun^um Jm C/&i/C> hoc ell Sdh evadetcon- 
tingen^, re^que ^fi vel A C diameter per conttngen- 
tium S^i&y G A R o<k:urram tranfibiti vel erit iis pa» 

ralleia « 
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rtUek» & birecaibit S<3, i6R; DF^TE, Btpriib; 
ETit<]ue demonitraitio omnino eadem. 

Si ptmdtum D panfto C vel B coincidaty hoc efi><$<^^« /;. 
fi D H r;r. gr. fit condngens, Qaod in alid quovis ^*^^ ^*"^"'* 
6tQ putt£U D, e3C utr&qne punAi C vtl B partei ob* 
ttnere oftendinius, in hoc tntermedio cbtiMbit. 

Si A, C & B, D« vel A,B & Cy D fimul coincidant, 31. 
hoc eft, fi utraque A B^ C D ^;r. |r. fit contingens, iki ^"^^^ 
ta^us conjttngentem coaklbcnt AC , B D^ B 1/; & coin- ^'^' * 
ddentibus pundis Q,N,if, & Hyi^ fit EQ=:EN 
= E»^ 8c EH = Ei6; Hoc cft, maneme mroque 
contadu, erit ratio ERx£H:ENqin quovis nta 
pun&i E eadem, Et mtio EH, EN, (manente E) ; 
eadem quae in alio quovis fitu pundi D vix. E /6 : £ »• 

Si ponaum D infiniti difiet, hoceft^fiBD^CD 3^ 
fint utrivis afymptoto hyperbolse [vel &&. opp.] paral- 
kktf vel ParaboLse diameuii mraque pars propofitionis 
etiamnum valebit ; £t fi pund:ttm A infiniti difi^et» hoc 
eft> fi BA,CA, adeoque EN, £H fint hyperbok Zh 
afymptoto parallelae , vel parabobs diametri, abibunt 
panoa Q, R in infinitum, & coaleicent redb: E N^E H ; 
Eric vero ratio E H : £ N in qnovis fitn panfiti D ea- 
dem. Nam quod in quibufvis ex utr^ue partC) adeo* 
que ia infinite vicinis re^hram B D, C D vel B A, C A, 
pofitionibiis obtioere oftendtmus, in hifie incermediis 
( aec^iverfis ) obtinebit. 

Cbr^S.i: Pofitis pt priiiis, Si, connexi B C ftcanle 34- 
EH in *, fiat EH : EA :: EN :Ei>, (pttnftoisni;;;;»*'^ 
faaipio ad eafdem partes pan^ £ refpefta pnndi N, 
$d qau jsicet i6 reipedla H,) & €onne£latur Bif, ea- ^ 

dem fe&ionem in B continget. Nam accedftnte puo^ 
D ad B| redb D B evadet contiilgens, accedetque fimul 
pun&ttm H ad ^ , adeoque ( ob rationem B H : E N 
Gbaftaiitem ) N ad »; hoc e(i, erit B ir eomii»en^. 

CSEiri//. a. Pofitis quis priite, fi in reftis K N» £ H fii- 3; ^ 1 
mantdr ponfta n^bzd eafdeni pundiii E pitt^tes ad qoas^ «■•«^ S 
jacent N,H refpeaivfe, ita ut fit EN: EH::Eis''^' 3 

:£i6}CoftilexiB B^ C^ ftft rautab m i^feaione in- 

F X . teriecabunty 
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terfecabnfit 9 ftut falcem erunt alterntri a(ymptot6a 
hy perbolx , aut parabolx diametris parallelx. Sit 
earom ocenrfus ( u modb aliquis ) ^, fitque alterntrius 
^x.gr.C6xnm{hStiont occurfiis (fi modb occurrat) 
!",& conne^tnr f B ; Haec (propter rationem E H : E N 
conftantem) non alibi qu^m in n fecabit E N» ideoqne 1 
non erunt punfta ^, f ab invicem diverfa. Sin C ^6 ^ 
ie£tioni vel feSL opp. non ampliiu occurrat, hoc eft, 
fi fit hyperbolae afymptoto vel parabolae diametris pa- 
ralkla ^ huic parallela ex B ( per hanc prop.) non ali- 
bi qu^m in n fecabit £ N , hoc efl: erit B n pariter 
afymptoto hyperb. vel parab. diametris parallela. 
^5. CcroS. j. Sint punaa quinque B|(^ D, A, E ad fe- 

Sufftt reii- 6lionem conicam vel ad (edtiones oppofitas ; Si per E 

^H99 t^m. ^x^gr^ tranfeat rc6la E N », occurrens connexis B D, 
B^ m N, »; & alia E H i6 occurrens connexis C D, C ^ 
in H, h refpe6ttv^ , ita ut fit E H : E N : : E i6 : £ ir ; 
agantur ver5 C A, B A iptis E H, E N refpeaivfe pa- 
YallelaB; Hxautfibi mutub occurrent in ipfa fe£tione 
[ vel uni (c6l. opp.] vel (altem ( in unam coalefcenti- 
bus re£tis £N, EH) erunt uni a(ymptot6n hyper- 
bolae vel parabolae diametris parallelae. Sit earum oc- 
curlus, (fi modb aliquis) A, occurrat vero BA fe- 
ftioni, vel fed. opp. denu6 ( fi modb occurrat ) in 4, 
connexdque C a, ducatur E L parallela C 4, occurrens 
C D, C^ in L, / refpcftivfe ; Eritque ( ex hk prop. ) 
EN: E«::EL:E/::(cxhyp.)EH:E*,duodfieri 
non poteii: ( propter C D, C a non paraUelas ) nifi re- 
fbe £ H, £ L, hoc efl, puhdla H, L ; b^ /, coincidant ; 
adeoque ipfis E H, E L parallelae re&b C A, C a, hoc 
eft, pun^ A,4. 
37« ^ Si B A fit afympt(fto , vel parabolx diametris pa- 

^2f ^'l^rallel^, nt non amplii!i& occurrat fedtioni, di^is C 4, 

' ' £ L eidcm parallelis , ofiendecur eodem modo E H, 

EL fibi invicem, & reSae EN, coincidere, adeoque 

& C A, C49 hoc ell B A^ C4 efle afymptoto, vel parab. 

diam. p^rallelas. • 

SP **' Si « JPi 4^ unuft vel utruwqup ixjfipitfe diftet , vel 

^^incidentibu^ 
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ooincideatibus C, D> vel C, ^, B> D vel B, i^, ex re^ 
Gonnedeotibus una vel duae fint contingentes^ Eadem 
prorfus eft demonflratio. 

CaroS.i{. Pofitis quae in CmlLi. Om punaum ^^SJ^ *•*' 
A (modo infinit^ non^ difiet) fit femper ad fedlionem/ 
Incidente A in B^ manifefium e(i fore A B contingen* 
tem. Idem intellige de A C, incidente A in C 

CcroB. S' Sefiio conica [vel fe^. opp.] feftioni co- jf. 
nicae [vel ie£l.opp.] non occurrit ad plura punfta/~j*^ 
qukm quatuor, nifi m totum congruat ; Quoties ao*'^'^* 
tem unius hyperbolae [ vel fe6h opp.] afymptotos fu^ 
rit alterius afymptoto , vel parabolae diametris paral* 
lela, aut daarum parabolarum communes fuerint dia- 
metri, id pro communi finfinit^ ^icet diflante) 
punAo cenfebitur , fe6lionum vero quilibet contaftus 
pro duobus pun^is. Nam fi dixeris efle quinque 
communia pun^ A, B, C, D, E-; Connexis A B| A C ; 
B D,' C p, duftifque E N, E H ( ut priiis,) fumptoque 
in utr^vis fe£tione pun6lo quovis ^, & connexd B ^ 
fecante £ N in itr, & C i& fecante E H in ^^ erit (ex 
hic prop.) E N : E H : : £ » : E i6 ; unde (per coroff. 2.) ( 
punaum ^ erit pariter ad alteram fe^ionem. Et fic 
ubique. 

Eadem efl demonflratio 10 caeteris cafibus , fi pro ^« ^** 
iofinit^ diflante . punfto ducantur BA,CA, velBIX^* . 
GD afymptotis^ vel parabolarum diametris, vel utrif- 
que (prout cafus fuerit) parallelae ; pro conta£tu vero 
concipias duorum occurfuum pundb A & B, five A & 
C, vel B & Dy five C & D, in unum coire in B vel C, 
& k communi re6);& contingente conne^li, eaeteraque 
(juxu praecedentia ) fieri perinde ac fi quinque eflent 
diverfii pun^a. 

Quamvis hxc demonflratio manifefte requirat, ut 
punituiii E (ratione muneris fui) nec alii cuivis pun&o 
coincidat, nec infinit^ diflet, ut non direft^ extenda- 
tur ad cafum ubi fortib dixeris Duos efle conca^us^ Sc 
unum prasterea Qccurfum fed infinite diflantem ; Ni- 
hilomintis in hoc etiam csifu valet cprpllarium. Nam 

quod 
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§poi de dmbns oontaftibos & oocorfo qoatitQiiiTis lon* 
lo ofteofim efi; , ta hojufiiiodi occurfii iofioite 
Lte pariter obtinebit* 
Cbrtfiif. tf. De diianm ie6Uoimni contaflibus in co- 
loUario p fwedenti oflenia de dnabos liyperboUs [vel 
ftft.oppofi^] «iiatn vd otraniqiie alv»nco<mi «om. 
inuneoi iKibentibos, pariter iiueU^ndA lont Nan 
qoeandmduni re&a conjcmgefa duo pnnda ( eoruoi 
noo in infioiton abeonie ) evadit paraboiae diameter, 
vel liypefbolae afymptoto paraUela ; i^roindeque hu* 
jofinodi reftarum paraUeliioias fimpiici occoriui «qui^ 
pollei» Qt cx &pradiAis manifemim eft; ita re6fai 
wtamque foBHoQcm comiftgens, hujofioodi mfto in 
iafioitom abeutMe^ fit commoats afymptotos ; Et qux 
de contafhi <piantiunvis longinquo vera fiint, dc com* 
mttni afymptoco pariter vera erunt. 
38. Cor^. 7* Etiam fi duas PlarabGlse habestnt commu- 
nei diametros, & duo prxterea comomnia pun£b A» B, 
«d aliad punauffl fibi mutu5 non occurreot, nifi in 
loturo coi^uant. I(fem intellige de ono puofto qui 
fit cootad^. Kam fi dic» aliud dSe cooimuiie pua- 
&vm C» coiiiiex& A B, do£lftque huic parallel& C E r fe- 
cante unam feftionem in E, alteram in e^ Si ti&Bdk 
A B io Hy docatur H I conMunibns diametris paraUelai 
JErit hasc (per anroff. 16. prop. 10*) utriufque ftdionis 
diameter, & biiecabie taiar G E» qoam C e in I ; nnde 
coincidetit E, e ; Erontque adeb^neter commooes di^i- 
aetros quatoor oommotiia pooaa. Simili modo ( fi 
conctpiai A, B concidere, & ^ cojmmont rofift cootui- 
gente A 8 ooone^, & di^meorum H I per coaca&aiii 
duci ) ofiendetur in iecoodo cafii, oraster commoiies 
diametros, tria efle communia pun^ quorum oniun 
cftoonta^s. ; 

Si in priore cafiai diameter re^ A B trai^t per Q 
erit refta per C parallela A B commuais oMiingetis, 
eruotqoe io hoc cafii , prsmr oHnmunes diamecros» 
iria cooMtiania ponda quorum unum eft cootaAus. Pa- 
let crgo ttbique per cmll f* 

Caroli. 
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QroB, 8. Pftrtbola parabolam , ciii ia tQtuni noii 
coograity ia duobua ponftis non ungtL Nam m&U 
cMoeAens comnmnium reftarum cottiia|Qntii3m oo- 
curfiuoi & medium taftus conjungentis pum^pBi eflct 
comQMnm ucriu^ue fedliofiia diimieter : Undi patet 

Vtop. XXXVL Theor XXX* 

SSper piatmr ptmSia feffioms cmka [^yelfiff. M^.J A> ^ j^ 
ByQP iAu:antur^fu0rreff^AB^AC^Bf)jDC^t^^mmhi 
codem moJo auo tn pn^Jitione ptMcdenti^ Et 4*^^ 

fnovis alio Jcaionis funafo E agantwt auatuor rcff^ 
[L,KK^1E.0,EM adpriorcs piatuorml^KjO.M^ 
rcfpcffivi /crminat^9 & ^ cafdem pumodocunque 
incHnata \ Itcm ab am Movis feffmis funffo e, 
c^Mtwr quatmr aSa t\ elb, eo, em, adeafdcmre^ 
ffas cumprioribus rcfpeffrrk tcrnnfu^ta^priarihdQUC 
fcQfeffivi paraUche ; Erunt rcffangula £ L x E M» 
eTx tm^ (ub reffis fcilicct adduas A B^ CDinum 
aUfuo fuatuor punfforum non conccurrcntcs tcrmina- 
tis^ ad inviccm^ ut rcffangfUa EKxEO,ekxeo 
fubrcffis ad rckjuas dnas AG^B D tenminatis. 

Hvlke a6lis EQN>^f«; E RH, rri^. duabna 
A^AC» ineodem pui£b A concurrentibus, refixh 
dtiy^ paraUelis; quaruw EQ^Nirf «^ ocronraot AC 
ittQ»q; BD in,N,«; Z1k%erk docuoant. A B ia 
Ra r ; C D in Hi i6 ; .Erit lob fim, triai^. 

£R:ifr::EL:</| & 

:£H:ri&::EM:ri97^duftiCqQe &c. 
I. ERxEH:<rx<i(::fiLx£M:f/xiLiflr. 
Surfus^EQjtff ::EK:r/i^ & 

£N: tf «I : : E O i^eot du^(qut &c; 
i^ EQ^xEff:eifx^ii::£Kx£O:r^x<0w 

Sed ( per prop« pryeced ) eft | 

ERxEH:rrxri::EQ^KEN:tffxtf»; j 

Ergo per proport i & 2, \ 

KLxEM:ehcm::EKxKO:eitco. 4 

Si 
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SmffU hu Si nStxram qiutuor pun£la conjugentium una (co- 
'^- euntibos duobus pun£lis ) (fic contingens, vel fi dax 
aliqux fint contingentes, Scdux reliqux m tsi£luscoa- 
jungemem coalelcant; Tel h quatuor pnnAis unum 
mfinit^ difiet ; ifn iis nempe cafibus in quibns obcinet 
propofitionis prxcedentis pars prior, unde faaec pendet| 
manet eadem demonfiiratio. Qux etiam 11 re^ram 
EL, EK &c, e^ei &c ali^uae vel omnes in dire- 
£lum jacent, (pundoruin coincidentium ratione habitl) 
non proinde immutabitiir. 
^^Ub0s Etiam/ fi iri hyperboM [ vel fcift. opp. ] cx auatuor 
^*^' pun£lis, uno (ecundum unius afymptoti directionem 
mfiniti diflantei aliud adhuc (quod priori non confle- 
xum intellige) fecundum alterius afymptoti diredtio- 
nem infinit^ difiet; vel fi connedtens duo aliqua {co' 
euntibus piin^is, & Gmul in infinitum abeuntibus) fiat 
afymptotos, duQbus reliquis (five ceeant, five non) 
finiti difiantibus ; Nihilominus in hisj perinde ac in 
brioribus, cafibus valebit propofitio. Nam quodifl 
norum punftorum fitu quantumvis longinquo obtiner, 
in infinit^ diltante fitu pariter obtinebit. 

40. Coro/l Si quatuor re^carum d,uas aliquse in uno qua- 
^^JJJ''"^ tuor pun£lorum nbn concurrentes, ex.gr. CD,AB^ 

' concurrant iii X, & reliquae dux C A, B D in Y, & 
ttStx omnes E L, E K, &c. e/^eJi &c. in diredlum fi- 
centes fiant una reda E e^ quas etiam per X, Y tranfeat ; 
crit E X : ^ X : : E Y : r Y. Nam in hoc cafu coincidunt 
X, L, /, M, w ; uti etiam Y, K, /&, 0, ; Unde 
ELxEM^ . jelxemx^. fBKxEO> . jei^ff^ 

EXq r* i tfXq j"! EYq i * i ^Yq; 

ideoque : E X : pX : :E Y : ^ Y. 

41. Idem erit, fi, coeuntibus pun&is ex.gr. A, B & C, D, 
^J^i^^^tt&x A B, CP fiant contingentes, &.rfliqu« A C, B D 

in taftus conjungentem coalefcant, rtdtaque Ee f^ 
conungentium occurfiim X tranfiens fecet taAus con- 
jungentem in Y. Siquidem in hoc quoque cafu coia- 
cidunt punfta X, L, /, M, m, & Y, K, *, 0, 0. 
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Definittones. 

SI Re£bi A D ita dividatur in B, C, ut Gt tota A D i« 
ad uciTanivis partem extremam CD^ utreliquaex- 
trema A B ad mediam B C^ Re£ta A D Harmth 
ti(i £wfa dicitur. 

£t Puo^ A, B, C, D dicuntur Tunffa, iRvifimis 
fhmonka^ VA Harmonicalia. 

M/. I. Ob AD:DC::AB:BC Erit akernando 
AD:AB::DC:BC 

CmU, X. Utravis extremarum A B vel C D eft majot 
UJcdiaBC nam ADcrCD, velAB. 

CarolL 3. Datis divifionis harmonicse dnobus extre- % 
M pun£lis E, H| & mediorum uno F, invenietur.al- 
Cerum G. Nempe dividendo F H in G in nitione E H 
idEF; VelEFinGinrationeEHadHF. 

Cmll. 4« Sint E, F, G, H pun£la diviGonis harmo- ^^ 
Aicae, fitque I F utriufvis extrems? partis E F exceflus , 
fupra mediam FG; Propter EF5FG::EH;GH 
cm divid. 

Corott.K. Unde, datis divifionis harmonicae mediis 3. 
' poBSis F G, & extremoj^ unp E, i^venitur alterum 
H. Faaa n^pe EI==;FG; Deincfc faciendo IF : 
FG::EG:GH. 

} CoroH, 6. In cafii Cwdtt. 3^ liquet du^ tantiim pun£la 
^ propofito fatisfacere ; tX utrique fcilicet parce pundli . 
'F unum ; In cafu Coroll 5*- unicum. 
i Cbroll -j. PoGtis ut in Coroll 4. Cum fii I F : F G : : 3- 4* J^- 
I EG : HG ; quo minor cft I F re^ieau F G, eo minor 6. 
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eritEG refpeftu HG: fi itaque ficEF = FG> hoc 
cfty fi I F nuUius fit magnicudinis^ erit H G iofinia 
Si fit E G finica, H G verq infinita , erit 1 F nuQius 
magnitudinis; hoc di, eric £ F :r= Fti. Cujus rei oc- 
current exempla in iequencibus. 

Lemma r. 

7. Jleffi A D HartnoHke Jhisa in B, C„ fy utrivis «r- 
tremSiparie AB fmulcufn medii BC, /, r. AC ii- 
feSfa tnJA^Iiico 

Produaa D A, fiac A </= C D ; 
I. Exhyp. AB:BC::AD:DC 

Et dimidiatis antecedeatibof. 

3. MC:BC::MI);DC; 

4.Divid.MC-fiC^,MC::{^^^^^^ 

Lemma i. - 

^. lifJempoJitiSf 'Dko BC:BD: :BM:BA. 

. Namex^.propbrt. fupr^, 

BC :DC : : MC : M D, & pet 4». propoct 
MB.'MC::MC:MDunde 

B C :-DC : : M B: ^ |j $} ^t «Mup. 
S. BC:{BC+^»C|^,MB:{MB + MA 

Lemma 5» 

> 1 

7. lilJempoJitiSt 2>ieo D C : Dfi : : D M : D A. 

Nam t% i. ^xojfcxt. fupra, 

M D ; M C :* : D C : B C, & ex i*. proport 
DC:BC::AD:AB;Unde 

6 m 
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6. MD:MC::AD-.AB, Etdivld.. 

7. UndeaItern.CD:BD::MD: AD. 

t 

LCQMIM 4* ' . 

Nam ex f . proport. 

BD:aC::3A:MB. Etdiv. 

Lemma $. 

/^dfmfeJitis,2)kohJ>:BD::&M:JiC. 7. 

Nam exproport. i. 

BA:AD::BC:DC&a propon. 8. 
BA:BD::AM:DC Unde 
AD:BD::AM:BC. 
2kfXn xeStk qiiavis A D (i per di vifionis harmonicae 8; ^ 
pun6la A,B,C,D agantur quacuor redlae A E, B E, C E| 
DE in pundb quovis E extra re^m A Dconcurren- 
tes, vcl inter le paralldbe ; Ezdem Harmonicaks ap- 
peIIe.QCur. 

Qro/l. Re^ quasvjs ipfi A D parallela harmoni- 
calibqs in a, by c^ d occurreds l^iarmonicfe dividitur. 
Nai9 (ob paralielas re(3as) fecatur in eadem ratioi^e 
quaAD. 

Ixnuna 6. 

lifiem fQfiMy JU reffa qttavis F H ctuvis barttmi^ io< ki. 
caUumE D vel KC paralklajtribus rtBfuis occmrens 
in F,G, H, I>ico,V G, bifeaam in G. 

Per G duaa I K G L ipG A D paralleia, fimilia funt 
triang. IKE,GKF,& ILE,GLH. ?tT Coroff. ad 
praeced. def. J L : LG : : I K: KG: : (per fim. triao&) 
I£lFG::IE :GH. UodeFG^qa 
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Lemma 7« 

XI. Et comfcrjtm^ RtSiquim FGH hifiHi in Gy ^ 
per auomjis pMaum E extrn reStam F H dElis reffis 
PE, GE,HE, 6* ED/»7FH/artf//i?/i, X^ico 
reBas F E, G E, H E, D E, ^ HarmomcaJcJ. 

Per G ducacur KG L I occurreos quatuor re£fcis in 
K,G> L,I, quodfieri pofle manifeftum eft ; Eranc (ob 
FH II ED) fimiiia triangula IK£,GKF/uti & 
ILE|GLH, unde 

IE:GH:,IL:LGt Et 

I E : {q y}- : : I K : K G j Ergo ex «quo 

IL:LG::IK:KG. 
Hoc efty pun^b K, G, L, I funt harmonicalia ; & 
re^ F E, G E| H E, D E harmonicales. 

Lemma 8. 

SS' Si ^^^twr barmonicaks k reSta fuavis utcunque feceu* 
tHriupunffis K,G,L, I, 2)ico rcffam KI Jbarmo' 
nice Jividi. ^ 

Si refbe harroonicales concurrant in E, furoptis duo- 
bus qnibufvis alternis pun£tis I, G, per alterum G du* 
eatur H G F harmonicali I E,qux per akerum I tranfit, 
parallela, tribus reliquis /)ccurrens in H, G, F ; Eric 
(per lemma 6.) F G = G H, & triangula I K E, G K F, 
uti & I L E,G L H firoilia ; Unde 

IE:GH::IL:LG, Et 

I E •<[ Q Tj f * : I K : K G ; -Efgo ex xquo. 

IL:LG::lK:KG. 
Si harmonicales fint parallelx, res per fe nunife- 
ftaea 

Lemma p. 

14. ijr . Si dua reH£ ABCD, AFGH Aarmonici tfmfa ba* 
li\ SWf ^^^Vf ^uoJ^bet Jhifantdn punBum A communey c^- 

tcrafut 
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ieraque ^tvijimum punSta reStis B F, C G| D H enR^ 

-n^itim conjungantuvy i e. prtmum unius cum primo 

ulterius^ fecundum cumfecunJo^ tersium c^m fertio ; 

. ji communi [ctlicet punBo verfus utrumvis extrenmm 

frogredtenJoy fy per aUerum extremum {fi opus) re- 

Jeundo ; W, quod idem efty Jecundum unius cum fe- 

cundo alterius conjungatur^ catera pro kbitu ; 2)ico 

reSas BF^CG^ DH vel coire omnes in comnumi 

jmnffo E, vel ejfe omnes interje parallelas. 

Primb fi earum binx quaelibet ex.gr. HD, CGI4*'T* 
coeantinE. JundlaBE tecet AFGH in I, aut (fii<5.i7. 
fieri poteft) fit ei parallela, & connedatur A £ : Si ^^* ^P* 
H E lecet A F G H in I, ob divifionem harmonicam 
eront E A, EB^,-£CG, EDH harmonicalcs , & 
pondla Aj I^ G, H hkmonicalia^ «uti etiam ex hypo- 
thefi fimt A, F, G, H ; lecundo vero unius redae 
pundo .cum iecundo al{erius connexo , pun^ F, I 
iemper cadent ad eafilem partes refpedu reliquorum ; 
Nam fi pun£lum Pfitmedium (fcilicet inter A, Gjji^.if. 
hoc mani&ftum eft, cum A G angulum A £ G fiibten- i(S. 19. 
daty quam du£laEBI dividit; coincident ergo pun- 
Aa 1, F^ dlm ( per cwoU. d ad def. harmon. div. ) *in* 
ter A, G non fit aliud medium ab F diverfiim. Sin F i^. 1%: 
extremum fuerit, idem nihilominite eveniet ; non enim 
cadit I inter A, G medium, cum £ B extra angulum 
A £ G cadat ; curaque ex punAis A, G^ H duo fint 
media & unum extremum, non erunt (per idem corott.6.) 
duo adhuc extrema I, F i ie invicem diverfii* Coinci- 
dunt ergo I| F. /. ^. F B tranfit per E. 

Si EB dicatur parallela AFGH, crit AH = HG 
contra hypotheiln. 

Siduae aliquae conjungemium GC, HD parallelxio. ai. 
fint| Ob fimilia triangula erit 

CA:AD::GA:AH& comp. vel div. 

hano. ) CB : AB ::GF : FA unde triaoguk ABF, 

ACG 
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ACG fiinUia fant, hoc t&, BF^CG,DH 
lek. 

Si jpmSU harmonicalia alift lq[e conjangantui 
laimn conjungentiuin coQcurrent inter pun£L 
nexaydux vero non; Unde non erit communis omnicai.^ 
concnrfus. 

Lemma lo. 

22. 13. Si reffa bartnmici divifa ABCD, ^ alia liftarum 
24. 2T« Mfa B F G^ bdbeant fmdkhct dnnfimum PmSfmn 
9tf. %7, cmmune B, fy Juo reliom hifmam divipe fnmSa 
cum totidem alterius retlit A F» CG eonjungmtur^ 
^per refidtmm iarmonici diviffe funffum D i^atur 
V li ififi BF G parallela ; /ta tamen ut cum punffum 
B fiicrit Infariam diwfe entremumy fecundum umus 
cumfeeundo aiterius conjungrtury fin 3 medium fue- 
nt i^ariam dnnfk punStum^ punSIum D per mnd 
parMela reHa JkKtturfit 4 communi B fecunanm\ 
Catera pro lihitu. 7>ko re&as A F, C G^ D H cmc 
mmes in communi juodampunffo E. 

Ob refUrum, quarum pun^ conjunguntur» pirt^ 
uniua quidem sequales, alterius inxquaks, liqvicc A F, 
C G Goncurrere. Pocro manifeltum tfjtj A F^ C G noa 
efle ipfi B F G parallelas, proindeque utraqmne hoic 
paraUelae D H occurrere. 

Sit esgo ipfaruin A F, C G occurfus E ; Pqrf dv^ 
EIparalleiaBFGfecanteABCDinl, QbBFGbi- 
fariam d2viiamy& huic parallelam EI^ ( cpanexil f^Bj) 
^runt £iB, E A, >E C^£ I ha&manicales^ ^ pun£ta B, A, 
Cil harmonicalia, uti funtex hypochefi ByAs.C^A 
undeottendecurXuc in pciore lemmace) .pun^ |),r 
coii!icidere^ hoc eft, remm DH tranfire .per E. 

Sckd. iLemma hoc e(i:,(proipri^) (vraBcedeiitis cafus 
particularis ; nec pun^ iCpnjupgendi lejc hSc .pofita 
ab im diveria eft; cum (por coroff. 7..ad def. prasced.) 
^iWfio bi^iam Qt diYifio harmonicaji cpjus pun£lqm 
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imum^ ad utramvisparteni^.ininfinitiitaiafcit; ideoque 
^cSU ab alterius redas ptmdo aliquo du^a bi&nam Or 
fvifit pmlkky piro punda conjungente habaada. 

PropoGtioI. Theoremal. 

SS feSimcm auamvis conkam^ vel feSHtmes oppofitm^%%y %^ 
cmtingant Una reS^ A D, A G concurrefUes m A; ja ^. 
perpimSfum verh cenemsAs A agntnr reSa AL^l^i^. 
leRioniy vel utrifue feSliiMm eppojitdrum occurrens 
in L, I, (E^ conjungenti taStus D G { inr o^,. feSt. 
froduSta ) inK; Vico eunJem barmonk^ diviM i 
funffis Ajl^Kyli i.e. AL: AI::KL:KL 

Haec propofitio eft cafiis coroUarii propofitienis ^6. 
p. I. Ob infignem ver6 & fire^Uentem qus in iequen^* 
tibus uftimi viiiim eft eam denu6 prop(mtam.peculiari 
demonflratione munire, fiogulis cafibus finguhs figuris 
cxpreffis. 

Ptr I, L adx E IMH, ELNF ipfi DG paniUelx 
dccurrant contingedtibus >in E,H> ic %Vf ft^ni 
vcro, vel ie&ioni oppofitabi velutrique fe&ionumop- 
' po&tarum in M, N ; Erit ( per Prop. tp. Parc ^i.) M H 
=:Er&NF=BLr.V.ME=HI & NB = F.L. 
£t (per Pro|t i7>^el i8. P4rt. x.) erit 

LBxLFr' IeIxHI ]^- ^^^9 • ^*^^ • AOD 
n^ paralielas) KLqrKIq. Rurfus 6b fim triang» 
LB:»E1::AL:AI & 
LF:HI::AL:AL Duaifqoe&c. 

LBxLF:EI.xH'I::ALq:AIq:: (priiis) 
KLqtKIq. Ergo AL: A I ::KL : KL 

CordU. 1. In hyperbola & £Uipfi, Sifrefbcomin^ns 33. 34. 
ItQioiutti in qoolibet panfk) D, euivis: diaibetro I L 
(fi opds prodaftae ) oecurrat> in A, ^&i^ taihi :Dtd 
eandem diametrum ordtnetur refta D K ; Veh£\«l dia- 
metrom^quamvis I L ordinetur reda D K, 4n cujus -cx- 
tremo D re^a D A leftionem contingens occarht dia- 
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inetro in A ; Eadem dianecer in pundlis L, K, I^ 
harinonic^ (ecabitur , i e. erit AL:AI::KLr:l[ 
Nam produ£l& D K donec iedioni denu6 occurrae 
G9 Contingens in punilo G ( per CoroJl 17. prop. 
parci.) occurret contingenti ADfuper diametro 
m A. Unde hic cafus non diSert ab illo hujas pro] 
fitionis. 
33« 34. Cifroff. 2. Unde (cum centrum hyperboke vel 

lipieos C bifecet L I ) erit per Lemma i. hujus psirtis. 

£t per Lemma i?. in EilipG per 3"^. in Hyperbola. 

LK:CK::AK:IK. 
Et per Lemma 1. in Hyper. per g. in Ellipfi. 

L A : C A : : K A : I A 
Et per Lemma 4. in Hyper. per y. in Ellipfi. 

ALi^AJs^: : L#Li:l js.* 
Et per Lemma 4. in Eliipfi per f . in Hyperb. 
LiJsL' La\jt ::JvA: 1 A» 
jf • OroJl 3 . Si contingens Parabolam in quolibet punSo 
D cuilibet diametro I L occurrat in A, & ^ D ordine- 
tur ad hanc diametrum re£la DK> erit AI = IK. 
iNam produ&& K D in G, Contingentes in D, G, ut fu- 
pra inCorolli. coeunt fuper diametro in Aj, Re^ vetb 
A I K L in quo vis alio fitu A / 4 / f<^£tioni occurrit in 
binis punAis t) /, & (per hanc prop.i.) harmonice di- 
viditur k pun£tis A, r, ij; Jam re^& AiiJ fitum 
A 1 K L obtinente, abit puardum L in infinitum, ujicie 
( per Coro/l 6. ad def. div. harm. ) A I = I K. Hanc 
v^ro parabolae proprieutem peculiari Theoremate nx)X 
dignabimur. 
i6. 37. CorolL^. In hyperboli vel opp. fe£t;. fi re£b A I K L 
. fit utri vis afymptoto p^rallela, erit A I = I K. Nam 
in quovis alio fitu Ailicx una parte, erit A /> in di- 
vifione harmonic^, pars extrema, & iJi media^ i.e. 
A / tr / ^; ex altera parte crit ik extrcma Sc Ai media 
lc. iic A / ; proindeque in fitu A I K L erit A I 
= 1K. Patet etiam eoideffl modo quo in corollario 
praecedenti. 

Coroll 
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CBfott. jf. In hyperboli & oppoficis icAiombiu, 638. 3^ 
; contingentium altera ex. ^r. A D ( u<3tt D migrante in 40* 
r; idfinitam \ deg^neret in afyqiptoton , GOBJangens tk^ 
- St\x% G D nt re£la eidem iafy;mptoto paraDela» idemqoc 
^ praeilat quod uAus conjuogens in caubus hujus prop.i* 
^ & Ccrott. 4. nimirum fi A IK L occurrat iectioni, vel 38. jp. 

ie£lionibus oppofitis, in binis pundis, erit jut in caftt 

• hujus prop. AL:AI::KL:KI. Si vero A I K L 40* 

i fic alteri aiymptoto C E parallela, erit uc in cafii Co- 

roU./^ A I = I it. Nam ijuod in aiio ^uovis fitu re^ 

^ G D ex utr&vis parte obtmet» in fitu interaKdto obii* 

nebit. 

CoroU. 6. £t ut proprietates, quantumvis fpecie di- 41« 
{li&das, aliquali affinitatis vinculo conjua&u^eBe, & in 
ie mutQ6 tranfire innotefirat ; Si in hyperbolft , vel 
ie6i opp. conta£faiuro D,G uterque in inhnitum abeat, 
contii^ns utraque fit afymptoto^ haromque occur-i 
fus A centro coincidit ; pun&oque K cum ia£lus con** 
tingente in infinitum mig^ante, fit ( per idem CoroU*) 
LA=AI; Eft vero tn hoc caftt L I diameter, atqu^ 
inde etiam L A = A I. 

In Eilipfi vero vel feEt. opp. Si <^oatingeotium oc- 41. 43. «. 
curfus A migret in infinitum, erit ( per idem CoroU. ) 
LK = K I ; fed & propter pun£lum A infiniti difians . 
erunt D A, L A^ G A invicem paralieix, unde erit D G 
diameter, & L I ad hanc ordinata^ atque hinc etiam 
LK = KL 

Prop.ir. Thcor.II, 

« 

Si parahhfny cujus Jiameter juiehiet A K, ©* V^^ 44^ 
vertex I, refla A D ultois in t) contmgensy etdem 
dikmetro occurrat in hy ^ a taffu D ordinetur ad 
diametrum reSia D K ; J}ico A 1 =:£ I K. 

Per D du£ti diametro D M, ad hanc ordinetur I G O» 
quat erit propterea parallek A D, & t>iie&a in G ; Ab 
O.ad damctrum AK ordiiKtur O N qua&efit ideo pa» 
railda D K, eruntque iriangula K D A, N 1 fimilia ; 
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ObAOxxI6entIO = aAD; idcoqu^ ob fioiiL 
tfiaiig.NIi:taAK, &liO^%KD: &fi|ier£^aJL 
4«pn>p^ao.ii»i.NOqzs4KDQ:KDq s: NI :K]^ 
i.t.Vilz^^Vil. Ergo^KIz^saAK/. r.aKIz:: 
AK />.KIsAL 
'''^% CareH' ddioMC iy pTMffi/. flropL Si ex «odem pcio^ 
o^iuri*- A tf Ai A D feSboaa^ vel a atm fe io6l, opp» coadiip 
rM» «;Vi« gjiCy alttra A L I fedlioneoi vei leAioQei oppofitas &- 
^'^'^^^'ect io duQbas poo£lis L, I y vel in unico ) fi ficHj^ 
perbolB kfjmpioxo pacallela^ vel Paraboix diam^cer; 
Ditifqae firibus A, L, I iaveniatur qqartuoi diTffioii^ 
harmonic2 pundum K , quod fit medium incer L & I 
: fi puaiS:^ L, I • fint ad eandem ie^ionem, excremttm 
Yer5 fi Biht ad oppofitas ; Vel ( fi A I fit afympiioco pa^ 
i^ailel^ vel piraboix diimeter ) fifiatl!K=rA.i; Sc 
^ncftacar K D occurfeas deqo6 fe^lioai» vel ^dioai 
opp.iaG; Vei (fi ADfit afympcotos,) fi dupttur KG 
parallela AD (ecans iedionem ia 6: Eric conneya 
A G contiagena. Nam dac^ tribos A, L, I aoa cm 
^liud har, dtv. pua&am excflemem, vel inter daca L|I 
-medium, prxter K ; Nec aliud puodum divifioois bt 
" '. fariam ad pftrcos (e£lionis przter K ; uadc eit prop^ x. 
^ a. (atis liquec propofitvna. ' 

Frop. IIL Theor. IIL 

4^. 4^. Si feSHmem quatfms cmicam^ vel feStones ofipofitds 
47. 48. ctmtingant itM veBdC A F, A G, ctmcurrentes ia A, 
^per fi dmatiir A V taSus cmjungenti F G ptsrci' 
tela \ Sfnfiftofue in W quolibfct funBo V, per V 
^ medtum punSium taSim cmjungentis ducatw 
X V p Qccurrens feSfiouiy veJ JeStionibus oppojitis in hi' 
nispm&is Tj L : Z)/ce? ^and^m harmontc^ nHvidi i 

punais y,T,o,u 

r 

• " J •' 

J . , t / . ' 

i CpbneKa:. A L feiSioili oceurrat in Q, & re^ . F G 
iOvR) & dueacur Q P paralkla F G,eidem fedioni dc^ 
nui^ vel k&^oai oppofiue occuirei» in P; oriteoa-» 

ne» 
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nexa A dialMteri btlcca»» Q^ in S. Pf 6fmt A L 
(per prxced. ) harinonicfe diviiani , ^itm O L^ O R^ 
O Q) O A baritefnicales ; ergo cbni ftt QS ±=1^Pf & 
SP para}kU F G^ fncidec fanSttm P. (fltt^t \m^ 
ma 6. hujus p.) in redlam VOL; /*^. pM^M f 
ie£ltdni & ttOK V O L cdmitatide eft) ^ j^tohtde iictn 
cum panao T. 8ed ob A QLR L ( per pt^fted.) h^^ 
diMic^ AiviGioi^ erunc parafilelae reoac A V, QT^ R O^ 
harmofifcate, & pun£lum L GoakmtfHe eft; ^stfit reAil 
V O barmonict dhriditur i puiiftis V^ T, O^ L. 

CoroUti. Ifi hyp6rbo}4| vd feftfonibiil ^pp^Gth^ 49- 
Si pun^m V ita fumdtur m fit V O alterut^i afym- f o. 
ptotftn DC pfllralleia^ maiiifeftiHii itt hanc nni laii^ 
tiim iedtionum oppofitarum idque in uiiie^ ptffiAa T 
occurrere ; unde in hoc cafu ( occurfu L in infinitum 
abeume) fit (pet Ctrolt.^. ad def. praeeed.) V T= TO. 
Patet etiam uc ccitoB. ^ prop. i* 

OitoU. 2. Ec in PaF^boll, coincidenttbiisr ptttfiftis V, '^' 
A) hoc ett^ exiiletite V O diameiro; fit V T 3±sT 0| 
tit pritii dftenfam. 

CbrolLi. Ec iii omnibQs cafibtrs, pon^ V fn ififiai- 
trai abeunce, hoc eft, dod^l V T O L ipi V A pairal- 
lel& j cdifieideiittbus T^ ^^ & G, L, fit TO s± LO, 
^icfd (k vtrdm eil ob dia»etrum A O. 

^ • - • 

PWp* IV. PfdW. I. 

A dato extra feSlioniSfn^ vil Jefimei t^pofitds^ pimSfo f%. jj. 
A, reffas hJiykG Jucere. qu^e feStmem velfeSliO' j^, yy* 
Mi ^Jkai contif^mt. Oportet autem m ptm^m . 
A in HypetMk ^tfiff. ofp. mn fi$ ctmrm. 

P(» A dtlc^ffttfr A I Ly A f / fe^ni Vei ieaidnil. 
bas dpp. < vet ivfriqne feA. opp» &c. in I, Ly/V/^octfrreii^ 
te9, qildd fieri pdfle iiianirefii>i(> eft ; fmiS^ tnbift 
hartioiiieae divifioiiis ptin^ in ntrS^ue re^l A, L^I ; 
A54 r 4 inveniatur ki tfirftqtie iiftifa fe^iototM qtiar* 
lHto K^>) Conne^ta K l^ o^ftlrafc feaio^f, v«l ftflio^ 
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Dibas oppofitis in D, Gj eruoc connexac A D, A G coi 
cingentes quaefitx. 

Nani ( per prop. i.) conjungens tadus contjngeM 
tiom ex ponSo A, tranfibit per K, k^ proindeqiie noa. 
g^ f^tnt i DG diverfa. 

r4/ htmrn ^ota \ Si fit A I = A L> quod inter (ed. opp. qaaa«^ 
*^"**" doque tieri poteli:, invemo i, ducenda eft ^D G,paral* 
lieJa I A L; iiaai K infiniti diftat. Si A fit in altam* 
vA afyQ^otftn, erit D G iofinha, i, e. afyniptoto pa- 
rallela,. unaqoe untum duci poteft contingens ; noc 
tfl;i contiogens altera eric ip(a afymptotos. 
. f^ ' Sciol Auas OEtethodos (eafque fbrte aliqoando com- 
naofliores) ex prop. i» hujus partis coroUanis ledor fa- 
cile excogitabit. 

- Prop.V- Theor.IV. 

4 

f*.' J*]. fn pkno feffmis conica , vel feffionum oppqfitarumj 
j8. y^. JuSti fuivis reffi V A ju^feffioni, velfeffiomlm 
non occurrat , nec per centrum tranfeat ; Inventaaue 
ff^ametro A O M reSlarum in feffione^ velfeffionim 
ipfi^K V paraUekrum^ occurrente reff^ A V /« A ; 
%)ico copjpngentes taffus binarumfuarumcmfue con- 
tingentium V H, V I, ex fucvis punffo V. reff^ V A 
duffarum^ tranfire per unum iaemfue punffum in 
' feffioncy vel in alterafeffiomm oppofitarum^ mednm 
fcikcet reff^ F G conjungentis taffus amtingentium 
A F, A <? ajnmffo A ^affarum. 

Conjungjens taflus F G ( per def. ) ordinata efi: ad 
diametrom AOM, proiadeque parallela AV & bi- 
fe6la in O; connexa VO & produdtaoccurret fe£lioniy 
vel fe£(ionibus opp. in T, L, vel ( fi fitafympcocp pa- 
rallela) in.un^co pun^o T. Si occurrat in binis pund^ 
esidtm 4 pun3:is V,T, O^ L harmonic^ dividitut ; aliS^s 
^ pun6iis V, T, O bifariam dividitur, ut patet ex prop» 
j. & ejos OroU. j ; at per prop. i. & O^o//. 4, liquet 
CpnjtrngentQei taiitus fl I cpntingeopium VH, VI 

iraflfir? 



t tranfire per ; catn tnaDentibus caBttris ^tiBtif non fit 
intra fedtottem aliud piinAuni dv^iRom.haLttmxnkx^ 

f vcl diviiionis bifiiriatn,; ab O divcrfum. . l .. 

i Ccaroll i. In hyperbolfty Si punfhini Y.j in akeiam ^o- 
»fyn}pto(6a incidat, contingemium ex V alter^VI in 

r afyniptoton degenerante^ re£bi per alterius /VH con^ 

\ ta6lum H eidem aiymptbto parallela per traafibit: 

; Nam H I vice fungttur tadus coojungentis; . * 

CarffU. 2. Si \ pun£lo A exua feftioneni,' viei ledlio- $6. %7. 
nes opp. duointur doae conciageat^s AF^AG^ ficque <^* 
tadus conjungens F G ; fimiiiter ex alio potiAo V nnt 
contingentes VH,VI, & taftus conjungens H I, oc* 
currens F G in O ; Jundli A V» erit punftum.O com 
curfiis omnium cot^ungenttnim ti^us contmgdmifim' ex 
quovis punfto reda: A V dudlarum : & ( per pnop. 3* 
cum Cmlkriis) dviQk per O re^.QU&lifaetGfOctirrenn 
utcunque re£lae A V> & fe&ioni vel ie£l. opp. in binis 
pundis, eadem harmonic&. dividitnr ; vel bifariam di- 
viditur tantiim, ii fit alteri a{ymptot6n hyperbolae pa- ^ . , 

• rallcla, vel fit parabol» diameter. . ,., .; 

Prop. VI. Thtor. V. 

Sumpto intra fcSfionem comcam, vel unam feffionum -^^ ^« 
oppojitarum quolibet punSio Oy quod in EOipJinonJit ^g ^^' 
centrumy invfntajOe diantitro (ju^per tranfit\ per ' ' 
O ad banc ordinetur E O G, feffioni in F, & pccur-^ 
rensy in cujus extreniis feSionem conjihgant F A, 
G A, diametro A O oCcurrentes in Ay c^per A aga'^ 
fur AV ip/i¥Gpa^alUla\Vicor^^ds}iK,lK 
continrent^s in oCcurJihus reSa cujujvis ViOl per 



punffum O duff^y c^feffioni, velfeff.opp. in H, I 
occurrentis, convenire in punffum aliquod r^effa AV, 
aut ejfe eidem parallelas. 

Si contingehtes H K, I K coQcurrant in K, agaftur 
.0, qoac prodo^ oceurrat lcdiooi velie9:ii>niiiu8 

i L,T, (quod femper fiet nifi KQ fit aUcri afympto^ 

t6a 
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itii hypttfaofaB ptfilltU > & tt&£ AV is V; 
(pKSfiicr^diaincttim) O inedbiiitt fNui&iuii itfiac F 
iinde reda LOT£V (fls^ prop. i.)hiirmoiiicfe < 
nidiMr krptfndif LyO>.T,&, & (per prop. 3.) 

Cinais L^ O, T^ V^ crgo coaociduot piinaa K, V. 
QT K V fit ifynkpCDfKi pardikla bifarian ibvidi«ur 
poaOM O^T^V» &lbniinai9 0»T,K^niiclt in hotf^ 
ctiam cafn oouHrkknt K, V* 
- V X SiHOidianietrD.Aa coiocidat (in ElHpG lcf- 
. Ikcfitdro&L t>pp« > ainifeftiim dl fore H K» I iSL ip6 
I h V pAi^Bdasc 

tfo. CSirdA cGiBii niaafk racio ctf£Ue pet ta6fam sfym^ 
pioco pandJcbti ai^e^ts^ii^coliJQiigenti^; St refta 
HOI idojfts & aific!ri afymptoo&n paralkky Liqftict 
ttii§ciMeQ» irt aa:m:fo ejns cvni fedijooe HK, per ejul^ 
dem afympeoti; dccntiboi dilm «fift A V uatt&re. 

PrQp.VII :Tbeor.VL 

61. 6z. In omHi Sef^ione ConkHy vdfitimnthus oppofitis^ duHi' 

63. 54. quavis reSlA F G ^uaJeSIioni vel feSiionihus oppojt' 

^J2J^*^ tis in hinis pun&is F, G oacwrat ( velforte unico m 

*** fyp^f^^^^ vei feffionibus oppofilis) nec per centrum 

. tr<mfs4ti 2)ic9 conjungentes tailus H, I binarum . 

"* - -^ ' qtiatufhQfMKiue contingepiutm B H, B K ^ ^«bv/V ^tf^ 

: • . TSfoZ felfk P tf emafeliionem vetfe^ionesfuinpto^ 

' . «/ fc^i^nem telfe&iones duBarunt , ttanfife per 

untm idemjue punEfmft k extra feHioriemy 'bcffe" 

{iiones %^ pttnHum fiittch^ in quod coifunt co^inien- 

teffemo^ni; vd^ velin 

[' qttodfangeni in Wumttitiaoifufk altefo ^onvenit cum 

afjfmjbtotOy^faies^^^^^ii^aeft (^mptotp paataUeU, 

^^^i^l/j^pHnffuni Bifia^eram^mpioton inciJaf^ reffa 

*^* ' percorita&um tiriica contimentts ipunBo fi ^uB^ 

eidem afymptoto parallela^ per iaein puftStim A 

. iranfiHi^r^ , .. . , r j - 

A piMfti^B daeMorBJCLM rd^ioov vdiefUdtii- 

Hi 
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HI oooarft»R»&juQ0amurKR, M£, qotrumMR 
fi ofii»j)fodp^.oceurat eidepv ^cl^ afpcAt»MtiQni 
ifl N ; ennit ( (iropter BK LM kanmmici dfWfin ) 
rta^ BR, K R, LR^ M R fcarjiioiiiciki: Dcdkx ft N 
( fi opm mi)d«^ ) oecoirtt LR ( fi of^ 
ia Py KR (fi opus produ^) ixtQt & ieOttii inO; 
hgec (pcrprop. i.hujus p^) faaniionici diioditor m^ B| 
Ny P, O, & propier hannonicalei ( perJfuiipa lt;)'in ^ 
B, K^ P,Q| coincidont ergo punda O, Q ; five occur- 
ilifi reftarun B N, K R in ipGKQ feftioneai igindic. ' 

DuAis igitmr KSN,MTO ficantibotFe in 8,T^ 
hx (pcr laqma p;) conTcniem ivper re^l H (fi opo» 
prododi) in ptta&um alifiied D ; (nanrii dicantoc 
KN,HT,Ma ptrallelar, erit ( per lenima A) KS 
?=SN& OTrsTM, unde FG teanfibit par OM- 
uum contra hypothefin.) Sed ob harmooieaki.LRIIi 
NRM,BFSRT<j,KRO,itaa!DNSK,DOTM 
harmonic^ dividnntur & puii£lit D,N,S,K ; D*0,T,M: 
unde ( per prop. 4. ) jundlae D F, D G fe£tionem vel 
iediones oppocms comingeoc ; vd fiiitem «ondwBe 
alc^^ erit altcnt aiympcocoa ; le. noki enint ah APi 
AQdiverias. Tf aimt «f^ I H p^ A« > 

Si M R fic afymptoto paralleb, duoeodi^ ftint K U, 
B N huic parallelir. Si GByHl fint paralldbr ^qt^od 
in ftft. o^ fieri poieft ) dttdeodtiiiint MRSy K R his 
parallelx. Si re6faiqii«vis fic oaivis hamoitiGaiiQm 
paraJleby oon haroiooic^ fed^l^ifiiriam lecabhur. Ea- 
doDque^c» piiiu conieqoenior, a^ibitis (pro re nacd) 
leomiaoe ^tf, vei lo» &^c»til. 4, vd f ; piop» %. 

Prop.VIIL Theor. VIJ. 

Sk9ifio rx^ fiffkmem emkim wlfeffmfif$fp$fitas6t. 6%. 
fsii/i^^ fmS$ A 9MJmnJiticSntrtm\ HkpUmsSi. 64. 
fmfsmftfi H B4 B amtmgemee leetkmm vleijhStie^ 
eks efpoftt^s' i» dmkiu (Kemjimsrefhe ettft^s 
A H I perpmBmn A duBta\ e^mfenis^em^^imShem 

4Uqmd 



oBpi^J^RrtShc FG coftjuaigentis tafftft reBarumi 
AFy KQ ftSmefnvcl Jifftones ctmtii^fmtiHm i\ 
punSlo A duSarum ; vei in ptmSum abqmod B 
reSta qna per contaSum unic€ contifigenHs a psmA 
ffo A dnffjit! ^beri nf/fuptoiin paralkh ducitur^ qm\ 
* ties tmStum h in eidem-^mptQto fumptum eft. > 
^^jire&^XyilJitatteriafpmptotMparaUeLiy coa^ 
tmgens in unico ejus occmju cumJeSlione per ejnf 
dem ufymiptoti occmfim cum reQa B F G tranjibit* 

Comifigentes ia H, I, coeant ia B; ex A du6lis 
comiogenttbus AF, AG^ coniungens laftos FG, G 
opus produda (per prop* prsBced.) cranfibit per B. £i& 
(inutatis matandis) m onuubus catibus. 

Ntta. Si i H iit diameter EUipleos vel re& op}% 
ponAiHii B iofinite diftabit, hoc eUi erum I B,HB, 
GFBpicaUeU. 

4 

'. Prop.IX. Theor.VIII. 

^6%. 66. SiJeSionem conicam vel feSiones oppofitas coniingMt 

67. tfS. . du^ reS^e AF, AG concurrentes in K; fumptofoe 

suffu crfiu in taSus conjungente F G punSo B, ducantw toti* 

*^ ' dem aU^e JeSimem velfeSiones contingentes B H,B I, 

priorihur cofttingentibtts in K, L, (^ E, D. occurrea* 

tes : \Dico bas qUaiuor cofitmgefttes afuutitis occwrji- 

\ . iusj propriifque contaSibus barmofuce dividi ; fcilicet 

k punSii AVK, F, E ; A, L, G, D ; B, K, ft L; 

B, £9 1, D ; vei btfariam dividt tantum fuando ocW* 

fuumvel fontaSuum alijuis abit in inpnitum. 

Ajymptoti contin^entihus^ bifjue paralkla per taBas^ 

taSus conjungentibus, {ut m prioribtis) accenfentur* 

: , GQntungens taflos HI ( per prop. 7.) tranfit per A' 

; Et proptcr B G, A I harmonicfe divifas i B,.F, O, G; 

A, H, O, I punttis,; txxt iaiteai btfariani divifas^ Eram 

AB,AF,AO,AG, iteniBA,BH,BO,BI1iariiK>oi- 

" cales ; Uode ijqoet propofitum. 

Corol 



CoroU* Si tres tami^ (int contibgemc9 AF» AGy6f.66. 
BHj qQarum quaelibet BH conjungenti ta^s reliqua* 67. 6S4 
rum occurrit m B,'ipQsyero connngehtibhsinKjL;^^^^**^*^ 
Dico hanc harmoiiici dividi k pun6lis*B^K,H,L, vel *'* 
bifariam tantJLm fi &c. Dafia A H & prbdu^la occuiy 
rat ieiiionii vel (edtioni oppolitae in £; Coiftingentes 
in H & I coibant ( per projp. 8.) iil aii^udi punAum 
redtse FG, quod eht f>unaum B^- iii qubdBH, FGt 
prius coibant ; Redit itaque ca£]S cio illvm hujus 

STop. p. Et Gc in reliquis cqntingentibus, t&^ in bmni-- 
usL cafibus. 

Stiol In parallelis eontingentibus B H, A G in £1- tf 7« 
lipfi & opp. itSL tranfit cafiis hujus oDrollarii in illuiit 

caroil* Prop. 27. partis i. 

» 

Prop. X. Theor.IX; 1 

/n EBpJi^ 6* JcSionihut yppo^tis^ fi i ieiminti cu^-^p. 70. 
jufvis diametri A B ducantwr contingsritti A K, B I^ 
cumt aiia conti^gmti TD octurrentes in K, I; ^ - - ^ 
2Xc9 AKxB I 4eqmle ejfe quart^e imrtij^ia itfn-i 
tnetri A B, i.e. \^fi fit centrum Qfy pmmetef fivei 
Utusreffumlt) CAx§lr = AKxBl. ^^ 
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ConctdgeiM T D occarrit diametro in D/ ^ conta^la 
T. ordineiur ad diametrotn re^ TO» '&^ centro G 
agatnr ad contingentem T D re&a C R reftis A K| 
B I parallda : Ertt per OiroM. 2. prop. i. 
I. CD:CA:<?0-H-ideft, 
CD:CO::CAq:COq. 

Et dividebdo ■. - 

C CO-CD> . C QOq-CAqV 
x\ vel C D-C 0>: CD : < vel C A q-C q S VCAqi ' 
i DO 5 • i BOxOA i 

'"■■.' .-•'/• 

'£tper Cbrall S' Prop.d^. ?««. i» . . " 

BOxOA :OTq::BA:/r • = { ^oil' ' "{^''' 

I ::CA 



.* 



A. \ 



3«ROxaA:CAq::OTq':|fig4CK diani.AB: 

Ergo (pcrP^oport. »,«3.) 
4. DO:GE>:;OTq:|figuraediaaxABL 

Per C«ro// x. piop. i^. 
D. A : DO : : DC : D^ idfoqqe ob. £» triaag. 
j. AK:OT::CR:Bil, ta4)T:xGRr;AK)i.»L 
ftufliis ob fioi. uiaogi 

€. 0T:Cll::DO:DC::0Tq:{2RxB?} 
^ > Erfbb per- proport 4. &'6. 

OT q : |%dttMt A &: : O Tq : AK xBI : qndel % 
diam.AB = AKxBI. 

Si ia Ellipfi cootingens KTI Gc diametro AB 
parallela; Sit CN: femidiameter buic conjugata , 2c 
cpincident punila T, R, N, fictque AK=CN=BI, 

adeoquc AK X.RI =^N.q»( par ixr^4- I^op^ 
pk i.)Jifi9.dittnw AA 

6p. 7>. Cm/Ii I. Pofidk C N' ienidiiiiiAtro ipfi A B. cooju- 
^t^, erit ubiqoe AKx B^I =|^f^ dianh AB=s3fper 
jMH, didum cero^. ) GH a, 

69. 7a CoiroU. 2. & fi. dii^ diamctico. 1[ CIu , contitngBns 
inLoceurrat I B produ£be in M, erit MBxBI = | 
fig. diam. AB ^cirCNq. Nam (;ob parallebis. AK, 
MBI/& KTI,LM; & oKjuales^ TG, CL &BQ 
C Ay) ^uiangube. & aequales*erunt %urai C AliCT^ 
CBML; UadeMB=AK,&MB^BIaA.KxBI 
=CNq. 

Prop. XI. Tbfor. X. 

71. 72. Sint ^Hpfeos^ vel, Hyptrhkt^ ^t ffffm^mopppJi(4- 
rum,, dud^, ^d?vts feniidtametpi conjmat^ AC| 
CN, guavts aUiC pariter conji^at^ TC, CX, 
JuStifque AV.lfy ; TS,%S^ compkantur paral^ 
kbgranfma ACN V,TCX5; T^ttcoJkac ejfe intcr 
fe 4Cjuaiid. 

Produ^ 



Prodii& AG feftioni vd &^ epp. ooctnrat in 
S, dt^ufe B I ptmliela C N oocuriat T S ih I, ip6 
VeK) TS6«u«rJil AVihK&AB(S opas pn>- 
iltj^) «I D; iictatlro C docaiettr C Q^ occurrcns T S 
in <Xf ^^ & aivg. DAK vd DCN = bQC, aga- 
tttrque jiioic paraSela X Y pccarreoft T S in Y» & it T 
l)tdinet&r ad diametruni A B reda TO : Enint re^ 
TS^ AK, BI eomihgentes , & triangMla DAK'| 
D O T, D Q C, D B I, fimilia. 

Per fioi. triang. & CoroS* x. prop. i. 

ID:TD::BD:OD::CD: AD, idcoque dir. 
vel comp. , 

ID:{"»*/I'}::CD:{<:»c\*''>&; 

aitero. 

i.IT:CA::ID:CD:: (obfim.triang.)BI : CQ. 
Rarfus per fim. triang. & coroll. z. prop. i. 
KD: TD:: AD:OD::CD:BD, ideoque 

alrern. 

1. TK:CB::KD:CD::(obfim.tri.)AK:CQ, 
Per proport. i, & 2. dudlis&c. & per corol/. u & m. 
prop. praeced. 

ITxTK^l fCAxCB^ . cBIx AK? .coo 

CXq rl CAq ri CNq f'^^^ 
UndeCX:CA::CN:GQ; & CXxCQssCa 
X C N. Sunt autem parallelogramma A C N ViC X Y Q 
( ob ang. D A K = D QjC ) xquiangula , proindeque 
idinrvitiem ut redlangulaex lateribus^ viz. CA x CN, 
CXxCQ, hoc eft aequalia; (ed parallelogrammum 
TCXS ( propter communem baum & auitudinem 
sequalem) eft parallelogrammoCX YQ, adeoque ipfi 
ACNV, acqoale 

Orolk Hinc parallelogramma circa ipias diametros 
fuot aequalia, utpote horum quadrupla. 

Stiolium. In 'iedtionibus opp* vel hyperbol^, haec 
propofitio nullo negotio patet ex corol/. !• prop. iS.p.i. 

I z Nam 



E <J« 3 

yi^ . Nam C taagentes in ^, T occarrant afyiDpfotis ia 
.V, F; S, E,.erit (pcr dcf.) iemidiameccr CN=AV 
c=:AF,&CXt=TS = TE, ACN|jAV,CX|| 
£T; ideoque parallebgr. ACNV = triaag.CVF! 
x= triang^ CS £ = parallelogr. T G X S. Sed dm' 
praecedens demonftratio ( iitpote generaliori proprie- 
•uti ionixa ) ad hafce fediiones com Ellipfi le ']\aA 
/extenderet , congruum erat & ipfas paricer mGBn 
compicdli. 
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P A R S III. 



Pcopoiitio I. Tfaeorema I. 



1 1 



:$iiuj feSthni conica^ mt^ iffa non JH circulus^ vel i* 
ItSiomlms tfpofttis^ aa ymtuor phtrima pwiSta A| 

\ C, D occurrit ; Ad tria A, B, C, quorum unum A, 2. 

. Jti Juo tanthmK^^ quorum utrumque eft contaffus. 3 • 

^Ta M fi fe£lio [ vel fe^. opp.] 'circulo coiigrue- 
^^ ret^ eSit circulus contra hypothefin ; Patet cr- 
? g^ pcr CoroJl. f. prop, j^ p. i. ^ 

f Jief. In omni lefUone conicft» vel ie<Slionibus op» 4. y. 
IGtis, diameiri quibus ordinats fua? ad td&x^ ango- d. 
II infiftuot, ut A B^ C D, /Ixes appeUantujr. 

1 ^ Prop.IL RfoUL 

fr * - ■ 

ir HyperhoU velfeSt. opp. (y in ElUpfi qu^ mnJU ciT' •j. 8. 
i cuksy Axes invenire ; £t duos tantum ejk axes 
foftenJere^ , 

^ ^ . . . ^ "^ ■...•..- 

nventA qoAvis diametro Afit^^quft in hypecbolft 
tfsBL opp. fit determinata^ Diamecro AB (i.e: ccntro 
, intervallo CA, vel^CB ) deicribatur 'cifcoliGi 
IMBG; Hujus peripheria veii ie&onem aut ie6l. 
in A, & B, ccMitinget, (quoin cafu per prop. prae<> 
ei non. ampliilks occurret;) vel iterom ocasrret 
hmi) vd fe^onibus opp/in 'biaisipBnftis M, G. 
V Si contiiwit in A & B^ erutitripfa A B atque huic 
Dujugate^ Axes quaefiti. Nsim.&)ntingente8iCifculam 
I A I, K B R \ti fabc cafa contvngeat etiam feAionem 
fel fe&«o|)p. eflque propter circolum angulus E A I, 
»' • vcl 




K 

i 
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▼el B A H reftas, & diamecri A B conjugata erit paral- 
lela A I^ ibiitque diaoietri conju^atx ad (e mutu5 bt- 
diAataei proiadeque hx diametri ubi routu6 ad anguloi 
leftos infifteit 

Si A|B nott Cnt cMtaAas; Ex (MinAorum A,B 
utrovis A ad pun6brum M| G utrumvis M agatur 
AM; Bifc^l^ AMinN,&percentrumCda£U CN» 
erunt diameter C N atcyiie huic cpnjngaUi Axcs quaefiti. 

Prior cafus jam fiitis liquet. In iecundo probandum 
pnmb cft ctnmli periphetiam fe6lioaiy vd ft6tk>«tte 
oMofios in M» G oocurrcrey deinde aagolam C N A 
eUe •eftoMi. 

Sefiionem tcI feOL opp. {n A,B tangiQt J>AEy 
F B T| hac ( per Oro/l S. prop. lo, part« i. ) erunt pa- 
tralklz ; cdmqae Oonirrus A» B non fiak tafluA, er^t 
hmii contingemibus circfEhun KBR,itAI, divwi^; 
Unde contingens ifedionem BF tra^btt imra circn- 
lnm) & coQCuigeas citcuium H A titinfibit intra fi&ftio- 
kemi boc cA^ fanicircolus B M A ad pnrtes 6 eft tMr 
tra iedionem^ vel otratoijuQ fe6liotiiUn opp. ad partcs 
vero A eft intra fc£lionem, vel unam ie^ionum opp* 
unde nece(Iari& occttcretxi alicobi in M. Pari raticoe 
alter iemicirculus occurrit (edioni ex alteri parte^ vci 
ic^i|iuffl opp. aited ia G. 

GoQiiex& CM^ erum (propter ctrcolum ) C A^ G M 
sequales, eftque (ex conilrud.) M N = N A^ unde Ang. 
C N A eft redlosi & (pcr cori.prop. 2i.part.r.) L CtiO 
e(i cedse M N A diapiejttfr, ififlbi)ife huic coojugatt ttSz 
M.NAptrallela^ fiintiqae jCoojugatK diametri ad ft Amip- 
tuoj^inatse^. ptoibdtfqae in ooftro cafu fibi matyb U 

anguka re6los infiiUm. 
p. lo» a. & jam, nraiter rdiaowlrps O C L afique hiiio tooft 
eatam Y C X aki met^^o in venm) alia qost vis T C V 
dicatarjAxis; i^qaovis pun^ feAioitii yelutrittfvi» 
lefliQnifm oppi AyadTCVi & ad unum ex ax^bos 
pcttK» inventis O C L^ fint ordinatao A S R^. A N M»& 
docattuf diaoNtri AGB» RCQiMCP) Ob AS^ 
S ft,&ailg.ASC (txhypoih ) redtmii^erit ^Cds^CR; 

Pari 



) C RxsCQ; Uiidc (obhas te&s^ xquales) GttCidus 
;. €emro C tranfire potefl per Idx punoa fefuotHS,, vel 
ft& 0pp. 9y Qi B^ A, R, H ^ootra prop. praecok Un- 
i €Jb diMQ^tev T V nofli «fN afxis, ae({|w Imic od«jiiN . 

f CSKTtfAl I . In Eltipfis coajdgBtf «am tnnlVfifi LCO» n* 
[ XCYfumkiaBqaaks. Ab^ coonexl L Y ft bi&fiA ia 
i Dy duAdquedisMD^tro&CDE, eflet(0bLC»GY) 
I an^^olos L ]>C reftos, cuJM coatrafiuai jaoi oOuidi- 

i 1IIU6. ^ • 

Ccroffi X fii^Hypefba]& A^ tMofrerfiis. O C L efli ». 

, iDii^ijiia oomkiai decerfliinataruai' diamctForiut'/ &biiio 
pcepiores. iiHit remotioribu» iii|k>ce^ Naai iiT V' 4p- 
eotur iDfaor quam L 0, ftnticireulas diaoMtco^ L O 
ftcabit W ia> Z alicubliov» aaam fe&iottoai opp} & 
mdim 6Aioai' oc^urr^t deou^ iti A ; uade 'dionwter 
BC P^mi»^ ^iftcat jimfbuni O A.ia P, f proptec CA =s 
CO, aOP=:PA) erit axis, cootra: jain' probota^. 
Ptei pforfua oiodb oticodetutf TC V d9e reoKmore 
qufrvji diaaiecro inioorcai^ 

<%MiJf. 3* la EUipG axis aiajop eft oaNHon diameaMi^ 13« 
rum maxima, niiaor verpoiiaiaia : & mioori propiocca 
func Mnotioribat minorct ; ma)ori| anfoccs^ Mkm fivlTV 
dicacar minof qoamYX; Scmicircuiuo diaaictro YX 
ieoabtt T V extra fettioDem' in Z, icoabit «e»o> ama> 
maJQrcai (• propcer G Otr* C X)'^licubi iatni icAipaoa» 
ia> P; o€Cori)ec> icaqnc (edboni alicubi ia A; uade* 
ofliendetur ut in prxcedenci CSw^dKim dianictrttmBCP 

, qux connexam X A in P biiecat, efle axem, ab ipGs 
O Lj Y X diverfum^ contra jamiol(eoitL Eodem modo 
oAeadetur majorem axem O L efle qu&vis alii diame- 
tro T V majarein, & oiajori propioie» remotioribuSu 
majores efle^ minori minores. 

OnoU. 4. In hyperbolft vei opp. k&. 8c EllipG,Dia 14. xf. 
mecri M C9> A GB do^lae ab catrenns ordinain c«9uf* 16. 
visM Aad utrumvis ilxen» L O ibnt cquaks-^ Idem iil^ 
tellige de^omiogentibu^ M'£,Ai £ in pun^ -M) Ai}' fu« 

pcr 
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rflxi (per Car0£ i^.prop» io<p.i.) m pnuSto aliqtio 
Goeuntibus. Patec ob M N = N A ^ « ob^ coBunu&e» 
E N, N C, & ugolos ad N re£los. 
14. IX. Coroff. S' In iwieni lcfdoAibus, ReSa E C bifkriaa 
tS. dividbis asgulum vel )t hiois arqnalibqs conitiiigeiittbcB, 
vel binis xqualib«s diametris fa^lum, erit Axis. Nam 
bt&cabic M A, eidennue adangsilos re^os ^nfifbec. la 
hyperbolft rA opp. ioEk. rcdae, mx bifariani dividunc 
ncrumque aogulum afympcotftity lunc Axes conjii^CL 
14. ^ Otro^. 6. £c qiiarum.dianecrorum aogulum ucervis 
axis biferiam dividic^ caedem iunc aequales. Nam in £1- 
lip& ex.gr. Si dicasCQL(-avelcrCM> =CA: 
JnndA A Q^iocance axem^in P, & SciSionem in R ; ob 
xquales aogulos QC P, A CP^ & C A =C Q>erit AP 
= PQ, &angttlusad P re£his; unde APR elt arf 
axem ordinacainoc eft A P = P R =:: (priiks) P Q, qood 
abfurdum eft. : Ec eodem modo ( daStSi hojuiiBodi 
APQR ) in hypcrboli vd &SL opp. hoc Corollmm 



14 ic. Car^^^ Ql?2 diaeieui MCG, ACB aequalicerab 
2^^' ucrovis axe diftant^ aequales &ciunc angulos ad cootin- 
gentes in earum vdrticibus CME, C A E. \ Nam trian- 
gula CME, CAEiimilia &8equalia func. 

CmU- 8«. Ex CorolL i, & 3. Liquec Circulum fuptr 
axi decerminaco Hyperbote ^el iedionom oppofoi- 
rum^ ; canquam diamecroy deCcriptom, totum eiie extra 
utraroque feftionem : Super EUipftos axi majoi^ ie- 
dionem intra iCxContinere: Suppr ElJip(ees axemi- 
nori, k ic^lione coBtineri. . 

Prop.IIL ProbLlL 

17- /nvemre jlxem Parahlfe : El umcum ejm ejffc Mxem 
ojlendere. 

Invenil quilibet diametro C D, fumptoqoe in e^dem 
obi vis pon&o D» erigator ad eandem perpehdicularis 
EDFoccurrens fcaiomin E,F; BifcAa EFin B, 

• dn£l3quc 
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l: dufUque B A paralleli C D, Erit BA axis qQxfitus. 
K Nam ( per Corofft i6. Prop. 20. p. i. ^ B A cll rcaac 
EF diametcr, & (ob re£tas parallelas) eritangulus 
ABFreaus, 

Si pun£lum D bifecet £ F^ ipla diametcr C D prim6 
inventa efl: axis. 

2. Si dicas alium efle axem C D ab A B diverfum : 
Ordinat^ad hunc FD E lecante axem plrim6 inventum 
io B ; Ob parallelifmum diametrorum erit £ F ad ntrum^ 
que axem C D, A B perpendicularis» hoc efi> ad utrum- 
gue ordinata, ideoque tam in B quam in D bifcida, 
quod abfurdum ell. 

CoroU. I. Contingentes M E, A E in extremis reda; i3, 
cujufvis M A ad axem ordinatae funt asquales. 

CcroU. 1. Re£la bifariam dividens angulum ab aequa- 
libus contingentibus fa£lum eft: axis. Patet utrumque 
ficut in hyperbol^ vel (ed. opp. 

Corott* j. Diametri M G, A 6 aequaliter ab axe difian- 
tcs «quales faciunt angulos ad contingentes in earum 
verticibus, viz. GME^BAE. Patet ob (imilia & 
aequalia triangula EMN, EAN, & angulos GMN, 
B A N reftos. 

Corott, 4. Angulus EM G^ quem quaevis diameter fa- 
cit cum cont^ngente in ejus vertice verfus axem^ ob« 
tufusjeft, utpote rcAoGMN piajor: Et quo diame* 
ter M G ab axe rcmotior e(t, eo hujufmodi angulus 
major efi: ; Nam contingens em in vertice propioris 
dtametri mg produ^a occurret EM&EO extra (e* 
d;ionem in P, ^ ; du£l&que m n paralleU M N, erit ang« 
P^N = ang. PEN + EPtf, unde P^N cr PEN, 
& emn -aEMN, additifque utrinque rc6lis , c mg 
.-zjEMG. 

Prop. IV. Theor. 11. 

Ttt 'BTtpfi diametri I C H, K C G reSiarum A E, A D ^p^ 
uiriufjue axis extrema conjungentium Junt conju- 
gat^y ^ ^quales ; ^ prater ipfas non funt alia 
Jiametri conjugata aquaks. 

K Junflis 
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ip. Jonais EB,DB, obCD = CE &CA = CB & 
angulos ad cemrum redos, erit A £ |^D figura paralle- 
lograroma cujus latera^ aex)ualia; unde diamecrx, IH, 
K G bifecant etiam £ B» D B, ac propterea erunt reSth 
E Ay A D refpediv^ parallelae ; Hoc eft, erunt diame- 
tri I H, K G conjugatx : Erit pprro A F C N (ob A F 
IICN&AF=AN, utpoie aequalium A D, A E 
dimidia) figura parallelogramma cujus latera acqualia ; 
Unde axis A C B bi&riam dividet ang. F C N ; fimt er- 
go (per Corol/. 6. Prop. a.) diametri K G, I H sequales. 

20. ^- Stantibus quae in priore figurft, Sit A B axis ma« 
jor, £ D minor , & O P, QJl dux quaevis diametri 
conjugatae, ab ipfis HI, GK & ab axibus diverfx; 
Harum una QR dividat ex.^r. angulum DCK, & 
in R contingat T R L : Haec (per Corol/, 6. Prop. 23. 
p. I.) occurret diaroetris I H, G,K produdlis in L^T, 
proindeque huic parallela O P cadet extra anguluoi 
H C K ; pari vero ratione eadero O P cadet extra angu* 
lum D C B, boc cQ: intra angulum A C D ; unde divi- 
det neceflarib angulum A C H; E(t itaque ( per Cor. }• 
prop.i,) OPc-HI, &HI==GKc:rQR, hoceft, 
O P cr dR ; ideoque P, Q R inxquales. 

20. Coro/J. I. In Ellipfi majoris djameiri tranfverfae mi- 
nor erit fecunda huic conjbgata, minoris major. Nam 
referant jam G K, H I duas qua^unque diametros coa- 
jugataS) five aequales/five inaequales, OP, QR alias 
quafcunque pariter conjugatas ; fintque axes A B 0a- 
jor, E D minor, ut priiis : Et fi Q R dividat ex^. an- 
angulura DCK, oftendetur (ut priiis ) OP dividere 
angulum ACH ; unde (per coroll. 3 prop. 2.) crit OP 
c-. H I & G K cr Q^R. Contrarium accidit jn hypcr- 
bol^, vel (e6t. opp. ut fuo loco oftendemus. 

Coro/l 2. Hinc fi duae contingentes EUipfim QM, 
G M concurrant in M, contingens QM in vertice mi- 
noris diametiri Q R major ent qukm contingens G M 
in vertice majoris diametri G K. Nam Q M, G U, 
funt diametrorum Q^R, GK conjugatis OP,HI re- 
fpeilivfe parallelae; Eftque (pcr prop.17, vel 18. p. i.) 

QMq 
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QMq:MGq::0CxCP = OCq:HCxCl = 
HCq ; Eftquc (per corol/. praeced) OPtr HI, hoc 
dlOCc-HC; undcQMc-GM. 

SM. Cum in Hyperboli (non aequilaterS) iemidia- ^idefy.^o. 
ineter tranfverra C B ieinidiametro fecundse CD, hoc^*'^"^"'"*' 
efl; femicontingenti BL/ lic ubique ina^qualis ; Vertice 
vero B in infinitum abeunte & coincidentibus pundlis 
L, C, TtStxCBj B L afympcoto & (ibi invicem coinci- 
dant, hoc eft, tum demum fiant aequales : Refponde- 
l)unt aliqj^ateniis Hyperboiae afymptoti Ellipfeos dia- 
metris 'cbnjugatis aequalibu^i ; (ed cum hoc difcrimine> 
quod Ellipfeos diametri fint alcera alterius, utravis vero 
aiymptotos fit quafi fui ipfius conjugata. 

In Hyperbol^ aequilater^ diametri conjugatae funt 
ubique aequales ; utietiam in Ellipfi, fi Ellipfis fitcir- 
culus ; Nam quod circulus ell inter ellipfest id hyper- 
bola aequilatera ( quoad proprietates faltem nonnuUas ) 
inter hyperbojas. 

« 

Prop. V. Probl. III. 

' In HyperhoUy fy inter feSiiones opp. fy in EUipfi^ ^«-ai. 22. 
venire diametros (jtue <mm fuis ordinatis angulumfa-- 
ciunt dato cuivis anguh non refio Q, vel ejus comple- 
mento adduos refloSj aquakm s qm tamen in Elltpji 
non fit major eo quemfaciunt reSiiC B D, A D 4^ utro- 
que extremo axis majoris ad utrumvis extremum 
minoris duSta^ nec minor eo quem faciunt reSfie ab 
utroque extremo axis minoris ad utrumvis extremum 
ma^msduHa. 

ff 
Super utrovis axe ElUipieos, vel determinato hyper- 
bolx, vel ied. opp. AB, tanquam chord^, (latuatur 
arcus circuli A E B capiens angulum dato angulo Q 
vel ipfius complemento aequalem, qui ( fi optss ) polt 
A B continuetur ; occurret hic Se^lioni, vel utrique 
Sedionum oppofitarum (praeter A, B) induobuspun- 
^is F^ R ; fumpto horum utrovis F/conne6tantur A F, 

K2 BF, 
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B F, quibus bifari|ni divifis in L, O^ du£lifqae dia* 
inetris HLCM, NOCP; Hx duae diametri , toti*^ 
demque alix eodem mQdo ope pun&i R reperiendas^ 
propofico fatisfacienc 

In Ellipfi fit (exempli grati4) A B axis major, Se£lio- 
nem contingat I A, m A ; circulum contingat re^ 
G A ; Eric (propter axem) ang. I A B re£tas ; cumque 
arcus A E B ( ex hypoth. ) oon fit anguli re£li capax, 
cohtingens G A cum re£l& B A faciet ex uni parte an*' 
gulum acutum^ tranfibitque ideo ex e^dem parte intra 
ledlionem , hoc eft, arcus ipie tranfibit intra* ie£lio- 
n^m : Rurfum arcus fuper chordi A B capiens angu- 
lum aequalem A D B, tranfibit per D ; ergo arcus qoi 
( ex hypoth ) capit angulum minorem quam A D B fe- 
cabit axem minorem extra Sedlionem in E ; Eft ergo 
idem arcus ad parces A intra Seflionem, ad parces vero 
£ extra eandem ; (ecabit ergo illam ahcubi in F incer 
A, E ; Pari ratione fecabit eandem, ih R inter E, B. 
Idemque erit (mutatis mutandis) in axe minori. 
22. In Hypcrbol^ vel fe^. opp. contingat I A unam h 
fedUonibus oppoficis^ & A G circulum : Ob angulum 
B A I re£tum & B AG obhquum, non coincident lA/ 
A Gy fed angulum efficient ; iipde redla quasvis anguluof 
I A G dividens^tranfibit tam intra circulum qu^m Te£tio- 
nem, hoc efi, circuli circumferentia ad pundla A^B (nam 
utriuique eadem eft ratio ) trahfit incra fe£tiones, quss 
(cum in fe revolvatur ) utrique necellari6 occurret de- 
nu6 in F, R. 
ai. 22. Jam in utrique figura,propter FL=:LA&BC= 
C A, erit C L parallela B F & A F parallela C O ; unde 
ang. CLA = COB = BFA= dato Q, vel ejus 
compiementa Idemque erit de diametris ope pun^i 
R rcpertis^ 

CQroff. i. In hyperboM vel opp. k8t, manifcflum eft 
angulum Q^fumi pofiedato cuivis obtufo vel acuto 
aequalem ; Angulumque quem decerminata aliqua dia- 
mecer facic cum fuis prdinatis, vel cnm concingente ia 
ejus vercice, eo obliquiorem eile quo magis eadem dra- 
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meter ab axe determinato diftat ; & pariter in diame' " 

tro huic conjugatl In Ellipii hujuimodi angulus ab 

utrovis axe ad utramvis diametrorum conjugatarum 

aequalium fit iempdr obliquior^ atque inde.ad alterum 

axem coiltinu5 ad redum vergit. Nam in hyperboli 

vel fe£t. opp. angulus B F A = C L A, quo pun£tum 

F ab A remotius efl^ eo continuo minor eil:, donec ab- 

eunte pundto F in infinitum , dato quovis angulo mi- 

nor fiat. In Ellipii qu6 pundum F ab A remotius eit, 

eo angulusBFA majoreil; donec, coincidente pun- 

£to F ipii D^ fit C L una diametrorum ;£qualium ; at- , 

que inde ad B fit idem angulus continu6 minor , do- 

nec, coincidentibus pundtis F, B, re£b A F, hoc eifc 

jam A B, fit ad axem minorem ordinata. Qu^ in re^ 

uheriorem aequalium Ellipieos diametrorum cum Hy- 

perbolse vel fe6t. opp^ afymptotis anaiogiam obfervare 

iicet. 

CoroU.z* In Ellipfi , liquet angulum CLA vel 
C O B ^ femiaxe majore fubtenfum elie obtufum ; Nam 
huic xqualis B F A iniiltit arcui B A (emicirculo ma- 
jori: In hyperbolft liquet angulum CLA vei COB 
tilh acuturo^nam huic xqualis B F A iniiitit arcui A E B 
femicirculo minori. Idem intellige de aogulis quos 
ad eafdem partes has diametri faciunt cum contingen- 
tibus in earum verticibus ; funt enim hae contingentes 
grdinatis parallelde. 

Prop. VI. Probl. IV. 

IJem in Tanfthh praftare. 

Invent^ qu&Iibet diametro K B L, per pun6lum ejiis 
intra fe<5lionem B ad hanc inclinentur duas reds A B I C, 
D B G E in angulis K B E, L B C dato Q^ aequalibus, 
occurremes fe^tioni in.A^C; D,E; Biiecentur A C, 
DE in I, G; per I, G agamur diametri HI, FG. 
Propter diametrorum paralleufmum erunt anguli H I B, 
F G E sequales dato Q ; unde propoiito fatisfit. 

CoroU. 
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Corott. Nfanifeilam elt ( per CoroU. 5, & 4. prop. i^) 
diametros FG^HI ab axe MN aequaliter utrinqoe 
diftare; & propcerea quod hujufmodi redtae ABC, 
DBE in quocunque angulo ad diametrum KB incU- 
iiacae femper utrinque iettioni occurrant, an^uluai Qj 
ficttt in hyperbol^ vel kSL opp. cujufvis magaitudinis 
fumi poflle. 

Prop.Vir. Theor.IIL 

^j . fn ffyperhoU fecunJa Jiameter axi conjugata^ vel qmi 
idem ejly contingens in ejus vertice E B D afymptotis 
terminataj minor eft qukm contingens in vertice cu- 
juflibet alterius diametri ut HFG; ^ quo quali- 
ket diameter eft axi propior^ eo ejujmodi contingens 
minar efty major quaremotior. 

Per ts^um F & utrumvis ceftae G H extremunl ex, 
gr. Hj agantur F N L, H I K parallelae E B D, fecan- 
les axim iii N, I,& afymptoton CG in L,K, & con- 
acftatur LL ObGF = FH, eritHK^xFL; 
&obEB = BD,eritIH = IK,hoceftIH = FL; 
unde (ob parallelas reftas) erit I L = F H : Et (fi A B 
dicatur axis ) ob angulum I N L reflum, erit I L cr 
LN, z.<f. FHcr LN; unde multo magis F H cr- D B, 
i.r. GHc-ED. 

2. Si A B non (ic axis fed alia quaelibet diameter, 
& M F quselibet diameter ab axe remotior quam A B ; 
crit angulus quem faciunt reflse A B, E D ad partes axi 
contrarias obtufus, cum (per Cmtt. 2. prop. ^ .) ad par- 
tes axis (it arutus ; hoc eft» ^^ i^ angulus A B E, ideoque 
& huic aequalis LNI obtufus; ergo in hoc quoque 
cafu LI cr* L N ; ^caetera^ue coniequentur ut in* cafu 
l^riore, unde patet propphtum* 

CoroB* I. Hinc (contra oukm in EilipG) majoris d\^' 

metri tranfverfae major eft tecunda huic conjugata, mi- 

noris minor. Nam quo magis diameter hyperbolse ab 

^ axe diftat eo major eft, ut in Cota. Prop.x. oftenfum e(l 

Cmll^ 
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CoroU.^ PoGtis ut prius, Gt contingeatiam tiFG, 
E B D concurfiis O, erit F O c- B O. Nam (per Prop. 
i6. p. I. ) GFq:£Bq::OFq:OBq; unde (ob 
G F cr E B ) eiit O F c-. O B. Idem erit ia Se£lioaes 
dppofitas coiuingentibus. 

Lemma. 

/hj^aris AB CD, y& BC = C D, ^ «j^. A C D, o*- af* a^. 
t^uj, 1. e. afii. AC B acutm, 2)ico A.D cr A & 

Ab A in D B (fi opus proda^m) cadat perpendica-' 
laris A E, ob ang. acutum cadet hxc ad punfti C partes 
B, idcoque DE c- B E ; Eftque 

ADq = AEq-l-DEq' ^ 
ABq^AEq + BEq-aAEq-f-DEq 
nnde A D cr A B. 

Prop. VIII. Theor. IV. 

TarahJam inpunBis B,D contingant B A, D A concur- 17. »8, 
rentcj in A, taSfufquc B velaxis L M N vertici coin^ 

• ciJat^ veljit eidem axi taStu D propior^ i. c, ordinatii 
aJ axem^lAJit tfiinor y«<iw D N ; Z)/c^^ D A c- BA. 

Connex^ DB & biiedi in C, erit jun^la A C ( per 
Prop. 20. p. I.) ejulclem diametef> & parallela M N; 
^ Si B iit axis vertex, vel (i B, D (int £x eadem parfc 
axis^ manifefium efl: A C non coincidere ax/ ; Idem U-^ 
quet fi lint ex axis partibus diverfis propcer B M ti D N 
& CB =C D : Produtla fi opus D B occurret axi ia 9 

' 0» eritque ang. L O D /. r A C D obtufas, Unde per 
Lemma pr^cedens liquet propofitum. 

« 

Prop. IX. Theor. V. 

/n omhi SeSfione Conica^ ad axem"k H I, qui Jit de- ap. 30« 
terminatus HyperboU^ Jedutervis Ellipfeosy ordine ji. 
tur reffa C H B, occurrens Seffioni w C, B ; /» pun^ / 

^is vcro C, B SeSiimem cmtingant C A, B A luper 
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axi c(mc$irreutes in A, velin ElBpfifirte axi pattd' 
kU\ Jefcribatmque chrcidus CEBI qui reSam 
C A ( i. e« feSionem ) in C contingat , tranfeatqut 
perpunSttm B : ^ico eunJem reStam B A, vei {jjuoi 
perinJe eft ) feffionemy in B contingere ; ^ pr^eter 
punSa B, C, totum e^ intra feSionem^ Jt in KUipfi 
A H Ifuerit axis major; Sin A H I fuerit Eilipfeos 
axis mnor^ prater eaderh pun&a C^ B, totum ejfe 
extra JeSionem. 

29. 30. In omoibus cafibus occurrat axis leftioni in D» cir- 
31. culo in E ; Si concurrant C A, B A, propter axem eric 
( pcr Caroll^ Prop. a. & C&rfl^.i.Propj* ) A B = AQ 
unde A B ( ex Elementis ) circulum continget in B^ id 
eft (ex def.) circulus fedionem continget. Per D & E 
agantur FD, GE parallelae B C, utrivis contingend 
B A occurrentes in F G : Cum fit axis A H ad B C per- 
pendicularis, erit le&ionis & circuli communis diame- 
tcr, ideoque ( per CqroU. 8. Prop. 20. p. 1.) F D ftftio- 
nem^ G E circulum continger, eritque ( per CoroU* 3. 
Prop. 4. vel Coroll 2. Prop. 7. vcl per Prop. 8.) B Yc 
F D, vcl fi A H fit Ellipfeos axis minor F D cr. B F ; Si 
fit BF c- F D, cum fit proptcr circulum BG = GE, 
erit neceflarib B G ^ B F ; nam fi B G dicatur c- vel 
= B F, cadet G E ad teStsc F. D partes A ^ vel eideai 
coincidet, hoc eft erit G E -a vel = F D, adeoque (ob 
BFcrFD)eritBGc-GE contra circuli natar^m. Eft 
ergo B F cr B G /. <?. (ob reftas parallelas) H D t=- H E, 
hoc efl, pundlum E cadet intra'i^Aionem. Pari ratione 
occurfiis alter axiscum circulo I erit intra eliipfin : Nam 
ip hyperbola & parabok per (c manifeftum cft 
31* Si A H 1 fit axis minor ellipfeos, erit B F -a F D ; 
unde haud abfimili modo ollendetur pundta E> I cadcre 
extra fedlionem. Propter dnos contadtus B, C, circulus 
(pcr Prop. I.) feftioni non amplius occurrit : ergo ia 
priori caf u (viz. cum E, I fint intra fe6lioncm) circulus 
totus erit intra fe6Uonem ; in pofiieriori ( ubi hsec pua- 
£la funt extra fedionem) totus crit extra fedlionein. 

Si 
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Si in EUipfi A B, A C paralldae runt, erk B C axis ; 
tonde (ex CmU. 8. Prop. 2. ) patet propofituip. 

OroiSf. In figuris xp, 30. Liquet Circtilum CEBI29930. 
maximum efle omnium leAioni inicriptibilium & ean. 
dem in punfto C tangentium; In ng. 31. CirculumSO, jr. 
C E B I minimum efle omnium Ellipfi circumfcriptibi* 
lium & eandem in punfto C tangentium : Nam (Bg. 2p, 
}0.) ejufinodi major ^uivis iecabit B Cextra fe£lioaem ; 
In fig* 51. minor quivis fecabit B C intra (e&ionem. 

Prop.X. Theor.VI. 

lifJem ^jitisy reffiffue CA, BA cmcurrentihus^ Ji ^2^^^, 
per B agatur diameter BMKy^ad banc apunffo C SiiffU fs^ 
ftrJinetwr reSta C V R, wcurrens Je&imi denu^ in R ; '^^J'J^; 
defcrihatur veri circuks' redam C A ( i. t.feffionem JP 
inpmSto C contingens^tranfienjjue per punStum R; 
7>ico bunc circulum prater taSum C in unico Aoc 
punffo R feffioni occurrere^ Hoc e/l^ ex una parte 
reSa C R tdtum ejfe extra feSlionem^ ex altera in- 
trafeStionem. 

1n Hyperbold, ParaboI&, & Ellipfi cujus axis major 31« 
fit AH, Circulus re£lam C A in C contingens & per 
puntSum quodvis N ie£lionis ^ B diverfum tranfiens, ' 
major erit circulo ( in priore prop. ) per B tranfeunte, 
( nam circulus per Btotus intra ie£Uonem cadit, ) & fe- 
cabit re6lam C B produflam extra fe&ionem in S, hoc 
tSk^ circulus CNS ad partes B erit extra fe£iionem. , 

. Ex N ordinat& ad diametrum B M K redft N T 0| 
cccorret circulus ie&ioni denuo in O: Nam*produda 
ON occurrat AC in L; & propter ONL |1 AB, 
erit (perProp.i'7, &i8.p,r.) CLq: LN xLO: : 
CAq:ABq i.e. (obCAq=:ABq) eritCLq=:: 
LN X LO^unde c^mpun£lum N fit ad circulum, erit 
& O ; & cum Cfit contaflus, circulus C N SO (per 
Prop.i.) nifi in C,N,0 iediioninon occurret; hoc eft, 
cttm S fit extra fe£lionem, arcus N O erit extra fetftio* 

L nem« 
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neoi, arcuft ver6 C N^ C O intn fe^onem : Nam G 
dicatur circulus ex utrlque parte N, vel O, efle extn 
ieftionem, ex tribus occurGbus QN, O faltem doo 
erunt conudus, quod ( per Prop. i.) fieri neqvi\i; erit* 
|ue (ob pun£lum Rextra^circttlumCNO) circalus 
R major circulo C N O. 
Augente fe circulo C N Oj & accedente pund:o N 
ad C, accedet fimul O ad R, & coincidentib«is tsmdem 
N, C> coincident fimul O, R ; & evanefcente arcu C N> 
totus arcus C S O^ /• e. jam C R erit extra fedionero ; 
vel circulus ad tcthc C R pan^ B^ ell extra iedionem. 

2^. Porro ex alterft parte rtiix C R, fumpto in fedione 
pun£lo Ny quod in EUipfi non fit pundtum K, du^^ 
qvie LNO, ut prius ; circulus in C contingens & per 
N tranfiens oftendetur (utprius)tranfire perO; cireu- 
lus vero C N nifi in C,N,0 fei5lioni noo occurrit ; & 
in HyperboU & Parabol4 ( quat ex hac parife infimtaB 
funt) manifeflum eft arcum N O efie intra feftionesi. 

33» In Ellipfi vero du&i contji^ente K P, erit haec pa- 
rallela AB; unde (ob ABq: ACq:: KPq :PGq 
&AB= AC)eritKP = PC, unde pimau» ? (per 
OroU^ $. Prop. 2.) eft ad axem minorem, & C K eric 
ad eundem axem ordinata , circulufque contingena in 
C & per K tranfiens Tper Ptofu praeced.) erit totus ex- 
tra ie^liQnem, hoc e(t comprehendet pundum N vel * 
O ; unde (ob ta£him C) circulus C N O minor erit cir- 
culo per K, & fecabit re^m CK intra ieftioneai ia 
S, hoc efl;i arcus N S erit intra ie£lionem. 

2 ^, In omnibusx igitur fedtionibus arcus N O efl intra fo> 
^tionem : Erunt vero in oauiibus, arcus'CN,CO ex- 
tra fedtionem ; nam fi dicatur circulus ex utr&que par- 
te pundi N vel O efle intra (e^tionem^ & tribus occur- 
' fibus duo faltem erunc conta^tusn quod abfurdum efl ; 
Comprchendit infupcr circulus C N O punftum R| pro* 
indeque efl (ob ta£lum C) circulo C R major. * . 
/ Minuente fe eirculo C N 0, & accedente pnnSao N 
ad C, accedet fimul O ad R, & coincidentibus N, C, co« 
incident fimul O^R; ^eyanefcente arcu NC^ tocus 

arcus 



atctis CS 0,hoc ell, jam arcas C R erit tntra fcStioncm ; 
vel circulus ad redat C R partes K ( i. e^ ipii B contra'» 
rias) eft intra {ei^roaea). Liqaet ergo propofituQi* 

Ccr^U* I. Hinc ; Qudmvis circulus Scdioni Conica 
oocurrens ^ & ex utr&que occursiis parte ad eaidem fe« 
i^ionis partes cadens^ ia eodem occurfu (e^lionem ne- 
cefiarib contingat ; Non tamen circulus fedionem co- 
nicam contingens , iieoeflari6 ek utr^ue conta£lils 
parte ad ea((lem ejus partes cadit. 

Cm)ff* z. Cum omnis circulus ie<Sionem in C con- 32. 
tingens, & per pun^um quodvis (e^lionis ex un^ parte 
Tedtx C R (quantum vis pundo R propinquum) traafiens 
minor fit circulo C R> & ex utc^quc parte contaftiis 
intra (eftionem reperiatur, hoc eft> m^gis incurvetur 53. 

Suita fcStio in pun£lo C ; Qrculus vero illam in eo- 
ea> punSo contingens & per punftum quodvis fe* 
ilioflis eit alteri ejuldem re^ parte tran^ens fit major 
circulo C R, & ex tttr&que conti^s parte cadat extra 
ieAionem, hoc eft, miniis incurvetur qu^m (e£lio in 
eodem pun£lo C : Sedionem in hoc pundto C circulo 
C R .aequicurvaiti efle meritb exiftimare licet% 

Stbd Si axis A H ii\ EUipfi ponatur minor, eadem 
erit demonftratio (ed tnver(a ; viz. pro fnajon legendo 
minctf pro mraf extra ; & vice vers^. 

Prop.XI. Theor.VIL 

lifJem po/itis\ per C ducatm diamter C L,yff*^ {fiopus ;{ 4, 3 y. 
produiia) occurrat circuio C R 1« Q.; 2)ica CQ^d^qua- %/''' fi£% 
lem ejfe reffa D F y «^ ejlparameter dtametrt C L. y,j{„\,, 

• 

In omnibus fe(%ionibuSy fit Circulus CNO^ idem 
qui in figuris prxcedentibus, fecans CQ in X ; \ pun- 
ilo N {'oiz, punftorum N,0 re£be* AC propiflqujore ) 
addiam. CL ordinetur NPIS, occurrens (cilicet dia- 
metro CL in I, & circulo denu6 in S^, & ^ pun^o C 
erigatur ad C A perpendicularis C P» (ecans ^J S in P ; 
Erit hsec circuli diameter &(obCAi|NS) bi(ecabit 
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N S in P. Si pnndum I non fit primo intra circiilQB 
C N O ; Augente vel minuente fe circulo C N O prooc 
punAa Hj O fuerint ad has vel illas partes redae C R« 
ci^o^ acc^ente N ad C, & O ad R» a&cedat contina6 1 
ad C, & X ad Q, tranfibit tandem necellarib pan^m I 
intra crrculum C N O ; eritque PI (obSP=PN) 
ipiarum I S, I N femidifierentia. 

In Hyperbolft & ^Uipfi, in redi D F (prododft in 
hy perboli ) intelligatur pundum E mobile^ hftc lege, 
utaccedeme I ad Qfitiemper LC:CI:: DF :F£; 
Eritque (per Prop-x^. p.i.) C I x D £ = N I q, hoc c&t 
CI:NI::NI:DE;&ob circulom erit 
CIxIX=NlxIS, hocefi, 
CI:NI::IS:IX; Unde 
NI:IS::DE:IX. 
Acoedente jam pundo N ad Q accedit fimul O ad 
R, adedque X ad Q ; fitque ipiarum N I» I S femidif^ 
ferentia PI ^ntinu6. minor; hoceii, refbe N 1,1^ 
proindeqoe his proportionales D E, I X continub ad 
ae^ualitatem v^i^unt ; Et tandem coincidentibus pon- 
dn S, T, P, N ipfi C, pun£b O ipfi R, adeoque X ipfi 
Q , & evaneicente P I, evaneicunt fimul I N, I S, led 
(odem tempore rationem aequalitatis adeptae ; unde eva- 
dit fimulIXsDE, hoceftjamCQ^=DE; Coin- 
cidentibus vero LC, coincidunt fimui E.F, hoc cfi 
Ca=DF. ^ 

In Paraboll, Erit (miflb punflo E) propter G:^0' 
nemCIxDF = NIq, hoceil, 

Cl:NI::NI:DF, & propter circulum 
CI:NI::IS:IX;unde 
N I : I S : : D F: I X ; Et ad morem praeceden* 
tium/ oilendetur, evaneicemibus NT, IS, ipias DF, 
I X Gn)ul fieri fibi mutu6, & re£be C Q, xqualcs. 
CoroUaria ad banc ^ prop. praccd. 
j4, l f 9 CoroU. i. In Sedionis Conicae qu^Iibet diametto C L 
^6yi7^ (produ^i fi opus in Ellipfi,) fi fiat C Q^ aequalis ejui^ 
j8. dem diametri parametro, & in pun£lo C ie£lionem con- 
tingat re£la C A ; Cirailus re£teim C A in C contingeps 

&per 
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1 & per punflaiD Q tranGens erit fe&k>ni in hoc pun Ao 
1) C xqoicurvus. Si diaoieter C L non Gt axis, (atts U- 
^ quet ex pr^cedentibus, nam non erit k circulo CR di- 
n verfus. Ciim vero hacc proprietas compeut cuthbet 
i diacnetro przter axetn^ etiam axi competet ; Nam dia- 
: meter axi mfinite vicina ab axe non diffen, neque hu* 

jus parameter ab axis parametro. 
i Ccroll 1. Coincidente pun^ C axis vertici G^ (qui ^2. 
; in ellipfi fit major,) coincidenc etiam ei pun^ B,R, 3^>& 

arcufque circuh C R qui prius erat extra fectionem eva- 37. 
\ nefcety hoc eft totus circulus C R erit intra (edionem. 
Piindo vero C (in Ellipfi) minoris axisvertici coinci* 33»&3& 
dente, arcus circuU qui prius erat intra le&ionem eva* 
nefcet, hoc efi, totus circulus C R erit extra (e&ionem. 

Coroli, 3. Ar&ior igitur five intimior eil hojufinodi 32, 33. 
circuli & ieAionis conicK contaAus qu^m fimplex qui- & ^6^ 
yis contadus» fcd in ax» vertice ar^lifi^imus : Nam fi 3/1 38« 
pundnm C fit extra axis venicem fimplici conta^ui C 
circuli C N O coincidit cccurfus N \ In axis vero ver- 
tioe his accedit & 0, 1. e.K. 

Oroli. 4. In yenice axis parabolae, determioati hy- jtf, 37» 
perbolac, vel majoris ellipieost liquet circuluro 6 Q i. e. 
CQ^maximum elle on^nium fe6lioni in(cripcibilium & 
eandem in eodem vertice 6 ungentium. Namin verttce 
diametri axi infinite vicina?» quaeqile ideo ab axe non 
difien, circuli asquicurvi arcos extra. (cdtionem erit in* 
finite parvus, hoc eft non differet circulus ab ipfo cir- 
. culo G Qj & quivis ejufisodi circulus cifculo aequi* 
curvo major ex utraque contaAfls parte erit extra feftio- 
aem. Pari ratione in ellipfi erit Circolus Cj Q mini- jg^ 
mos on^nium ieAioni circumicriptibilium & eaodem in 
vertice minoris axis G tang^ntium. 

CorolL f . Liquet etiam in hoc cafu redbm C QJe» i^ 37» 
G Qefie circoli diametrum. Uode fumpt^ in axe G Q 3 *• 
= parametro axis, circulus ' diaoietro G Q eric iedioni 
in axis vertice G stquicurvos. 
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Prop.XIL Thcor.Vm. 

3^9 4"' ralkk F E occurrat fiffmi in F, E pwtSfiSy ex fm- 
hus aJ ptamftbet Jiametrmm D A O H crAnentm 
EG^FHy^ ex taffuT reSfaTOiSrr ptmffaE,V 
Jmt ex eaJemfiarte Jiametri^ ^Ttcc Juphm ordinatdt 
TO aqtiak ejfefimnn^e cnlinatarum F H, UGifi 
ex partibus diverfisy earum dijferentia. 

Dtt£l& diametro T I M, bifecat hxc E F ia I ; A£hi 
£ L paralleU T M occurrat T O, F H (fi opus pro- 
duAis) ia N, L. Ob parallelas I M, E L & aequalcs 
FI, lE, asquales eruntFM, LM,TN; fed&Cob 
paralielas) aequales fuiit L H, NO,EG,ergo F M tEG 
=LM±LH = TOi.^. FH±EG = 2TO. 

Prop. XIII. Theor. IX. 

4ii 4^9 Si Grcuhs occurrat Tarahohe in qmtuor punSiis A, ^ 
43 1 44) E, D, Fig. 41 , 41 ; Fel in tribus A, B, Q, qmrum CL 
4J'' fit cmtaRusj j^ig. 43, 44 ; Fel in duobus tantum 

Q, B, fttorum utrumvis Q^fit contaiius^ reliquum 
B interjeffio^ig. 4;- ; Sintque ab bis occur/tbus ordi- 
nata aJTaraboLe axem^fVL. A G, B I, E b,D H,Fig. 
4T, 41. A G,B I, QP, Fig. 43,44. 6* B T, 0^0» H- 
45^. mco erdinatas ex und parte axis fimui Jumptas 
^ejrnks efie orJinatis ex altera parte fimul fumpth ; 
Ordtnata vefv ex contaffu^tthi tres funt occurfits^ F^[. 
43, 44. bisfumpta ; ubi duo tm^mf\%.\%. terfmp- 
ta intelligattsr. 
» 

41, 42. Si quatuor fint occurfus ; duos quoflibet A,B jiingA^ 
A B, & reliqaos duos D E occurrens A B fi opus pro- 
dudae in N : Inventis re£larucn B A, D E diametrts P V, 
QjS, in earum verticibus P, Q^ fe^ionem contingant 

P K, Q^R concurrentes in R ; erunt hx re£lis A B, D E 

paral- 



ptaralklat» eritqae (per prop. x8. p. i«) RQq : R t^o 
: :NE xND: NAxNB; fed ( proptcr circulom) 
lSIExND = NAxNB,ergo& RClq =K?qi.c. 
R Q^= R P. CQQiiex^ P Q & bifeaa in O, erit junaa 
R O ipfius diameter^ quse ( ob R P= R Q ) erit axis. 
Sed (per prop. pneced.) in fig. 41.' B 1 4- A G = 2 P .O 
=:aQP = FE+ HD; & fig.42. BI~AG = 
aPO=2QO=FE + HD, undeBI=FE + 
HD+AG. 

2. Si tres Qnt occurfus quorum unus eft conta^us : 43, 44* 
Intelligs/ntur pun^a E, Q, D (quse in prioribus figuria 
ditrerfa fum) coincidere ; Coincidentque rcStx D E N, 
QR; fimiUter EF,QO,PH: Eritque (ig.43. BI4- 

AG = 2PO = 2QO,i.<?.EF+DH; Vcl(fiAG 
£c ex e&dem parte axis quA QO, fig, 44. ) erit B I ~ 
AG=.aPO = aQ^O,undeBI=xClO + AG/.<?. 
EF+DH + AG. • 

lo cafiybua prseoedentibus , fi occurfutnn aliquis A 
ztis vertici coincidat, evanefcen|ie A G, fit unica ordi- 
mta ex un^ parte axis scqualis duabus ex parte alter^i 
vel uni ordinatx ex conta&u bis fumptse. 

3. Si duo tantum fint occurfus, quorum unus Q eft 4f* 
conta^us & reliquus B interfe£tio (ut in cafu prop.io.) 
Coincident puncla A, E, Q, D, N ; Ellque (per pr«* 
ccd)BI— QP=2P0 = 2Q0,undeBI = 3Qp 
i.tf.AG+EF + DH. 

Prop. XIVT Theor. X. 

Jn Paraho/a, cujus axis D A O B, ejus vertex^ A, fy 4*- 
qualibtt cmtingens T Dioccurrens axi in D, Sit T O 
ordinata a punEto T ad axim^ ^ T B perpendicularis 
ad contingentem occurrens axi in B ; iJico B aqua- 
km ejk jemiparametro axis. 

Nam (ob T O perpendicularem ex angulo rc* 
Gto) erit 'TOq =BOx 0D= (per prop, 2. p. 2.) 
BO x20A = (per prop. 2j. p. i. ) O A x param. 

& 



poram. 



:) xOAaesOAxJpanaiL 



Prop.XV. Theor.XI. 

« 

47. /» TwtMU^ cujus axis B Q ^i»x vftfex B, 4&I ^ism// 
JiMme/er E F, |^^;ir E erJhuU^^ tulaxem reffa E C; 
^Siro L RparameSnm ^Rametri E F fuperare 1 r^4- 
metrum axh qmntitate quaikupli reJSta B C ; i, e. 1 r 
+ 4BC=LR. 

In E contiogac E A occurrtns axi ih A, & ex B ad 
diametrnin E F ordinetur B?; erit BF parailela £A; 
ttnde(obBCparall.EF)eritF£=±BA = (perprop. 
a. p. 1.) B Q & A E = B F ; efique (propter zsm) 
angolus A C E reftus, ergo 1 r x B C (per prop. i^ 
p. I.) = CEq = AEq — ACq= (ob A.B = 
• BC)AEq— 4BCq = BFq — 4BCQ=LRxEF 
— 4 B C a=L R x B C*— 4 B C q; nnde (propter aqua* 
lem altituoinem B C) erit Ir =ll R .— 4B C ydlr -j- 
4BC = LR. 
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P A R,S IV. 

4 ^ . . - . • ' 

Prop. I. Theor. I. 

- •» '\ 

SI Grculus B C D A Juper axitnyore EUi^feos^ Vel 
fbSHMUm offofiiartm determnktih A Bytanjuafn 
t JiafrtNro dtjcrtptus^ rtff^ fUamm I E T^Jeffmem 
• vel utramvis Jeffidfium i>p/H>Jitarum utcuhfue in T 
• taf^entem fecet inC^^ punStisy ^tn Hs erigan^ 
tur adcontingentemperpendicuiares G P, D ti err«r- 
rcntes axr in F,H ; 2)ico reSangula^ CFxDH,BF)( 
.FAiAHxHB/Af^i;/;^^, & fuattiC partij^ur^ 
■ ^^^^y ejjeaqualia. *' -' ' 

I 

Ex A &B'erc6l8eJad Axcto pcrpiettdicuiares tdnrin- 
igentciii fceeiit iii G, I ; preduftae li opus^S F^ D H cir- 
tulo denuo occarraoi in K, L ; prodU^hque denique 
llfi opus) eoniingen» occurrit axi in E, vel fic ei pa- 
irallda, ^Si cccurrat, crirob fiin triang^. ^ . 

EB:EC::BI:GF> & proptcr circulnth EB: 
'feC::ED:EA:: (ob fim. triang.) D H : A G ; udde 
Bl:CF::DH:AG,h(*:€ft^eFyDH:i*rBIx 
p= (pcr prop. 10, parc; 2.) \ figuree Axis* ^ — '. 

Scd (ob cnordas C K^ D L ad chordam eDperpendi- 
cukrcs) feritC K =i: II L, &, ciini fit^ A diaitietcr cjr- 
culii€citGF=aHLiHD=FK;andeeFxbHc-2 

CFxFK = BFxFA=:D.HxHL = AH^HB=2: 
•(prius) Jfiguraeaxis. ' v " ^r 

"• Si contitigens fit axi pai^aUela, ijubd fiiri' potefl: m 
Ellipfi; crqbt CF, DHad axc^i perpeiidfculares> & 
tam fibi iiiyi&em, quam t^is A Gy B-I sequales * Undc 
•CFxDH=ilBxAG'=iCFq = BF)eFA\2ii:DHq 
= AHxHB. • ^ ' ;^' - 
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Prop. I. Theor. I. * 

S/ Grculus B C D A /«^ axi myore EUi^feos^ ifel 
feBimum oppo^iarum determinatih A B^tanjuafn 
* JiamitroJtfcrfptusy reffam quami/is I E ^Jedimem 
vel u^anMs Je&imim "oppofitarum utcimfue in T 
' tar^entem fecetinQ^Upunffisy ^inlbis erigan-^ 
tur adcontingentemperpendicuiares CP, Dfi ofr«r- 
rf»/<?J «^r /» F,H : i>ico reSangula CFxDH,BF)( 
. F Aj; A H X H ^fim invieeH^^ ©» f »<tr*/4f partifyur^e 
: ^.y/j, ejfeaqualia* *' *: . . r * 

Ex A &B?ercftteiad Axcto pcrpettdiciTiiares tonrin- 
igentcm fccent ini G, I ; prdduftse li opus^S F^ D Kf cir^ 
lulodenuo occurrani in K, L ; prodiiihque demque 
P opus) conringen» occurrif axi m E; vetfic ei pa- 
irallda. ^Si occurrat, criiob fim triang^. ' . ' 
. EB:EC::BI:GF> !& proptcr circulnth EB: 
'feC::ED:EA:: (ob fiiri. triang.) D H : A G ; udde 
B I : C F : : D H : A G, hcto cft^ GF x D H ^=^=^»1 x A G 
fc= (pcr prop. 10, prt. a.) | figuree Axisi ^ * - 

Scd (ob chordas C K, D L ad chordam C Dperpetidi- 
cukrcs) 'ferifC K =£ Dl L, &, cuni fit -B A dkmeter cjr- 
culi, €citCF=aHL,HD=FK;undeGFxbHi±= 
CFxFK = BFxFA=:DHxHL = AH^5^HBi£: 
•(priui)$%ur«axis. ^^ . ^ ^ 

^' Si c^atitigens fit tti pai^aHela, ijubd fiiriptateft in 
EUipfi; crqYit CF, DHad axc^i perpettdknmres> & 
tam fibi invfccm, quakn t^is A G, B I geqiiales'; Undc 
•CFxDHsilBxAGsiCFq^BFx-FA-^DHq 
= AHxHB. ^ ;^'- ^ - : 
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Cir(M?.i.Ob A H X H B = B F X F A,erit A H = BF, 
8eBH = AF. 

£brMSf. 1 Ctothiobw tamiminiiafiiiodipDiidisf^ 
intra EUipfin vel utramque (edionum oppoutarom c^ 
venire poffit, mrtid fit iHxHfi&BFxFA =}% 
axis ; liquet fcadeib punc& H, 'F "efle oOinibiis conot- 
gentibus commonia. 

t 

Prop.IL Thcor. IL 

j . /» TardbaUT A » Ji ah W€(^ k K vcrUce A frig^ 
ujfue^ ad fmm6b€t cwtif^ntem T EperpenScmlms 
AG^i^ i^fffuffoQereffi^aJlewtffilgentem perf»- 
dkmns G H iecet Mm in\^\ JErit ukifue HK 
±z\fitB^aufetriaxiJ. 

A t^9 T or4inat& ad axeiq T Kt.erjt (IperProp. 2. 
Part. x) AE= A K, ondc G A 5=3 TK^d G A q= 
(ob ang. rcdl) H A X AE = } T K q= AKx |Pirm 
. = A E X f Parani. uikle M A ^i ParaiHr. . . 

Alircr^ pop^derari potieft ut c^fTns prop, ^cfdentis. 
. Naip fi Hyperbola yel £l|ipG$ A T vertJCe 3 ia jnfim- 
nitum abeumc; mutetur m ParaboJaro, circ^lDs diame- 
tfo A B degcnerat in Imeani re^n^ ad axcfn .peipeo- 
dicu^reni, coinciduntque pyd^ Dy G, hoc efl; rcAc 
DH, GH i eftqup H A 9c HB^ A 3x ipmoi. & (ob 
B infinijce difians) H;B =^ A B» unde H A= ^ Pararo. 
axis A B; ideniquepun£lun] H erit oniaibns contingea- 
tibus commin^. . . 

1, 2. Sef. Punfti H, F (Prop.^ i.) ^ V€teri|>u» Tunffa cx 
comfiaratifme, Hcottticis FQCJ ^hcUMBIL ICI 
appeUantiir. 
3. De pundlo H in Paraboli (Prqp. 2.) filedt ^tercSyii 
neotericis tampn ob affe^ionom fimilitudiQ^pi iiidein 
no^niniUis iofi^nituir. . 

Cmllaria adduatpr^ced Trepqfitiouet» 

CoroU* I. Unicus eft Parabolae ibcu$; Se^tioaum op- 
pofitarum, & EUipfeos, Bini. 
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C»,o1l. %. la S^daonibus oppafitis Sc m EUipG^ jun- j^i. 
£ti$ I H) G H> ttit angaluft I H G re^m. Mam db A 61^ ^ 
HB = lBxAG, ;. if. AH:AG::lB:£l£^ &an. 
Kulos s^ £ & A reAos^ Hatt&z erunt triaogfila IB H, 
HAG» & An^. BIH=(r|iA=::compl.Mg. IHB 
ad reftum, promdeqife I H G re&us : Pari modo jun-^ 
^kis I F| F G» erit ang. I F G reSus. Ih E^^raboia, cum 3. 
piuiaam I infinic^ diflet, dum I H paralleia T J^, erit 
au3g. I H G nanifefte re^us. 

C^o^, }. Atque hinc in oppofitis SeAionibus & El- i, x. 
lipC, £ii[cultt8 ifiametro I G tranfibit per ^itrumque &h 
cum. In parabol^ vero hujufmodi circulus (ob I G in- 3. 
fiaitam) CMgenerat in ceiSatm G H. 

Cbrolf. 4* In omni Seaioae Conic4, quae F E ex fo- 4, f . 
corum aiterutro F eft ad aacem ordinata» aeqqatur axis 
icmiparametro. Nam in C^. SeSL & Ellipfi (it C D 
axis minor^ erit (per CaroO. 7. Prop. 23. &Oroff. 4. 
Prop. 24. p. I.) 

i. tf. F E : p C : BC 4^ ptoindcque F E = | param. 
la naraboia (ob BF ~i param.) erit param; x | param. 6. 
=:FE.^;undeF&s=:|^am. * • > ; 

Ciro/ f. Iit EUipfi, fi C D fit femiaxis minor,erit Con- ^. 
aexa D F vel D H xqualis (emiaxi majori; Nam F Dq~ 
C D q + F C q = (propter CoroHi^ Brop;!^; p. i.) B F x 
FA4^PCq = BCq,uiideBC=:FD. \^ 

In oppofitis SedliombnSi vel Jby perbol&y fi contingens ^ ^ 
in vedMX B occurrat afymptoto in G, erit C 0=:C F; 
vel & m C p femiaxis fecuudas ipfi C B conjngatus 
& CQOoeaatur Q B,ertt D B=£ F. Nam ob (C D=B G) 
eritGG^r^DB; efique D Bq=CDq + CBq=i3 
(ptqpter idefn rari^il^.) AF'xFB+-CBq = CF q; 
undeDB = CF. 

CmS. 6. Hmc in Ellipfi circulus cefitro D| inter vallo 4, t* 
Cfi; In Hypcrbpla circnlus centroC, kiterVallo DB 
valjO&y tratnfibit^ptt utfumqiie fbcttm. 

(ho^, 7. Si Ellipleos axes fint tqua|es, boce(t'fi_ 

Mx Seitib 
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; Seftio Gt <:ircuIuS| utefque focus ceotro coincidit ; naoi 
BFjcFA=GDq= (in hoc k:afii) B C q, undc coin- 
cidum F,QH. 

7. CorQlL 8. Si Hy^perbola iit xquilatera, erit A F : B C ; 
fiF-t^ naip AFxfiF:±=|paran] x AB= (in hoca- 
fU| per CorW/. i. Prop. 24«) B Cq. 

7,. . Cbroi/. 9« In.Hyperbol«i2quilateraeutrdvis^(yn3p€o- 

' tff^ faaa,CG=CB,& per G*iaai GF alteri afympto- 

to paraUel^» hoc eU, ad C G perpendiculari, Hxc por 

tpcuiQ tranfibit» Nam ob utrumque ang. G C F, G F C 

fe^iiredtuiB, erit G F = G C % (ex conftrua.) C B = 

. GD, ergoCF=DB. 

j^ CoroiU. 10. In ParabolH, >k focd H ad cujuftibet cos- 

, tingentis T £ niedium punaum G du6la refta H G eit 
ad contingentcin pcrpendicularis. Nam pcm difiert l 
jp^rpendiculari \ pun^o G erea^. 

Prop.III. Theor. IIL 

8, p. In Hyperhlk vel Se&ionihus oppofitisy ^ in EBipJijfi 

.ab utrofftefoco F,H ad qmttois JeStionis punSum T, 
. ubi reSta CTE eandem contingity agoMtur iifUB 
reff4f¥T,Ht; 2)ico yff^u/umFTCzi^HTE. 

Occurrat primo CT E axi in E« Stantibus circulo 

5c rcais C F, D H, ut pifi6s. 

g In HyperboM vel ScSL Opp. ordinat^ad axem te&i 

J TK,perEdttcaturXEYpMallelaTK i.i?. adBA 

perpeodicularis fecans circuhnn in X,Y; Cum fit iproptec 

- iedionem (per Coroi/. i. Prop. i. Pact. 2.) B K : K A : : 

^ E : E A,. conting^ntes circulum in X, Y coibunt fu- 

per circnli diameqro B A (pfer Coroli. i^. Prop. do. p. i. 

. ^ per Prop. t. p. x,) in ponao K,.tinde (jir Prop. j. 

p. 1.) CT:TD::CE:ED. 

5^,. i n Elhpfi, ordinatl ad axem. T K, & produ£t& ad cir- 

palura in X,Y; cum fit BK:K A:: BE:EA, con- 

tingentes circulum in X, Y coitmm in E, Unck (per 

Prap. i. p. z.) eritin Ellipti (uti prius in Hypcrboiaj 

CT: 



CT:TD: :Cl:ED::(ob •fim. triarig.) CF:DH; 
ergo ob sequales aogulos (re&or fdircet) F C T, H D T, 
& proportionalia latera, erunt tiriangula C T ¥,D T H 
CmiLa, Unde Ane. F T C = H T E. 

Si (in EUipfi) ticC T D panHela A B, res per k ma- SnpfU pg. 
nifcaaeft. . hyu^fr,. 

• . 'Prop.IV. Theor.IV." '' 

Si Tarabokm coniingat utcunqt^ CIlG inT^ taffum lo. 

vero T fyfocum H jungat TBy^perT agatur. F T 

4;r/HE paralkk^ moA^. FTC=HTE. • 

. 

Manentjbus quse in Prop. 2. ob K A =r A £,erit T G 
= GE, unde (ob ang. T GH refium) fijmilia & atqua- 
lia erunt triaogula G T Hj H E G ; ergo Ang. H E G, \ 
le. FTC = HTG. 

Aliter, Si Ellipfis, vel Hyperbola (foco.F in infini-8, p, 10. 
turo abeiinte) convertatur in parabolatn^ fiet F T pa- 
rallcla H E ; eftque femper Ang. H T E = F T G 

CmlL 1. Si duae parabolam contingentes B ]^) D E ^^- 
concurrant in Et, connexis D H, H B erit angulus ad . 

focum DHB = 2DEB. Tangentes (earum uni pro- 
du6t4) occnrrant axi in C,IyfiatqQe E^G axi parallela ; 
Ob ang. HD [ = H I D & HB'C=HCB,-erit angulus 
DHL=:2DIH = 2DEG, & LHB = aBCH;=; 
xBEG; UndeDHB = 2DEB. Si pun^a H^ E finc 
ad diverfas partes redse conjungentis tadus D,B; otten* 
detur angulum ad foctim aequalem efle dupio oomple^ 
menti Anguli D E R .' * . 

Coroll. 2. Contingentcs. in extremis B, D redte cu jui^ 1 2.. 
vis B H D per parabol^ fbcum dudse^concurifentes con- 
ftituunt angulum B E D redlum. Nam oitendetur ut 
in priore Coroll. Arig. B H L -f- D H L, r. ^ . 2. Reft. 
==iBED. 

Prop. V. Theor.V. ' 

* /» HfperhoU vel Seffiofiitus oppofitis ^ EUipJi^fi ah 8,9. 
utroqut foco H, F ad qmdvts Seliionis punSlum T 

ducantuT 



AKtmtat r«A«HT, FT ; &a> m El^fifimmmt 
ipjmam HT, FT, m ffyf^rhM emmdeik dffisra^ 

• * 

, o Q Maacniibos qufe iaPrDpj $« Sit caitnmi O, & coa- 
^^* ne£btarOD,veiOC|rjr:^:OD,re^c|aeHDpio- 
da£b occarrac F T produttae ( ii opus ) in S. Propcer 
Ang. HTD= (pcrPrbp.3.) STD, &ang. TDH 
lettooi, ericSTsTH&SDpsDH; cftqaeiaEl- 
lipfi FSisFT+THanHhfpcrhpIaFSsFT-^TH. 

PropterFH &SH bi&aasioO & D,eritOD par- 
allela FS, & FS = 20D= (ob circaluni) Afi. 

QfrcB. i.Siabucrovis fbco Hyperboiae vef SeAOpp. 
fi ve EUipfo» ad cojofltbet conungencis T E lafium T 
ducatur FT, & ^ qencro Se^onis O sMi contiogencem 
ufque agacur O D ipfi F T Darallela ; erit O D ^equalis 
ieniaxi O B, vcl O A. Tocioit eniip in punAuin D, abi 
eo|tcinflen8 T D circulo C D A occurritr 

Cm% 2. Redang. FTxTH squ^k^ \ fig. dvk- 
neiri per T. Nam duilis AG, B I (ut in Prop. i.) cir- 
colos duuoeano I G, qvii per {Catoll 3. Prop. a.) tranfic 
per F, H, pMCopter aag. TDH reauai &DH=:DS, 
iraofibit jetiam pcr S; iEnde7& ob STssTH) erit 
FTxTH=^FTxTS = lTxTG= (perChr«fl:i. 
Prop. 10: p. 2.) I fig. diamdcri per T. 

Scicjium. Focorutti alcero, cx, gr. F, in in^nitum 
roigraace&ieflione in Parabolam mocacd, taro | %. 
diaoKcri per T, quamiefl^og. F T x T H tiuiit magm- 
tudinis infinitae ; evaditque . T H = .| param. diaroetri 
perT, utdrfincepsimonlirftbimns. 
' Mia: SD=DHj & FS=BA. 

' . pjpp VI. Theor. VI. 

13,14. /ifi/em pofith\ In Hf^perhoU velJeSi. opp. ^ EMipfij fi a 
taSu T €YeBa a4 mti*^entem pa^pendicukris T V 
fecet axim in V,'^ ab V demittantur aJVTjUT ifi 
opm froduRai) perpcffiiicujares VX, VY ; Sarrp TX, 
T^e^fibivmccm^^axisjcmipaxamctro^p$0ks. 

Idem 
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Idem erit in Tardbola^Ji ab iujufmoJi pun3o V Jemit- if. 
tantur pcrpendicMhares ^iadriStm T H unieum feSHo- 
nisfocum H fy taSium T cmjungentem^ ad reStam 
TnF per tkEtim duffm ^i pmalk^m. 

Propter aiigQlum C T F = p.T H ^f^er . prop. j. ) 
.& V T ad CT pcrpendk;ulafpm^ «rit aqg. V T Y = 
V TX, & (ob aDgulos a^ X & Y re£bs^ &'GoMiiiun9 
latus TV) erpnt triangula V t X, VTY fiiliilia, & 
xqualia ; undc T X = T Y : Rurfam (ob ang. C T V 
rcamii) eritTV paratick GF^ &iriirogtolft f JV, 
FSH ikiiilia. 

Itcin ( ob anmkiitt T 3? V fJJSum,. & t V II F G ) 
Triaogiik TFG, VTX Mw fcw: UndCv 
FS;SH;:FT:TV & 
TX:JFC::TV:FT,'Doaifquc &Ck 
FS)^Tii::SH^FC::FTxTV:FTxTV^ Hoc 
dl, FSS<T5X= SflxPe:i= (ex h6t4 pfieced.ViDH 
xFC5= (per.Prop. I.; I param. x A-B; fed FS. ((w 
noum praeced.) = A Bt^eigo T X s=r| rpvaetsc: T Y^ 

Iq ParaboU, Ordinat& ad axem T Ii/eri|; . (ilit in :pri- x^ 
ore wurte) triang. V T Y = & fira. V TX = & fim. 
V T L, Undc Y T = T X = L V s== (pfer Pr6p. 14. 
p. j.) i param. . . ; ; 

HocetiaminParaboUvelindeli()Uftyqu6dEllipieo6 13,14. 
veVHyperbohe focoal^foF in infimtubl ^beuntc, & 
fe^tion^ in Parabohm mutai^, fiat TF axilpai^alkla* / 

CmU. in Hyperbotl Vfl'fed^p. & £llipG; dm fit 
obfiai.triang. TY:HD::T.y:TH & - 

J*} : F C : : TV : T F, Ecit duSis &c. x\X^ 

, /[ TYq:»Dx.F^::TVq:THxTF; ' 
Hoc eift, 't V q eft nbiqoe! ad | fijg, diailietri per . T^ in 
coQftantiTatione I quad. parim. axk, a.4 }% axis. 
IdeoqueTV eU ubique:ad iemidiameccuiot/^emidid- 
metro p^r T conjugatftm,' Jn conftaoti, «awwe iftmir 
parametri a^is majoris vel detertmin^ci ad&miaitctfi^ihuic 

conjugjuum; nempe priQritj^fubduplicaii ; .f . ^ 

Prop. 
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Prop. VII. Theor. VII. 

I 

j<5 j , /« HyperMifiue feB. opp. ^ EMipfi^ Ji ex cujiM 

* ' cmtingetttis G T taBi* T freSla W eandetn fietfir 

■ diculms T V fecet kxitn in V, fmais F T, T H,i 

in frieceikHtilnts i 'jDico in HyperMi. five feBM 

VHxVF — VTqi »«»£%fVHxVF+VT« 

= H T X TFc= J /^. ditmetrifer T. 

' ... 

* Duflis AG, BI, .utin prxcedcntibis, &d£unitn| 
GI defcripto ciitalo, idem (per CaroU. \. Pfop. 2.)p(r| 
fbcos:i)t'F tranfibit: PerV&circuU centruin M^n- 
^ VMocobriratcirculofn 0,P; Erk {propteror- 
culum, & aog. VTG-re£lam) in (e^ opp. VOil 
VP+MOqi=VH)('VF+lilOq=MVq=VTj| 

+MTfl = Vtq+TGx:TI+{^^^^UndeVH 

xVF— VTq = TG«TI = | 4- «^»»»- P« '^'' 
(per ar»//l4. Prop. ^) T »v T F. 
In EltipCi M O q— V O X V P= M O q— V Hx VF 

:=Myq=yT q+MT q^yi:q4-.{SJS^}-~GT«TI; 

Unde erit VHx VF + VTq = TGxTIi=Jfig- 
diaiD. = THxTF. 

CoroU. i, tiinc, & per lemma 2.p. i . in fe6t. opp. A Vx 

VB — AHxHB^VTq, in Ellipfi AVxVB- 

AHxHB + VTq=THxTF. 

CarolL z. Cum ut per c«roi/; prop. 6. ' •' ' 

T, T^ f ■ THxTF ' ) 

ii 11 TYq :HDxFC: : TVq :-< in Hyp. V H x V F — T Vqf 

*''^- ^ .!T . diflgliip.VHxVF+TVq3 

^erit comp.. vcl div. HDx FC±TYq :Ty q :: VHx 

VF :;T Vq-. Hoc<ft, H V x VF eft ad T V q in cofr 

ftanti ratione I fig. axis inHyp;+, in Ellipr— <' 

qaad. pavaok axis, ad |qaad; param. axis ; Vel (propter 

coQanianem al|iitudineffl ws. leffliparam.axis) in ratioiv 

lcmiaxis ± ejos leniparaQKtro,ad ipfam femipsirametf uo- 

Prof^ 
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Prop. VIII. Thcor. VIH. 

In mni SiSicne Omtci^ ^ in Sefiiottibus oppofi^it^t^^ 
SiSy Ji perfoctm F agatur rcSfa linea P F L» feSHo- ^^H^P^^fiif^- 
ni, vel fe^imkis oppojitis occmrens in P, L pun* '^^f^, 
ffiSy if$ juibus feBionemy ^ifeffimes oppojitas eon^ 
tmgani PE, L E emcarrentes in E, ^five forte tn* 

. ter fe paraikU ; CHnnexa F E, [vf /, Ji contingen^ 
tes fint pairanehe^ duSfi F E his paralkla^ dico ang^ 
EFP reSfum efe. 

Iflvettco axe C F A, in utfovis ejus extremo [vel u- 
iiico in ParaboU]) A, erigatur ad eundem perpendicu<^ 
laris AD{ie. contingen&^ cui produ£ia (u opu$) L P 
oocuiratin D, vel fic^ paraUefa. 

Sioccurrat. A pun^o D ducatur (perprop. 4'P*^) 
contingens D I N ^ occarret haec axi in N, vel crit ^i 
paraHeUi. 

Tadius A, I juogac «efia AI; iecans LP in M, haec 
prodn^ (per Prop. 7* p. 2.) tranfibic per E, re£taque 
A E in punftis A, M, L £ (per Prop. i. p. 2.) harmo- 
nice dividitur. 

Porro in Hyperbolft, SeElionibus oppoficis, & EDipfi, 
ia altero axis extremo C fit contingens C G, occurrens 
D I N in G, & connefiatiir E 6. 

Si quidem re£la D I G N occurrat axi iq N, (qupd 
icQiper fit, unico cafu in Ellipfi excepca») eadem ^per 
OfrQB^ Propp. p. 2.) harmonic^ dividitur in D, I, G, N; 
9lih bifari^Qi taatjlm dividitur i. pua£lis D| I, G* Eft 
verb pon&um I ntrique redae D I G N, A M 1 E com^ 
mune,& reliquadivifiiDnum punda debttoordine (jqxta 
Lem. p, vel 10. p. 2.) jttogunt re£lae D M, E G, A N, 
[attt (altem eric A N paraUela p I^ unde (per idem 
Lem. p, vel 10.) ttibt DM, EG, AN in unum 
pun£lum coeunt, quod erit necelfarjb pundum F, . 
inquodcea» PL i. e. DM, & AC/.(?. AN priiis 
coibant^ hoc eft, redla B G re£lx E F coincidic ; 

N unde 
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unde angulus EV?,Le. G F D (per Cbroff. x. prop. 
2.) crit reftus. 
ip. In ParaboU, I D N feroper occurrit axi, (& bilea- 
tnr ia D, eftque pun£luita I utrtquo re6lae IDNfiM^ 
commune; unde redbe D M, N A qor utriufque refir 
pud^debito ordine conjungunt, & rcda £H k rii- 
quo pun£lo £ duda paralkla I D N, coibunt (per Ltm. 
xo. pl 2.) in unum idemqtte puniSuu] F, in qfitod (cili- 
cet re^ N A & P L /. ^ . DM prim6 coibaat ; hoc cft| 
coincidit E H ipfi E F ; eftque (ob redtas parallelas) 
ang. E F D /ur, E FP=I D F, qui(per Orcl!. lo. Prop. 
2.) eftredus. 

In Enipfi,&opp. Sea. fi P£,LE fint paraUelae^ 
P L axi coincidit. 

Si PL fit paralleb AD^ erit ad axem ordinata, 
reilacjue E F axi coincidet ; eilque in ucroque caiii pro- 
pofitio per "^(e manifetta. ^ 

CoroL In Hyperbol^ vel jie^ opp. punAorum L, B 
altero ex.gr. P in infinitum abeunte, contingens PE fit 
afymptotos, e vaditquc ipfi L F parallela ; r^bque £ F 
ab bccurfu comingentis LE cum e^dem afymptoto sd 
focum duda erit um ad afymptoton, qukm ad reSam 
L F perpendiculahs. Velconverfim; AbEere£laad 
afymptoton perpendicularis per foc6m cranfibit. 

Prop. IX. Theor. IX. 

m 

/V/* ^^ Hyl>erhoU,SemmihusOtf.^mpfi,fintf^^^ A^, 

r^fJu!^ fy ^xis major vel JetermtwiUus G H ; inftio''{ pfo- 

num 0ff. jf^Q in EJiipJi) fumatur punStmm Q^tfit A B : GH 

: : B H : HC ; (^ kpunHo C erelik ad axem perpemA" 

culari C E^fumatur quoJlibet in SeSlime vel utriuis 

Jeffionum opp* punStum K^ifuo JuffaK E axi par- 

aUela occurrat QliinlS.y^ conneffatm BK; 7}ico 

AB:GH::KB:KE. » 

Produdla K B (fi opus) occurrat denu6 ieitioni, [vd 
feftioni cujus eft iocus B^ fi pun^um K fit ad fe£i:ionein 

oppo- 



oppofitam^ml. PropcerAB:G(l::BH:HC, crit 
aiteriiando & compcmendo in Ellipli/ dividendo in 
Hyperbola & ie6lionibus oppoGcis, 

Erit itaqoe (per {))rop. ?;& 6. p. 2.) re^ CE tHt 
in cuJQS pQ&£lum aliqiiod D coeunt re£lx K D, I D 
fe£lionem vei ieftiooes^ppoficas in pun^is K, I tan- 
gentes; du£lique DB, erit (per prop. pracced.) ang. 
D B K rd^us, & ob angdium D E K pariter reAum, cir- 
colus diametro K D per punfta E, B tranfibit. 

Du6la A K (& fi opus prodo6ia) iecet circulum in F| 
& conne^ntur F E, F B. 

Propter ang. FK D (per prop. 3.) = B K D, erit ar« -^ • 
cns K F c K B, chordaqueK F = KE^ proinde (poT 
prop. y) AFi=:GH. 

Porro (ob re6tas parallelas) erit ahgulus F K E = 
FAB; & (obFK = KB)eritin£inpfi&opp.fea. 
ang. F E K = K F B, in hyperboli vero ang. F E K= 
compl K B F = (ob arcom K F = K B) complemento 
K FB^ />. B F A ; Unde in omnibus tnangula F E K^ 
FBA«&i$iliafunt; nnde 

OroU, In Hyperboll vel fe^. opp. du6la K N a- 22. 
fymptoHxLi M paralleU, occurrente C E in N^erit K N 
^ K & Naito dv^ H L paraUelft C £ occorrente a- 
iymptoto in L^ eric (per Oroff. ; . prop.2.) M L = M B ; 
&.ob'6m.tnaog. ^ 
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Prop. X. Theor. X. 



SU Paniola B]^, cujm focus B (b ^^i^ B H, in quo %l 
fmpMUTi kxtra Je&ionem H C =: H B ; /» punSh G 
mSfd aJ axcm pcrpcndi€uhriC E| fumatm fuoduis 
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M ftBHoHiJimOmm K, ijm tbiffa KB 4«» partMk 
tecuntu CE M E, i^ emmffiM»' BK ; <^ BK 
= KE. 

r 

Du£U contingente M )C G, & drdinaU K O ; oi 
ang. MKL (perpfop. 4.) sGKB sKCB, mt 
GB=BK: Sc(l(perprop.j&. p.i.)GH = HO,OBk 
additif zqualibus HB» CH,erit6B/>. KBsCO 
= (ob recias paralleias) KE. . 
10 az. Aliter, cbnfiderari poteft ut cafus praecedentis; 
' ' nam fi Hyperbola vel Ellipfi^roco A in infinittun mi- 
erante^mutetur ia ParaboIaai| fitAB=GH&BH= 
HC,undcBK = KE. 
9 j« . Cnoff. Cun fit (per prop. 15^. f. 3.) H O quarta p» 
Gccefiiis parametri diaBictri K L lupni parameaotn axii, 
& CH = HB (per prop. 1.) fit quarta jiars panunetri 
axis ; Liquet K B. five K E ss C O acquari qaart« pini 
paramctti diametri K L. 

Ptop. XI. Tbcor. XI. 

^4i ^f' SitTar^ioU yeJ JFfyf>erM^f0CMsB^^perBaJMem 
orJiHaSa BI; JSiMptOfue infe&me vel utrJtvis Jeff. 
* cjpp. pu$$ffd fuow K^tigaSttr %D^ in ParahU axi, 
tn fyperhl^ tvrr^ fiveJeS. ofp^ mtrivis afirfnpM pa- 
ralk/a.acctfrrcus B I ( Jfopus proiiuffse ) i» D, (^ 
couneaatur 9 K iSipuf^um P cMdat isstrafeffiouemp 
7)ico ipfarum BiC, HDfim^lfam^ JSi extra^ oh 
runJem Jiffcrentiam^ ^ptakm ejfc fcm^am-^ 
troaxis. 



. 



Sit refla C E eadem qu2 in pracceden^usi cui 00* 
curramKD (fi opus produda) in E, IL vcrodu^ 
ipfi K D parallela in Lt {^qoc (per Oro/l. 4. prop. a.\ 
B I = Semiparametro axis = (per pneced. vel coroH. 
prop«p.nU .= (obre£topanilkIa8)DEt;;;3KEt 
% p^ vcl KP — - K £> s (per prcc^. vcl CiMBL pfop» 
^)BK*.J^.I^vcligD^8K. 

OroB. 



\ 



/ ■ 



E 



'^ 



\ 



• 



p 



JCJX 




\ 



i 

1 

i 

i 



a; 



I 



KtX 




/ 



/ 



V . 



I 



k 



{ i<5i b 

CbrcB. Si BK fit^dted aiyiapieto pifdUeiiii ertt tri- 
ing. BKDifofceles; &obBK+KD=BI&BK 
=r JC D^ erit BK =: |B I ;=s { ^ztfmxsi axis. 

ScJMmm. Ittfer Pa^abolst ditl«(ecrdl & reftas hy- 

ierbolae[Y6lie6);. opp.} aiymptou> jparallallelasy maxi- 

oa eH (ut paffim oUervare lietm) affiaitas atque 

mlogia; cujus r^ mod6 oflie&fe proprieutes funt 

nf^Qia prae aliis eketn^. 
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P A R S V. 

Ihopofitib I. ProbX I. 

I. Inphm fnims ACD, Jati po/itione reBk kC¥ tr» 
Sametro feSimis conic^ [vcffeff. opp.] jtue in qyp. 
veh feff. opp.fit determinata, cam utrovis^ vel nmco, 
ej$u vcrtice A, (^ Juabus ardinatis D C, G F, adcaU" 
dem in qtuws anpth ACD inclinatis\ 

Veldatk (ut prius) dtametro A C F, cum utrofue ver- 
tice Ay F| ^ unics ordinati CD, ad eandem in m- 
gulo A C D incUnati \ 

yet denijne iSametro A Q cum unovertice A, fy uni- 
ci crdtnati C D^ addiametrum A CJub aufuhk C D 
incSnati, ^ reffi DT pro contingeirte m ejus cx- 
tremo D; 

Hujufmodi feffitmem in fupetficie conici exMberc* 

Oportet autem necpunffa G, D, nec reffam D T, cum 
dato vertice A in direffumjacere. 

j i.TJRodaaisDCGF in B,E, ut fit CB =CD, 
1; E F = F G, Per para^lclas B D, E G tradfeant 
duo plana invicero parallela BC K, E F I, ad plaQum 
ACD q|Uomodolibet inclinata; In quoruoi utrdviii) 
«Ty^igA "tn illo per B Q D, fuper B D^ unqukoi chordl 
* (latuatur circulus B K D L ; ex C txeSfk in eodem pla- 
no^d BD perpendiculari LC K occurrente circulo in 
L, K| per reoas A CF| L C K tranfeat planum iecans 
alterum ex planis parallelis in F I, quae proinde eric 
ad L C K parallela* 

Connezi A K vel A L exgr. A K, haec (produ£b fi 
opus) (ecet F I in I ; deinde in pbmo E F I per pun£U 
E; G, I defcribatur circulus lecans I F in H; connexa 

deni^e 
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denique HL &cct AK (utpote in eodcm plano fi« 
tam) in V. 

Super&iei coilicae^ Vettice V, bafi circulo B K D L 
vcl HEIG, genitae, cum plano ACD interfe£liO| 
viz. EBA BG, eft fefiio propofita. 

Ob roftas B D, E G, & L K, HT paralkksi & ang. 
B C K (cx conftr.) re^m, erunt L K, H I circulo- 
rum diametri. Bife6l^ L K in Nj du^aque V N (& fi 
opus produAS,) bifecabit hzc H I in M,erit(jue V N M 
coni axis utrftvis bafi, vertice V genitL 

Per V N M tranfeat plannm fecans circuli L B K D 
planum in N P, planum vero citculi H E I G ia M O, 
eorumque peripherias in P, O, & connedlantur P V» 
OP. 

Erunt (ob plana parallela) P N, O M parallelxy & 
proptere^ qubd N, M fint circulorum centra, erit N K 
= N P, M I r=: M 0> & ob fim. triaqg. 

VP, PO in direfhim jacent, & fic Aibique ; Una ica(}ue 
eademque eft fuperficies conica five bafi LBK D, f^ve 
H E I G, & vertice V genita. Tranfit ver6 per pun^la 
G,D,A,B,E, bifccataue ACF rcftas BD, EG, in 
C, F, unde (per Corol/. 10. prop. lo. p. i.) eft harpm 
diameter; ideoque ie£lio GDABE efi: feftio pro« 
pofita. 

2. Si detur unica ordinau CD cumutroque vcrtict hl 
A,F: Faaa CB = CD, dufloque circulo LBKD, 
& rcdS L C K, ut in priore cafii ; In pUno pcr A C F, 
L C K connexa L F occurrat connexx A K in V, crit^ 
que fupcrficici conicae vertice V, bafi L B K D, geni- 
tap, cum plano A C D intcrfeftio, viz. F B A D kdio 
propofita. ^ 

TranCt cnim pcr punfla B, A, D,F; Si vero pla- 
num fecundJiin rc£bm V K fiip^rficicm contingat;, ie- 
cans planum circuli in K Q, planum vero ie^ionis in 
A R, erit ang. C K Q redus. adcoque K Q parallela 
C D, qua? (per lcmma i. p. r / cfl parallcla A R ; tangic 

ver6 
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T«rd A.R (cAione^ ia A, biioc^taae. A C wcEkm BB 
10 C> ' uode (per cordff: 1 1. prop.io.) efi re^ B C D a& 
^e.huic parallelarumr.diaaieter ; idedigiie FBAD 

i^o pfopofita. , ^ 

' i/Siy dato uQotantum vertice A^ deti^ }ii|ica ordi* 
ntu D-Q cum r^ft^ P T pro contin^^Qte ia icjos ez- 
tremo^ OuAo circulo LBKD & red^ LCK> ist 
pri^ cir(:ul\ial coatin|;at D X ia I>; Per D T & D X 
tranfeat bhtQum .iec^ps plaaun] per A C» L Q K in 
rca& XT (nid fortc fuerit pUnum TDX phm 
ACK parallelum ) eui oQcurrat connexa A K m V ; 
Brit fujperfi^iei con jcafe vertice Y^ bafi L B K D» genit», 
e4inpiano aCD interie^lioy viz. BAD| fkStio pio- 

Traofit enim.per 6| A^D; Etquoniama coanexft 
VD/planum VpX tangit fupdrnciem, re^ DT 
(qu9? iell in plahp contingemc ) tapget fi^ioacm: 
Qubd verb reoa A C i^t ordimtatB C D^atoue hiiic pa* 
n&eUmm, diimcjEfr^ patet ut ia pi^e caHi. 
i^ i^ Si in I"* vel i^'csi({i datus ww vertex A, M^^^ 
^* duobu$ ajtcruter A, inHnit^diftet, (aon exiflente la i"^ 
cooncxi G D; in ^^' ttSiSi D T parallcia A C) hoc cft, 
fi reli^uis dati^y cxhibenda fit ie^tio quas fit P^raboU; 
DuAi U;&% AK paralleU ACF, mm^t reliqua con- 
ftniftio : Erit ver6 (ob AK piarallclam AC} plaauoi 
fedliohis plano fecundi^m VAKTuperficiem tangenti 
paralleluro;» ideoqqe ie^io eric Parabola. In oeter^ 
dempnftratiQ haud eric diverfa. 

Si punflum V infinit^ diftet, hoc efi:, fi re&e HI^ 
A K in primo cafu, F L^ A K in iecondoi vel in tertio 
K A, TX, parallel^ Gnt, fit fuperficies cylindrica, qux 
eft fupierficies conipa cujus venex iiUfiuiti^ djQat : fed 
mutatft planorum ad invicem inclinatione, manente cir; 
culo ; vel afiumptp ipajoris minorifve diametri circolc^ 
manente planorum inclinatione, vertex V ad diftai^ 
tiam finitam accedet Idem intellige fi in tertio cafu 
planum T D X fit planp A C K pvrallclum* 
Si pixoStai G^ D m primo cafu, vd refta D T in ter^ 

tio« 
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tio^ & datus vertex A in direftQm jacere ihtelligan- 
tar^ Coincident punSia A, V, & loco fe^lionis conicae 
prodibunt dox re6lae, /• e. kikio per verticem. « 

Si limul datus vertex A infinitfe diftet^ & velcon» 
iiexa G D in primo cafu, vel re£b D T in tertio, fit 
dsLtx diametro paralkla^ abetinte coni verticq^in infi- 
nitum, Parabola, in duas re£tas diametro pafalldas^ & 
abe^dem utrin^ue aegualiter diftantes abibit. 

Otoil Ciim m guovi$ hujus propofitionis cafu, tam i^ 2j 
circulus L B K IX modb reflta B D eidem inftrfbl poflit, 3, ^. 
qu^in plani ejulaem circuli ad planum ACDincli- 
niitio pro libitu afliimatur ; His quomodolibec varia- 
tisy orieotur fuperficies conicae numero infinitaci qua- 
mm qu^vis propofito fatisfacit. , 

Prop. II. Pfobl. il. 

jDad t in pkno Juabus reffh 'non paralteh A G, A C, ^. 
pro Hyperh^ [vel fe&. opp.] afymptotis^ fy extnt 
eafjem punSto B fer quodfeliio tranfeat^ Hujufmoii 
feSmem in Juperfkie conica exhibere. 

Per B duAll G B C datas reOas iii G, C lecante» 
ia&4que C D = B G^ fuper B D tanquam chordd fta- 
tuatiir cujiifvis magnitudinis Circulus B E F D, in pla- 
no lcilicet ad planum AG C quomodolibet inditiato t 
Ex punftis G, G circulum contingant, QE; C'F 5 jutt* 
dliifque ta^ibus E, F , erit E F paraDela *^G C : ^ Nam 
( ob ' G B =D C, & propter circuliim yGH^G 8.==^ 
G^ q = C D xCB = C Fq, /. <?.CF = G E ; unde, 
fi G E, C F parallela? fint , erit E F paralfela G C; fin 
concurrant in I, erit (eb circ.) etiam E 1=. F J, unde 
itertifn erit E F parallela G C 

Per EF igitiir traiifeat planum plano A GC paral- 
lelum, fecans plana per A C, C F & A G, G E jn reiais 
F V, E y : Si venicc V, bafi circulo BE F D, gene- 
retur cbnica fuperficres , erit cjus interfcdlio cuni 
planoOAC, vJz. BHD, fcflio propofita. 

O Nam 



Nam, ciira fe6lio fiat k pfand G A C piano ^ vcr- 
ticem EVF fivperficicni ftcantc parallclo, crit Hyper- 
bola [vcl fedl. opp.] TrailGt ctiam pcr B; Tanguiit 
vcro plaiia V F C, V E G fUperficicm conicam ; proin- 
dcquc erunt A G, A C ( pcf jirop. 13. p. i. y iicAioms 
afymptoti. 

j, CoroJI, Prd varil circuli B E F D roagnitudinc, plani 
cjufdeni circuli ad pianum G AC inclinatio)ie , vcl 

' ^ ' redlac B C ppfitione» oricntur fuperficics conicac nu* 
mero infinitae, quarum guaevis propofito fatisfacit. 

Prop.III. ProbI.IIL 

<f, 7, 8. 2>atis in plano quinque pmStis P, Q, H, ^ T, {wcfum 

unum^ vel duo qu^evts^ fecundum Jatas Jireffiones a 

re/ifuis infinite diftare pojfunt^ per qua feStimem 

. >. ccnmvs ]velfeSi. opp^ tranfire opwtet \ Hujufmodi 

•" \ feSdonem in Juperjicie conici exhibere. 

^ Oportet (litem ex datis puntlis nutta tria in dire&um 

jacere ; Nec {jjuod idem ejfet) punffum aliquod fe^ 

cundum reSa duo aTta conjungentis direStiinem^in' 

Jinite di^arc. , 

* r • 

Connexis ex.ffr. QP, R P, t^u*tdu£l:is fecundura da- 
itam diredtionem parallelis,] agadtur his refpeftiv^ pa- 
rallel?! T X, T Y, quibus ConriexaE. QSf R S, [ aut du- 
iXx iecand^tri datam diredtionem ad inviccm parailela?/ 
occurrant ^viX^^ refpe«9;ive ; JuhdlAquc R Q, fecantc 
T X in '5t; fiat T ;r : T X : : t / : T Y, { fupit)C6 t ad 
eafden? pfrks punili T refpeSu^, ad quas jacet X:;rc- 
ipe^lu x^) &'conne£l:atur R Y. . ' '' 

Per Qducatiir Q^K ipfi R Y parallela, fecafls TX 
in K, fiar9ucTA':T^:: TlK^TI, (fumptb I ad 
cafdem partes punfti T relpeftu^, ad quas jacetK rc- 
ipe(5lu x\) ^ conneftatur R I occurrens Q K in V. , 

BifeSa Qy in M, connearaquc R M, peftSgatur 
T O ipfis R Y, Q V parallela, occurrcns R M irt ; 
Si diametro R M, vertice JR, ordinatis QJVf, T O, 

fiat 
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^ jn ruperficle conid ( juxu prop. i. ) feSio conic? 
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l^vel fedl, ppp.] erit eadem feilio quacfij^. 

Nam reaa R Y (per qoyoU. 8. prop/20. p.i.) feftio- 
nem in R contingit ; Suntque (per conflr. ) praeter ta- 
Aum R punda T & Q ad fe6tionem, adeoqife ( ob 
Q^M = M V.) pundlum V ; Unde, propteir T x\ T^ : : 
T X : T Y : : T K : T I, feftio (per cor^i . prop. 35. p. i.) 
tranfibit per P ; & proptcr T X : T Y yel T K : T I : : ' - 
T X :T/ (per cjufdem prop. coroll 2.) tranfit per S ; 
aut faltem erunt Q P| R P, vel Q S, R S fe6lionis afyra- 
ptoto vel parabolx . dian^etris parallela?« 

Incidejite pundlo V in (i, diametro R Q, verticibu^ ^''ppi^fiii 
R,Q, ordinata ex Tparalleia RY,-..exhibenda: cfj:"/"^ 
lc6lio, per prop. i. cafl 2. & Q V fedionem contingei. 
Si fort^* reaa R M tranfit per T, Diametro R T, 
verticibus R, T, oxdinat4 QM, exhibenda efl fc£lio. 

Si ordinata per T tranfit per S vel Q, Dudi per R 
rcdi bifccante ST, vel QT, h^c fiimpid.pro diamc^ 
tro, dimidii S T vel QT pro ordinat^, vertice R, & 
ali4 ordinat^ P^r Q vel B, exhibenda efL fedlip. Hau4 
abfimilis efl cafus,fi ordinata ex T vel (3 tranfit per P. 
Si coincidant purida Q, S, hoc cfl:, h detur re£la 
QS pro contingente in Q^ coincidem re6ls SR^^ 
QXR, redaque Qx ie. Q,S \pcx coroR i, prpp.3jr. 
p. I.) continget fe^ionqm,^ qiio^ oportuit. Idem eric 
de puridis Q, P, per ejufdem prop. corol/» 4- * 

Sin coincidcnubus Q, S velQ, P, ordinata per T 
tranfit per Q, Vertice R, brdinata diraidii Q T, dia- 
metro redS per R bifecantc QT, & contingeate Q^S 
vcL Q^P, exhibehda eft feftio, per prop. i. caf 3. 

Si P vel S ipfi R cpincjdat, hoc clt, fi dctur. RP 
vel RS pro contingente, coincidet R Y ipfi RP yel 
vcl R S, propter T X infinitam, vel aequalem T x 

Inomnibushiscafib^simanec reliqua, tamconflru- 
£lio,qu^m demonfiratio ; aliquando etiam utraque eva- 
4it fimplicior. _ ... . • j u 

Ctim hxc Gonftru6lio manifeflfe requiratj.qutid (ra« ' ' 
tione munerum qux fiiig^Iis pundlis auignavimus) prae- , 
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ter P vel S nullum infinite difiet, qu6dque nec P ipfi S, 
nec (X.vp^ ^y ^^ T^ ^U^ cnivis coincidat ; ut in cafuf 
ubi dantur (pro quinque pundis) dux tc&x qnx in da* 
tis punAis contingant cum infinit^ diftante pundo, di- 
xcSth locum non nabeat ; Nihilominus ad hunc qixotpc 
cafum extendi poteft. Nam fi tangentes Q^P» R S coa- 

^ currant in A ; per A dndk rcGtk A B, iecundiiai irS^ 
nhh diftantis pundi Tdirc£tionem| (ecante udus con- 
jungentem in B^ bife£l4que A B in / ; duarum contin- 
gentium & punfti / ope exhibebitur fedio, cujus 
afymptoto, vel diametris (fi parabola fuerir^) erit A B 
[vel PT] parallela: fecus enim propter prop. r. p«2. 
non bifecaretur A B k fe£lione in /, quod, fi paralleb 
£t, omnino fiet per ejufdem prop. coro/l 4. vel ejuf- 

IQ^ dem partis prop.2« Sin contingentes parallelz lint; 
Erit m^dium puqfinin tadus conjun|;entis B leflion^s 
centrum^ per quod fecundiiai infinit^ diftantis punHi 
dire£lionem du£l& red^ B C f^cante unam ex tangenti- 
bus in C) erit hsec una ex afymptotis, &£Uque P E = 
P Cy erit connexa B E altera ; redique cafus in illum 
prop. ^accedentis. 

Si pro d Aobus punftis detur ire6la qux in dato pundo 
contingar, oportet ut non per ahud ex datis pun6tis 
tranfeat,. nec fit re&is fecundum quarum dire^onem 
, ahquod ex datis punitis infinite diftat parallela. Nam 
pti re<aa iri tribus pupili? kdioni non occurrit, ita 
ccntingcns (eftiouem ei non ampbiis occurrit,ncc poteft 
efle ilytoptoto hyperbolac vel parabolas diametns pa- 
rallela. • 

. Corol/. Hihc, & ex coroll prop. r. fequitur Inveniri 
pofle fupcrflcics^ conicas numero iiifinius quarum qua^- 
Vis proppfitb faiisfecit* 

V 

■ Prop.lV. Probl.IV. 

II, IX ^^^ ^«/^ fti^vh fumfue pmlia P, Q, R, S, T [yw- 

rum unumy veJ duo tnfinit)f Jjflare pojkint^ feSlionem 

-§ufpie reiu conicam vel jeli, opp: in ptano defcrihere. Oportef 



Mutem borum nulla tria tn direffumjacere^ hec t^u 
guoJ fecunJum Juo alia conjungentis direHionem in^ 
jSnite JiBare. 

Junais exgr, P Q, P R & S Q, S R, [ vel duais fe- 
cundum datas dire&iones parallelis fi P vel S infinice 
diftet,)agantur ipfis Pp, P R refpeaivfe parallelaB T X, 
T Y, rcais QS, R S in X, Y occurrentes, in quibus 
fumantur punda x^ y vel fimul ad eafdem, vel fimul 
ad contrarias pun£li T partes, ad quas jacent X, Y, ' ut 
fit T X : T Y : : T AT : T/, & conne6lantur Q;r, R/ 
fcfc in / interftcantes , vel forte inter fe parallelae ; 
£rit pundlnm / ad fe£lionem, vcl faltcm erunt Qx^ 
R^hyperbolae [ vel fe£l. opp. ] afymptoto, vel para- 
bolx diametris parallel». Atque hoc modo innumeipa 
punfta invejiiri pofliint, 

Qubd fcftio conica [vel feS. opp.] per pun£bi P, Q, 
R, S,T omnino tranfire poffit, liquet pcr prop.prseced. 
Et qu6d unica, per corqll. y. prop. 3$'. p. i ; Ad quam 
(per ejufdem prop. coro/lz.) erit pundium /J vel faltcm* 
erunt Qx, R/ afymptoto hyperbolx, vel parabolae dia- 
metris parallelae. 

Si, pro duobus pundis, detur pofitione re£la quae in 13. 
dato ejus punfto contingat, (quam pcr aliud quodvis/^wtfWu* 
ex datis punftis non tranfire oportet, ) Concipe punfta^;^^*'* 
Q, P vel Q, S in dato illo punfto coirc, & k dati illl 
Tt&Si conjungi ; Et fi duas dentur ejufmodi rc£tae, con* 
cipe pun£tura R & refiduum ex pun£lis P, S coinci- 
dere, & k fecundi tedii conjungi : Et non erit con- 
flru£Ho vel demonflratio diverfa. 

Si vei^o fimul cum duabus contingentibus detdr pun* 
Aum infinite diflans, invento novo ( finite diftante ) 
pun£l:o, ut in fimili cafu prop. prxccd. Se6lio h&c me« 
thodo defcribi potcfl ; Si vero contingentes parallclas 
fint, invemis (quemadmodum ibi oflendimus) afym- 
ptotis, defcribaur pcr prop. fequentem. 

CoroS. I. Hinc & ex prop. 35-. p. i. cum coroll. y. 
liquct, EoTundem quinquc pun^orum^ mcunque vioes 

permu« 
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permutantiaiD , ope^ eandein letpper (e£lioii(fn [vd 
kSt. opp.] defcribi. 

CcroU. 1. Et fi pauciora dentur /edlionis pun&^ ita 
tamen ut fimul cum aliis datis indd determiaari poflim 
tot alia ejus punfla^ ut iinc in univerfum quinqaeydu- 
nietrorupi parabolas five afymptoti hyperbolae ^irera>- 
pc pro uno puncio asilimatl, re6l& vero quae in ia^ 
ejuidem pundo contingat pro duobusj} Se^io Mc me* 
ihodo delcribi poteft. 
Esceropli gratilL. . 

Si dentur centrum, & tria tantum pun6la ie^ionis, 
vel duo cuo) contingei^te in eorum altero, dantur coti- 
dem ex alteri parte centri per prop. 22. & coroS.8. 
prop. 2a*p.x« 

Similiter datis tribus pundlis^ vel duobus & contm- 
gente in eorum altero^ datlque pofitione redSk pro 
diametro cum angulo quera ad eandem faciant ordf- 
nata&i dantur, totidem ad ahefas partes diametri per 
prop. 20. p..i. Et ii in hoc cafu dentur tria tantum 
pundta, quorum unum in ipiam diametrum incidit, 
dabitur contipgens in hoc pundo per cgtoIL 8, prop. 

20.p. I. 

Si detur magnitudine redta pro diametiro traafvers^, 
proindeque duo extrema ejus pundla pro yerticibus, & 
unum praeterea pun6lum per quod ieaio tranfeat^ cum 
angulo ordioatarum; dabuutur duae contingeates in 
yerticjbtis per ccroll S.prop. 20. p. i. . 
. Si, pp ElIipG, detur uanveria diameter un^ cum fe- 
cundi, diametro huic conjugat^ ad eandem in dato au< 
gulo inchQat^, idem eit cafus cum praecedenti* . Pro hy- 
perbolS vero [vel ie£Lopp.].dati tra,nrversa diametroi 
atque.iegund^huic conJugat4 fub dato angulo, aci ean- 
dem ijQflinatay. (]u£l£que pro contingente.huic.ari^uali 
& paralM4 per utrumyis ektremum tranfverfaeVpun- 
£tutp> quse; ibidem bifecet^ry Re£lx conjq^^nte^ cen- 
tru'm& extrema contingentis pun^^ efunt.afymptotiy 
per def/^a^ prop 23. p.; i ; ,quarum. ope, ;.&'aWutrius 
p)^l9fiim exitremqruip diatn^tri traniverfae» .cbmmo- 
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diiHs deferibetur ft£lio pcrtttdpbfStidneta-ftq^ 

Si pro Hyperbolll [ vel (eo;. 6pp.] aut Ellipfi) detur 
tranfverfa diatoeter ejufque paramet^er^ cum angulo or- 
dinatarum, Idem elc cafus cuioi praecedenti ; nam ex 
his datis innotefcit iecunda diameter huic conjugata 
pcr prop. ^4. p. !• ^ ' ' . % 

Pfo Parabolft, datis^ tribus t^ntdiki pud^is cum: dia* 
metrorum diredtione,: du6t^(]ue fecundum hanc dire** 
dlionem re£l4 quae conjungentem duo' quaevis ex datis 
pun^is birecet, & per relidunm pun£):um du^^ con- 
]ungenti paralleU/ Dabitiir aliiid pun£lum ek cobtrarii 
parte diametri. 

Si cum^direflione diamettbrnn} parabolae dentur duo 
pun6la, & reda pro contiugente in eorum altero y Du- 
&^ per coma£tiis pundlum diametro^ erit cafus fimilit 
pivscedenti. 

Datis ver6 re<3& pro pgLtkholx diameiro & pun&o 
^n eodem pro vertice, cum angulo ordinatarum, ^dia'* 
metri parametro ; Dudti ptt datum pundum red^ fub 
aiigulo dato pro contingente, du(5l&que utcunque huic 
paralleU diametirum fecante pro ordinatd: Ex abfcifla 
& parametro innotefcit (ex prop. ^f. p. i.) tongitudo 
ordinata^, adeoque duo alia pun^a fe£lionis. 

Sitt pro paraboM dentur duo pun£la in quibus datae 
duae re&x (non parallelae) fei5lionem contihgaot ; Per 
contingentium occurfum & medium puniftum cc^jan- 

Sentisl data pun6ta du6l& Ttdky innotefcit diametroruiB 
ireftio per prop. 20, p. 1. cju^ue caroM. 3. 
Redeuntque adeb hi omiies cafus in hujus prop. ca- 
fnm generalem ; Atque alios fiiniliter cafus e5 rcducere 
licebit. 

ScboJium. Hujus methodi fcdliones coriicas defcri- 14. 
bendi facillima eflatque expeditiffima praxis. Iri reftis/'"f»«'^»' 
T X, T Y fumptis T I,T r particulis in raticftit TX'"^"^* 
ad T y, notatifque ex utriqui punflii T parte i;!!,!!! ' 
&c. 1, 2, 3 &c. ad defignanduth T I,T i femel, bis, 
ter &c. fumptas, & per corrfefpondentia panda ( joxta 
legem ptius polStam) du£lis Qly R i ; Q II^ RajQ^III, 



R] &c lA ^s s^y^ &c coDcurrentibas^ enuit hax to6 
dem paoda &ftiQni9 dcfcribeiMlx. 

CXlid ad re^rom TX» T Y pun£U magis longinqm 
deventum fuerit (juiini praxi convenit , aut reftaruo 
QJ) R I in^erf^dlio m^^ obliqua evaferit qo^m ut£- 
tis ii^ratd liotari poffit, utrique incommodo mehi 
licety punAorum ^un6 datorum loco, alia & comofi- 
diora es: jam inventis adHibendo. 

Innotefcet autem, (fi opus fuerit,) nondum deicripti 
ieAion^ cujits generis lutura fic. Nam fi juxta corojtd* 
prop. 3f . p- 1« ^ tria pun^ta ducantur totidem tangeo* 
tes, (punclis in hanc rem vices permiitantibusy) earam 
ope duK diametri (per prop.ao. p:i.) inveniri poflunf; 
Quae-fi ad eaidem partea cnjufvis taStus conjungeQoa 
concurrant ad quas ipf« tangentes, Erit ieflio tlypei- 
bola [five fe^iones opa] Qpod etiam erit^ fi duo p- 
mul dentur pan£la innnite.diftantia. Si diametri con- 
curraat ad contrarias partes tadliis conjungentis ad quas 
ipfie tangentes, Erit fe£lio EUipfis; quse eti^m (pro 
pundlorum fitu ) forte circuli circumferentia evadat 
Sin paralklae .fuerint didmetri, erit fe&io Paraboib. 
£t notj^ndum eil:, quod, fi detur una contingeds cum 
tribus pun^i:s> duas tantum noyas contingentes ducere 
opus.fucrit;: Sin dentqr di^ae , contingentes cum uao 
pun^f&^ priuiquam tqrtia diicatur, inveniendum erit 
(per in^gtaQdum praecedentem) novum pundum fe6lio- 
nis, ad quod vel tertia illa . (pntmgen; ducatur^ vel 
quftcum prius pun&um vices permutet ; Secus deeric 
puniSiim 4^<)d pun^i ^ in ./%. coroff. i. prop. 35.^.1* 
(i. e^ pwfti T in Jig. hujus proa). munere fungamri 
quod ab aliis omnibus diverfum euie necefie eft. 

Si :dentur d^ias contingentes parallelx cum uno puii- 

*6b, Erit k&iq Hyperbola [vel fe£l opp.] aut Ellipfc, 

prout pun^um iUua extra, intrave, parallelas jacuerit. 

Methodiis, hasc ad cafus, ubi dantur redlae quaeia 
pun^is infiiiii^ difiantibus contingant^ hoc efi; ubi 
dantujr tria pun6la cum uni afymptoto, vel unum cum 
utr^que, non extenditur; propter duo faltem j>un^ ie- 

cundam 



cvtidiitfi e&niemdir^fotiete infiniti dift^^t&^ pr6iad^- 
que coiricidere ceii(eadif,iquar, nfe^X,Y (opilni vel utrunj- 
que ) in infinittw abcant, diverii cflfe bporfet. ttii 
ver6 dati5,faciUimiconf^kQf probl^dsr^'t)^ Pf^pc^)^i<^ 
iiem fegaentcm* 
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Prop.V. ProW. V. ' 

SDatis Ityl>erhohe [vetfef^. opp.} utrlbtie afytnptoto A H, i f. 
G H, (^ ^;r/r4 eaU^m uno punffo B ,/j^r juodfcSUo 
irmfeat\ vel d^fa ma ttj^mpttfo cuntmhus pa^i^ls 
Bi D, F, ita utnee ofn/nia hi^ i« difefthnjmdnt^ 
nec ionjunjgens Juo afiquajh dai^ahfnptotoparaU 
le/a: Seffionem Jefcribere. * *f^ /* v"- 

I. SS detnr utraqoe a(yii>ptot<>$ tttrnrtitio pun£ld B^ 
Pcr B diK^anttrr nKunqueqbotlibet red^ 
unt afympcoidn in A, G &t: alteri tcl^y% &c. rtfte* 
aiipfe' occBrrentes^ fiantq«e^F,E D^c. iplS^ A B,CB 
&e rerpefttv^ Kquaies, Cirthit puhda F, D &e. ^d^fe^ 
aionemi . . . - -' • " ' ^^' '' ■"['"' " 

Nam fi aiymptotis AH^^ 6H, per puoStim 6 fiac 
(per pfop* 2«) fayperbol^t [ vel fe^. opp.} 1ia?c ^ linel fi^ 
ddcriptl (propter coroS: i. prop. i^* p. l./^oon eritdr» 

Ycrife '•; - ' • \/ ■ 

2,. Sn;nna tantum tletur afymptotbs A H, cum tri- tfi 
a piinaij B,D,F , ]wti6tx BD, BP dccurram .daitae 
afymptoto ifi A, C;> fiidlifquc DE=±:CB,FG=r aB 
conne£iatur E G, oc^urret hxc ncceflario re^ A C 
alicubi in H ; nafn fi effet ei paraHelaj ob A B =i F G 
£t CB =^ DEj e(fet cfMihexa D F paralleia A C Contra 
h]|toothefin : SiKDprft itaqoe E G pro aheit a(ymptoto> 
cafus hrc in priorem redibm 

Si ex dacfs tribus punfKs duoiroincidant, hoc efh fi 
detur unuim puaftum <^m rcStSi qux in dato piindo 
contingat quae non fit datae afymptoto parallela, Con« 
cipe duo^pundlacoincidere & ^dat^ reS^ conjungi| & 
^Don erit Gdus diverfiis« 

P Si 
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if Siex tribm punftis onam in&iki difie(| hoc eft, fi 
4no untilai ^cntur pun^bj ex; gr. B> D^ cumal^ius 
afymptoti dicediqne (quae cum datse afymptoti direOici- 
ne npn fif eadcm) Conocxft B D occorrente datx arym- 
ptoto in C^ fa£)lque t) E = C B, per E fecundum da- 
lam dircftionem ducatur £G; Hftcpro alterft a(ym- 
ptoto aflumptft, confit itcrum ptoblcma pcr cafiioi i. 

, ;Prop.Vt ProblVI. 

, • fm9$ato vel fMJore Ettipfcos^ reffa A Bj cnm mrojtie 
*^* \,foco ¥,G,Mi Jil^¥=GBi Seamem, veijeff. 

opp. Jefcrihae. ^^ 

• 
- In F (^ ( pfodu^ft pvp hyperbo|& vel {e£l. opp.) fii- 
mator utconquepuo^uniC; centra utrovia foco F vel 
(^i ii^tervallo ^f^C^ rorfus centrp rcQduQ foco Q vel F, ^ 
iotervallo CB| deuxi^Qtur^ircus drculares fcfe intetr 
iecantc^ in l>\ |lrit ponAoi^ D ad ie^^ioiicm: Eo* 
deoiqae modb, novorom ponAorom C ope» innomen 
cjofonodi pup^ ]) invenirr poiTunt. 

Junais F D, GD, Ob D G =;5 AC vcl BC, F D =: 
IC vel A C pit pro Hypcrb. F D — D G vcl D G — 

D, pro EUipfi FD-f DG, = AB: Si igitortranf- 
yen4 diaoietro AB, & lccondA hoic conjanti itt 
jrampti ut ejus qt|f dratuq xqu9le fit re£langaIo AG 
^G\Sf^ angulo ordinaurum rpflo, juxta corptt. i- 
prop^ 4. fieri intelligatur fpSio [ vcl fe^.6pp.] cuiG D 
ex.pr. ( fi ppu3 produ^ ) oc^urrat in i/, & conneiSUtor 
l^d; erunt (per prop. 7. p. 4.) Foci F, G; &; (pet 
prop. j-, p. 4) in hyperb. vej icd. opp. V J^dG vel 
&G^^F^=AB=:FD-bG vcl DG-^FD; 
jq EUipS F^+^G=AB=i:FD -fDG; quodficri 
poq pot^^l i^ifi cqqicidant p, 4/; & fic ubique. 
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Prop. VII. ProW.. Vll. 

. . ■ • i . 

T^atis Tatahhe axe A F, vcrikc A, ^ foco F ; Sfffi-^ ^g 

^cm Jefcribere. * 

. • - ^ . • ' * ,• • 

In F A) oltra A produd;^, foAiatur A B = A\F. & 
dacatur B E ad A B perpendicularis ; fnmptoque in A F> 
ulcra A, punfto C, centro C intervallo F C defcriptus 
accus iec^c B B in E,* deinde centris E, F, eodem itMt'- 
vallo defirdpti arcos feie interiecem in D; Erlt pim« 
8tvm Dadfedionw: Eodeioque modo innumera ejos 
pQl»^ inveniri poffunt; 

Eft enim quadrilaterttm FCED ( per conQ:ro6l. ) 
arojailaterum^ ad^oq; pairallelogrammum> unde E D pa- 
raUela AP, &;FD = DE: Sijkm diamctrb BAF, 
Vercjce A, paramefro = 4 A F)\ angulo ordinatarum 
re^, fi^i imelligator ( juxt^ coro^» 2. prop. ^Jpara- 
bok^ aiq»6 lloic (fi oposprodu^) occorrat E D itn/f & 
coniieAartir ¥dy erk ( per prop. %. p. 4.) Fpcos F, ^ 
( per prvipi iq. p.4. ) ED = F 1/ ; connexftque E F» 
eront ob commune latus E F & communem aogultm) 
F E p, tfiaqgula ifoioelia F D K F #/E inyicem.squa- 
lia, hoc ^ coincident D^i/; Et fic ubique. 

Prop. Vni. ProW. VilL 

2?4//^ duahm re&is F N, F A Jife k$ fmSfo F, interfe- ip. 
eantibm^ ^ in earnm alteraaUq punSto A ; ffypp'-, 
hiam \yelfeiiio»es(^pqfitas\ defcr^ere^ cujusjms 
i^erSt F, re&a F N axis^ re&a F A afympotp fOr 
raUefa^ fy p»n&um\k adfe&iomm ; Oportetaut^ 
Hta9^ksii¥fiinoi$fitre(lfU. j , ,_ 

4 

In refta F A, ultra A, fumatur A B = F A, & ex 
B demittatur in F N perpendicplaris B N ; In F A, ex 
otr^ivis parte pun^ P^ iumpto poii£lo C, ita tamen 
ut fit C F major perpendicolari ^ C in redlam B N de- 

P 2, mifia 



tniiUl, Centro C^ jntervaUo C F, defcrihacar arcas cir^ 
culifeca0$BNm£|riirfiis€eiicrisB,f eodem intn- 
vallo delcripti arcus lele interfecent in D ; Erit pm- 
Aiin D acl uHi^ikm} fidditM]'tto mddD ^nocMiet e^ 
modi pundla inveniri poflunt 

Dua& A L parallela F N iecante N B in L. dividt- 
tiirr^FiaK4iifilPAvAL::;FK:Kl>^ pmilfr 
aimidPNfii». . ^ ' 

produailaWFt fiai lOsQKFniBocb-F, G, an 
tranfverio I K, < jtimir ppop. 6.) firac ^eB^eots oppo- 
fim, 4|Qlinim um ooctiirM r A itnw^ - & dadttut -tf ^ pa- 
rallela F K fecans N B in /. Pmj^tcrj proport i^ tm 

:^;,FK::EN;:f*^^t^'^^^ KI:: (ncr 

prop: % p. 4.)«F 4 rn A: : ( pdRtef 'FA : A< L^ G^ici* 
ddnt; baq; poD^U A^/i^: Namii ;dioatiir P # cn FtAr(cite 
)^ t^/F A ultra h, Avprodti^ ocnarit in B^jortt /» -s 
L; A i;otlcr|k i]a^<b ^porinii^ Scyft^t vers^ ; iilide pan^ 
£[iitt A'^t ad ftAiokin. Riiiful per pit){^:: :i-d- 
ieifna!ftl<|:,^dividisndo. i ^. ^ 

• :«4^--Fi6vi.p:^.,^;i£^rt~KNv,^^ 

IF r *.*: ^ •; tc jfi IH T-^Nj 

crit itaq; (ptopter C0rpll.i. prop. i. p. 2.) pun6lum N 
illud in qupd ooeuttt -«afigtncefr ni.<^xc«emis ordinatae 
ad diametrum K F per F dudae ; quae ordinata (cikin 
K^ as^sfii j €fkp9nmi^^li;^vlpo&M^ 
dii^l^s; feriiq$ a^eo"^ F aiyittptoio pSQsiUefei ; feeus 
eiiimvjcJccurrei^et ftj^iMi^ fei^ ^S^^ ^^' l^^is, 
& {^ j»6pter prop. 3» p^ '^y non'^ cfldt * A is il<B een- 
tritquknfieri^^piraeeeiotumeft. *Q^mop\wi&iMD 
litad fe&ionem> eodilli^iBod&llqu^ quo {ptctp* jxrx* 
ced J in paraboll 
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